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Power Reserve Control of PV Grid-Tied Inverter
With Transient Stability Constraint
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Abstract—To support the grid frequency, the power reserve con-
trol is adopted in the photovoltaic (PV) system without the energy
storage. As an important part of the PV system, the influence of
the dc-link voltage dynamics is ignored in the grid-tied inverter
so that the PV source and grid-tied inverter cooperative control is
rarely designed to enhance the transient stability. In this article,
the dc-link voltage dynamics are taken into consideration for the
transient stability analysis of the grid-following (GFL) control and
the grid-forming (GFM) control. It is found that the dc-link voltage
dynamics deteriorate the transient stability of the GFL inverter
and the GFM inverter. By analogy with the mass-spring-damper
system, the enhanced controls are proposed with the equivalent
elasticity for the GFL inverter and the GFM inverter. To support the
grid frequency and enhance the transient stability, the frequency
deviation feedback and equivalent elasticity cooperative control is
proposed to regulate the active power of the PV source. Simulation
tests are performed on a 10 kW grid-tied PV system and experi-
mental tests are performed on a 1500 W grid-tied PV system, where
the effectiveness of enhanced controls is verified.

Index Terms—Frequency support, grid-following control, grid-
forming control, power reserve control, transient stability.

NOMENCLATURE

List of Abbreviations
PV Photovoltaic.
GFL Grid-following.
GFM Grid-forming.
PLL Phase-locked loop.
RES Renewable energy source.
LOS Loss of synchronization.
EAC Equal area criterion.
SGs Synchronous generators.
VSG Virtual synchronous generator.
PCC Point of common coupling.
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List of Symbols
P Active power.
α Power reserved factor.
Vdc Dc-link voltage.
Vg Grid voltage.
Lg Grid inductance.
Cdc Dc-link capacitor.
ωPLL Frequency of PLL.
ωVSG Frequency of VSG.
It Output current of grid-tied inverter.
Vt PCC voltage.
θg Phase angle of Vg.
θPLL Phase angle of PLL.
θVSG Phase angle of VSG.
δ1 Angle difference between θPLL and θg.
δ2 Angle difference between θVSG and θg.
kppv Proportional gain of dc-link voltage loop for GFL.
kpiv Integral gain of dc-link voltage loop for GFL.
kp Proportional gain of PLL.
ki Integral gain of PLL.
kpv Proportional gain of dc-link voltage loop for GFM.
kiv Integral gain of dc-link voltage loop for GFM.
J Virtual inertia.
Dp Virtual damping.
kQ Reactive power droop coefficient.
ke1 Equivalent elastic coefficient of GFL.
kw1 Frequency feedback coefficient of GFL.
ke2 Equivalent elastic coefficient of GFM.
kw2 Frequency feedback coefficient of GFM.

List of Subscripts
d, q Index on the dq-frame.
0 Rated value

I. INTRODUCTION

R ECENTLY, the RES penetration increases fast in the
power grid. Traditional power grid is turning to be the

power electronics dominated power system. Massive voltage
source inverters are adopted to connect the PV source or the
wind power to the power grid. And the RES should support the
grid voltage and the frequency under grid disturbances.

Usually, the PV source operates at the maximum power point
to achieve higher efficiency. However, it makes the PV source
unavailable for grid supporting. Installing the energy storage can
provide extra power to support the grid frequency, but it increases

https://orcid.org/0000-0002-5691-4042
https://orcid.org/0000-0002-0139-9178
https://orcid.org/0009-0000-8833-6534
https://orcid.org/0000-0002-7286-812X
https://orcid.org/0000-0001-6492-573X
https://orcid.org/0009-0004-9750-4068
https://orcid.org/0000-0002-1102-891X
https://orcid.org/0000-0003-3913-9504
mailto:meng.huang@whu.edu.cn
mailto:21610036@zju.edu.cn
mailto:21610036@zju.edu.cn
https://doi.org/10.1109/TPEL.2025.3560995


LING et al.: POWER RESERVE CONTROL OF PV GRID-TIED INVERTER WITH TRANSIENT STABILITY CONSTRAINT 13475

the system cost and complexity. Another widely adopted method
is to use the power reserve control in such applications [1], [2],
without modifying any hardware on the existing installed PV
inverters. With the power reserve control, the PV source operates
at a certain power level lower than the maximum power point.
The extra power can be provided to support the power grid.

Existing power reserve controls are proposed to improve the
performance of the PV grid-tied system [3], [4]. The partial
shading conditions are considered to design the new control and
estimate the maximum available power to support the grid [5],
[6]. However, these methods are focusing on the control of power
level and neglecting the stability issues during the transient
disturbances. At present, the GFL control is widely used in the
PV system due to its simple control. However, the GFL inverter
would lose stability under the weak grid [7]. To adapt to the
weak grid and support the grid voltage, the GFM inverter is
applied in the RES system [8]. Both of the GFL inverter and the
GFM inverter are threatened by disturbances like grid voltage
drops [9]. In 2017, the current injection is ceased when the
grid voltage is lower than 0.9 per unit. It causes a large-scale
PV source tripping event in southern California [10]. In 2021,
the grid voltage drop causes the large phase angle deviation of
the PLL, the inverters issue a fault code and shut down, which
results a large-scale PV source tripping event in Odessa [11]. The
events are partially caused by the LOS between the PV source
and the power grid [12], [13]. Therefore, the transient stability
constraint should be considered when performing the power
regulation in such controls. To analyze the transient stability of
the grid-tied inverter, the phase portrait is introduced in [14] and
[15]. To reveal the mechanism of transient instability, the EAC
is applied due to the similarity between SGs and the PLL [16].
There is a risk of the negative damping which deteriorates the
transient stability [17]. To evaluate the influence of the varying
damping, an iterative EAC is proposed for transient stability
analysis in [18] and an energy function is applied to analyze the
influence of the damping in [19]. The time-domain expression
of the PLL is derived with the averaging method in [20], and
the stability criterion is proposed and the influences of control
parameters and grid impedance are analyzed. However, in these
stability studies, the dc-link dynamics are neglected and the input
power of grid-tied inverter is simplified as a constant. This is not
practical in the power reserve control since the active power of
the PV source can be regulated at different levels under various
grid conditions.

Actually, the power reserve control provides a possibility
of stability enhancement during the transient, besides its grid
supporting capability. Traditionally, to improve the transient sta-
bility, enhancement methods are proposed for the control loops
of grid-tied inverter. An enhanced PLL based on the additional
damping is adopted in [21]. Similarly, an additional damping
is designed through feeding back the frequency deviation of the
PLL in [22]. High-pass filters are added to avoid the steady-state
offset of the frequency deviation and can provide extra damping
under different grid voltage drops. Since the integral gain of
the PLL is negative for the damping, the integral regulator is
removed once the grid fault occurs [23]. To improve the transient
stability and the phase-tracking accuracy, the integral regulator

is frozen when the rate-of-change-of-frequency of the PLL is
larger than a value [24]. The frequency deviation between the
PLL and the VSG is fed back to increase the damping in [25].
The transient stability of the GFM inverter is improved by
using adaptive inertia and damping control [26]. To regulate the
active power reference of the RES, the inertia synchronization
control is proposed in [27]. In above studies, the transient
stability is designed well, but the dc-link dynamics are rarely
considered.

To improve the stability of power reserve control and enhance
the transient performance of the PV grid-tied inverter, the power
reserve control with transient stability constraint is proposed
in this article. The influence of the dc-link dynamics on the
transient stability is taken into consideration with the EAC
method. The enhanced controls of the GFL inverter and the GFM
inverter are proposed to improve the transient stability. The rest
of this article is organized as follows. The PV grid-tied system is
described and the models of the GFL control and the GFM con-
trol are built in Section II. The influences of the reactive power
and the dc-link dynamics on the transient stability are analyzed
in Section III. The frequency deviation feedback and equivalent
elasticity cooperative controls are proposed to enhance power
reserve control in Section IV. Simulations and experiments are
displayed in Section V to verify the effectiveness of the enhanced
controls. Finally, Section VI concludes this article.

II. SYSTEM DESCRIPTION AND MODELING

A. System Description

The structures of the GFL inverter and the GFM inverter are
shown in Fig. 1. The PV grid-tied system outputs a constant
power with the power reserve control. The dc–dc part is a
boost converter. The power control is applied to calculate the
duty cycle. The power reference is P0, which is lower than the
maximum power Pmax. P0 is in the range of [0, Pmax]. ΔP is
the reserved power, which can support the grid frequency. Vdc is
controlled by the dc-link voltage loop in the grid side inverter. Lf

is the filter inductance and Cf is the filter capacitor. Idref and Iqref
separately denote the active current reference and the reactive
current reference. Vdc0 is the rated dc-link voltage. The system
main parameters are listed in Table I.

To remain stable, the operation point is allocated at the right-
hand side of maximum power point [28]. The reserved power is

ΔP = αPmax =
α

1− α
P0. (1)

B. Grid-Following Control

As shown in Fig. 1(a), the active current reference Idref is
given by the dc-link voltage loop. During the normal operation,
the reactive current reference Iqref is set to zero. To provide the
ability of the low-voltage ride-through, according to Chinese
standard [29], Iqref is set to −K(0.9 − Vtabc)I0 when Vtabc is
lower than 0.9 p.u. Vtabc is the per unit value of the PCC voltage
and I0 is the rated active current. K is the proportional coefficient
of the reactive current.
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Fig. 1. System structure diagram of PV grid-tied system. (a) Grid-following control. (b) Grid-forming control.

TABLE I
SYSTEM MAIN PARAMETERS

Since the response of the inner current loop is faster than the
PLL, it can ignore the dynamics of the inner current loop [30].
In the dq frame, the PCC voltage can be expressed as follows:{

Vtd = Vg cos(θg − θPLL)− ItqωPLLLg

Vtq = Vg sin(θg − θPLL) + ItdωPLLLg.
(2)

The angle difference between θPLL and θg is defined as δ1.
Based on the structure of the PLL, the expression of δ1 is [17]

δ1 = θPLL − θg =
1

s

(
kp +

ki
s

)
(ItdωPLLLg − Vg sin δ1) (3)

where s is the differential operator.
As the current loop responds fast, it can be regarded that

Itd = Idref. However, Idref is depended on the dc-link voltage
loop. During the fault, the change of dc-link voltage brings the
active current dynamics. Applying the differentiator on δ at both
sides of (3) yields

δ̈1 = (kps+ ki)(ItdωPLLLg)− (kps+ ki)(Vg sin δ1). (4)

By considering the active current dynamics, the model of the
GFL control can be built as⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

δ̇1 = ωPLL − ω0

(1− kpItdLg)︸ ︷︷ ︸
JPLL

δ̈1 = ω0Lg(kpsItd + kiItd)︸ ︷︷ ︸
PPLLref

− kiVg sin δ1︸ ︷︷ ︸
PPLLe

− (kpVg cos δ1 − kpLgsItd − kiLgItd)︸ ︷︷ ︸
DPLL

δ̇1

CdcVdc0V̇dc = Pin − P

Itd = (Vdc − Vdc0)(kppv +
kpiv

s )
(5)
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Fig. 2. Relationship between voltage and current.

where JPLL is the equivalent inertia. DPLL is the equiva-
lent damping coefficient. PPLLref is the equivalent mechanical
power. PPLLe is the equivalent electromagnetic power. Pin is the
input active power provided by the PV source.

According to (5), when the active current dynamics are not
considered, the dynamics of the PLL are the same as discussed
in [17]. However, the dc-link voltage dynamics would change
the active current and may misjudge the transient stability.
JPLL, PPLLref, and DPLL are all affected by the active current
dynamics. The influence of the dc-link voltage dynamics can be
analyzed with (5).

C. Grid-Forming Control

As shown in Fig. 1(b), to apply the VSG in the RES, the VSG
is cascaded with the dc-link voltage loop, which gives the active
power reference Pref [8].

The angle difference between θVSG and θg is defined as δ2.
Considering the dc-link voltage loop and the VSG, the model of
the GFM control can be established as⎧⎪⎪⎨

⎪⎪⎩
δ̇2 = ωVSG − ω0

Jδ̈2 = Pref − P −Dpδ̇2
CdcVdc0V̇dc = Pin − P

Pref = Vdc0(Vdc − Vdc0)(kpv +
kiv

s ).

(6)

According to (6), the dc-link voltage dynamics only change
the active power reference. The virtual inertia and the virtual
damping are not affected and they can keep in the constants.
The influence of the dc-link voltage dynamics can be analyzed
with (6).

III. POWER TRANSMISSION AND TRANSIENT STABILITY

ANALYSIS

A. Influence of Reactive Power

The reactive power impacts the active power. The relationship
between the PCC voltage Vt, the grid impedance voltage ItXg,
and the grid voltage Vg can be described as

V t + jItXg = V g (7)

where Xg = ω0Lg is the grid reactance.
Fig. 2 shows the relationship among Vt, ItXg, and Vg. For

the GFL control, both Itq = 0 and Itq � 0 would occur since
the reactive current is given by Iqref,. For the GFM control, Itq
is not zero because it needs the reactive power to support Vt.
Obviously, when Itq = 0, Vt, ItXg, and Vg can compose a right

Fig. 3. Influence of reactive current on active power of GFL control.

triangle, and the direction of Vt and ItXg are perpendicular to
each other.

When Itq = 0, the relationship between the PCC voltage and
the grid voltage can be expressed as

Vt = Vg cos δ1. (8)

According to the circuit of the Fig. 1(a), the active power
transmission can be calculated as

P =
3VtVg

2Xg
sin δ1 =

3V 2
g

4Xg
sin(2δ1). (9)

Obviously, the maximum active power transmission is
3Vg

2/(4Xg) when δ1 is equal to π/4 instead of π/2. To maintain
stability, δ1 must smaller than π/4.

When Itq � 0, Vt, ItXg, and Vg cannot compose a right
triangle. In the steady state, the q-axis voltage of Vt is zero
and ωPLL = ω0. According to (2), the PCC voltage is

Vt = Vtd = Vg cos δ1 − ItqXg. (10)

To support the PCC voltage, the reactive current is negative.
Based on (10), the active power transmission can be calculated
as

P =
3VtVg

2Xg
sin δ1 =

3V 2
g

4Xg
sin(2δ1)− 3VgItq

2
sin δ1. (11)

The reactive power transmission can be calculated as

Q =
3(V 2

t − VtVg cos δ1)

2Xg
= 1.5(I2tqXg − VgItq cos δ1). (12)

The active power transmission is limited due to the equipment
capacity. The limited active power is

Plim =
√

S2
max −Q2 (13)

where Smax is the maximum capacity of the grid-tied inverter.
Based on (11)–(13), the curve of P and Plim can be obtained, as

displayed in Fig. 3. The solid line is the curve of P and the dotted
line is the curve of Plim. The maximum power transmission is
small and its corresponding power angle is equal to π/4 when
the reactive current is zero. The maximum power transmission
and its corresponding power angle increase with the rising of
reactive current. When δ1 is small, Vt is much larger than Vg

with the influence of the reactive current and the reactive power
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Fig. 4. Droop curve of reactive power and voltage.

is large. According to (12), the reactive power would reduce
with the increasing of δ1. Hence, Plim is increased. Obviously,
there is no intersection point between P and Plim when Itq >
−10 A. It means that the power transmission is limited by the
grid inductance. However, there are intersection points between
P and Plim when Itq <−20 A. The power transmission is limited
by the capacity of the GFL inverter. As displayed in Fig. 3, to
output more active power, the reactive current is suitable in the
range of −10 A to −20 A. In this way, the GFL inverter can
output more active power and is not affected by its capacity.

Since the reactive current of the GFM inverter is not zero. Vt,
ItXg, and Vg cannot compose a right triangle. Due to the reactive
power control, its control law is

Vt = V0 + kQ(Qref −Q). (14)

Based on (14), Fig. 4 depicts the Q-V droop characteristics
with various kQ. As can be seen, Vt is smoother with a smaller
kQ which needs more reactive power. It means that a smaller kQ
can support voltage better. However, the active power and the re-
active power are coupled, the power transmission characteristic
can be described as{

P =
3VtVg

2Xg
sin δ2

Q =
3(V 2

t −VtVg cos δ2)
2Xg

.
(15)

Based on (14) and (15), the PCC voltage amplitude can be
calculated as

Vt =

√(
Xg

3kQ
− Vg cos δ2

2

)2

+
2Xg(V0 + kQQref)

3kQ

−
(

Xg

3kQ
− Vg cos δ2

2

)
. (16)

It can be seen that Vt is affected by Qref and kQ. Hence,
the active power is influenced by Qref and kQ through Vt.
Substituting (16) into (15), the active power transmission is

P =
3Vg

2Xg

⎡
⎣
√(

Xg

3kQ
− Vg cos δ2

2

)2

+
2Xg(V0 + kQQref)

3kQ

Fig. 5. Influence of kQ on active power of GFM control.

−
(

Xg

3kQ
− Vg cos δ2

2

)⎤
⎦ sin δ2. (17)

The active power transmission is limited due to the equipment
capacity. Based on (15)–(17), the limited active power is

Plim =
√

S2
max −Q2. (18)

Based on (17) and (18), the active power transmission char-
acteristic can be obtained with various kQ. As shown in Fig. 5,
the solid line is the curve of P and the dotted line is the curve of
Plim. The maximum power transmission and its corresponding
power angle decrease with the increasing of kQ. According to
(6) and (17), while kQ is large, it may result in a small P and there
is a risk of no equilibrium point. Hence, a large kQ endangers
the transient stability of the GFM inverter. A small kQ is helpful
to increase the maximum power transmission, but a small kQ
would result a large reactive power to support the PCC voltage
and it is easy to trigger the current saturation. According to (16),
when δ2 = 0, Vt = Vg and the reactive power is 0. Vt becomes
small and the reactive power becomes large with the increasing
of δ2, which results in the reduction of Plim. As displayed in
Fig. 5, to output more active power, kQ is suitable in the range
of 1/100 – 1/50. In this way, the GFM inverter can output more
active power and is not affected by its capacity.

Compared with Figs. 3 and 5, it can be obtained that the GFL
inverter is more prone to be constrained by its capacity and
cannot output the active power. Since the reactive current of the
GFL inverter is directly given, its initial voltage and reactive
power are very large, and the active power of the GFL inverter
is directly embedded, which results in the failure of the GFL
inverter to output active power. The voltage of the GFM inverter
is more stable, its initial reactive power is small. When δ2 is
small, the active power of the GFM inverter is not constrained
by its capacity, and it can output active power even if kQ is small.

B. Transient Stability Analysis of Grid-Following Control

Based on (11), the output active power would reduce as
the gird voltage drops, which leads to the increment of the
dc-link voltage. According to (5), when the output active power
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Fig. 6. Influence of kppv on equivalent power curve of GFL control when Vg

drops from 1 to 0.48 p.u. Under the influence of the dc-link dynamics, PPLLref

cannot keep in a constant. PPLLref becomes to the gray line with kppv = 2 and
becomes to the red line with kppv = 8.

decreases, the active current would increase to

Itd =
Pin − P

CdcVdc0s

(
kppv +

kpiv
s

)
. (19)

When the active power of the GFL inverter decreases, it
increases the change rate of the active current and the increment
of the active current increase. According to (5), PPLLref would
increase and DPLL would decrease. As the change rate of the
active current increases fast and the active current increases a
lot, the equivalent mechanical power would increase and the
equivalent damping would be negative, which deteriorate the
transient stability. To ensure the positive equivalent damping,
δ1 is supposed to lie within the range of [δmin, δmax]. δmin and
δmax can be calculated by solving DPLL = 0.

According to (5), the equivalent power curve of the GFL
inverter is obtained based on the numerical method. As shown
in Fig. 6, under the influence of the dc-link voltage dynamics,
PPLLref cannot keep in a constant, it becomes to the gray line or
the red line, the acceleration area increases and the maximum
deceleration area decreases. The dc-link voltage responses fast
when kppv increases and it results in the rapid increasing of
the active current. When kppv is increased from 2 to 8, the
acceleration area increases by (S3 − S4) and the maximum
deceleration area decreases by S5. Reducing Cdc can also make
the response of the dc-link voltage fast, which results in a
larger acceleration area and a smaller maximum deceleration
area. Therefore, increasing kppv and reducing Cdc endanger the
transient stability.

When the grid voltage drops to 0.48 p.u., the phase portrait
under different Cdc and kppv is shown in Fig. 7. When kppv is
increased, the dc-link voltage responds fast and results in the
increasing of PPLLref and ωPLL, and finally the GFL inverter
loses stability. A small Cdc can also speed up the response of the
dc-link voltage, and eventually results in the transient instability.
As displayed in Fig. 7, δmax cannot exceedπ/2, which is affected
by DPLL. Therefore, the dc-link voltage dynamics are harmful to
the transient stability of the GFL inverter. A fast response of the
dc-link voltage would increase the risk of transient instability.

Fig. 7. Phase portrait of GFL control with various Cdc and kppv.

Fig. 8. Influence of kpv on power curve of GFM control when Vg drops from
1 to 0.35 p.u. Under the influence of the dc-link dynamics, Pref cannot keep in
a constant. Pref becomes to the gray line with kpv = 0.03 and becomes to the
red line with kpv = 0.1.

C. Transient Stability Analysis of Grid-Forming Control

Based on (17), the output active power would reduce as the
gird voltage drops, which leads to the increment of the dc-link
voltage. When the active power decreases, the active power
reference of the VSG would increase. According to (6), the active
power reference can be described as

Pref =
Pin − P

Cdcs

(
kpv +

kiv
s

)
. (20)

Different from the GFL control, only Pref is affected by the
dc-link voltage dynamics, Dp can keep in a constant. When the
active power decreases, the active power reference of the VSG
would increase, and the increment of Pref is related to the speed
of the response of the dc-link voltage.

According to (6), the power curve of the GFM inverter is
shown in Fig. 8 based on the numerical method. Under the
influence of the dc-link voltage dynamics, Pref becomes to the
gray line or the red line, the acceleration area increases and the
maximum deceleration area decreases. When kpv is increased
from 0.03 to 0.1, the dc-link voltage responses become faster.
The acceleration area increases from (S1 + S2) to (S1 + S2 + S3)
and the maximum deceleration area decreases from (S4 + S5)
to S5. Since the response of the dc-link voltage is fast with a
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Fig. 9. Phase portrait of GFM control with various Cdc and kpv.

Fig. 10. Mass-spring-damper system.

small Cdc and it leads to a larger acceleration area and a smaller
maximum deceleration area. Hence, increasing kpv and reducing
Cdc endanger the transient stability.

When the grid voltage drops to 0.35 p.u., the phase portrait
with various Cdc and kpv is shown in Fig. 9. With the increasing
of kpv, the dc-link voltage responds fast, which introduces the
increasing of Pref. Based on (6), ωVSG would increase as Pref

rises. When the dc-link voltage responds fast, the acceleration
area increases and ωVSG can move further and eventually result
in the transient instability. It shows that the dc-link voltage
dynamics are harmful to the transient stability of the GFM
inverter. It is the same as the GFL inverter, a fast response of
the dc-link voltage increases the risk of transient instability.
Different from the GFL inverter, δ2 can still recover the stability
while it exceeds π/2 since Dp is always positive. Thus, the GFM
inverter can maintain the stability with a more severe grid voltage
drop.

IV. ENHANCEMENT FOR TRANSIENT STABILITY

A. Basic Principle

The mass-spring-damper system is constituted of a spring
and a damper, as shown in Fig. 10. The spring and the damper
are parallel. The mass point moves under the elastic force, the
damping force and the forcing force. When the mass point is
subjected to an external force, the spring would provide a force
which the direction is always opposite to the external force. The
damper can be regarded as a piston hydraulic cylinder system.
When the relative movement exists between the piston and the
hydraulic cylinder, the active side is always subjected to the
damping force of the other side. For the linear damper, the
magnitude of the damping force is proportional to the relative

Fig. 11. Enhancement for GFL control.

speed of the movement of the damper. The kinetic equation of
the mass point satisfies{

ẋ = v
mẍ = F − kx− μẋ

(21)

where m is the mass of the mass point, k is the elastic coefficient
of the spring,μ represents the damping coefficient of the damper,
F denotes the forcing force, x is the displacement of the mass
point relative to its initial position, and v is the velocity of the
mass point.

The mass point is stable in the initial position when F is zero.
However, the mass point would leave the initial position once F
is not equal to zero. When the spring produces the elastic force
equal to the forcing force, the mass-spring-damper system can
keep stable. The system can always restore the stability under
the elastic force.

B. Enhancement for Grid-Following Control

Based on (5), (PPLLref − PPLLe) can be regarded as the
equivalent forcing force. Obviously, there is no equivalent elastic
force. To introduce the equivalent elastic force for the GFL
control,ΔωPLL is fed back and then goes through the integrator,
as shown in Fig. 11. Based on the structure of Fig. 11, the
characteristic of the enhanced PLL can be described as⎧⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎩

δ̇1 = ωPLL − ω0

(1−kpItdLg)︸ ︷︷ ︸
JPLL

δ̈1=ω0Lg(kpsItd+kiItd)︸ ︷︷ ︸
PPLLref

−kiVg sin δ1︸ ︷︷ ︸
PPLLe

−kike1δ1︸ ︷︷ ︸
Pe

− (kpVg cos δ1+kpke1−kpLgsItd−kiLgItd)︸ ︷︷ ︸
DPLL

δ̇1

(22)

where Pe is the equivalent elastic force.
It should note that the equivalent elastic force introduces the

steady-state error. Hence, the equivalent elastic force is removed
when the GFL inverter operates in the normal condition. The
enhanced GFL control is the same as the traditional GFL control
at Flag = 1. The equivalent elastic force is introduced at Flag
= 2. The value of Flag is determined by Vt, and the voltage
threshold Vth is set to 0.9 p.u. according to the grid code. When
Vt > Vth, Flag is set to 1. When Vt ≤ Vth, Flag is set to 2.

Since the active current reference is given by the dc-link
voltage loop, even if the equivalent elastic force is added into
the PLL, the active power would be unbalanced at the input
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Fig. 12. Design process of ke1.

and output of the dc-link capacitor. The active current reference
would increase when active power decreases. Consequently, the
equivalent elastic power Pe1 is added into the power reserve
control to regulate the active power of the PV source, as shown
in Fig. 11.

When the GFL control operates steadily, the input of the
enhanced PLL is(

Itd − ke1δ1
Xg

)
Xg − Vg sin δ1 = 0. (23)

Compared with the traditional PLL, the active current should
be corrected as

I∗dref = Itd − ke1δ1
Xg

. (24)

Hence, the equivalent elastic current is as

ΔItd =
ke1δ1
Xg

. (25)

The equivalent elastic power caused by the equivalent elastic
current is

Pe1 = 1.5VtdΔItd =
1.5Vtdke1δ1

Xg
. (26)

Based on (26), the equivalent elastic power is large and it
causes the small output active power of the PV source when ke1
is large. To output more active power, a suitable ke1 should be
designed. Based on (22), ke1 can be designed as follows:{

ω0Lg(kpsItd + kiItd)− kiVg sin δ1 − kike1δ1 = 0
DPLL = kpVg cos δ1 + kpke1 − kpLgsItd − kiLgItd > 0

(27)

δ1 is changed with various ke1 and the equivalent damping
would be negative when ke1 is small and δ1 is large. It should
redesign ke1 to ensure the active power balance and the positive
equivalent damping. Hence, the appropriate ke1 is designed by
iterative calculation. The design process is shown in Fig. 12.
First, inputting ke1 and calculating δ1 and ke1 based on (22).

Then, determining whether DPLL is positive. If DPLL is negative,
ke1 should be increased and recalculating DPLL. If DPLL is
positive, ke1 is designed and can be output.

To support the grid frequency, the frequency deviation feed-
back is introduced into the power reserve control. When the
grid frequency falls, the output active power of the PV source
increases by Pw1

Pw1 = kw1ΔωPLL. (28)

The PV source should continuously operate when the fre-
quency is in the range of 48.5 to 50.5 Hz. And the increment
amplitude of the active power ΔPt should satisfy the Chinese
standard [29]

ΔPt = Kf
Δω

ω0
P0 (29)

where Kf is the active power frequency control coefficient and
it is in the range of 10 to 50.

To satisfy the rule, Pw1 = ΔPt. Thus, kw1 is designed based
on (28) and (29)

kw1 =
KfP0

ω0
. (30)

Based on the standard of [29], the reserved power can be
designed as

ΔP = ΔPt = Kf
Δω

ω0
P0. (31)

According to (1) and (28), the power reserved factor is de-
signed as

α =
KfΔω

KfΔω + ω0
. (32)

The grid short circuit ratio (SCR) is defined as [31]

SCR =
S

P0
=

3V 2
g

2P0Xg
(33)

where S is the short-circuit capacity and P0 is the active power
injection of the RESs.

For the GFL control, when the inverter normally operates, Itq
is zero. The rated active power is equal to the steady-state value
of active power. According to (9), the rated active power can be
calculated as

P0 =
3V 2

g

4Xg
sin(2δ10) ≤

3V 2
g

4Xg
. (34)

Based on (33) and (34), the grid SCR1 of the GFL control
should satisfy

SCR1 =
3V 2

g

2P0Xg
≥ 2. (35)

C. Enhancement for Grid-Forming Control

Based on (6), (Pref − P) can be regarded as the equivalent
forcing force. Compared to the mass-spring-damper system, the
GFM control lacks the elastic force. When the grid voltage drops
severely, (Pref − P) may be not equal to zero and causes the
insufficient deceleration area. δ2 would increase and cannot keep
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Fig. 13. Enhancement for GFM control.

stable. Finally, the GFM inverter loses stability. To enhance the
transient stability, the equivalent elastic force is introduced in the
VSG. ΔωVSG is fed back and then goes through the integrator,
as shown in Fig. 13. To support the grid frequency, the frequency
deviation feedback is introduced into the power reserve control.
When the grid frequency falls, the output active power of the PV
source increases by Pw2. Based on the structure of Fig. 13, the
characteristic of the enhanced VSG can be described as⎧⎨

⎩
δ̇2 = ωVSG − ω0

Jδ̈2 = Pref − P − ke2δ2︸ ︷︷ ︸
Pe2

− kw2δ̇2︸ ︷︷ ︸
Pw2

−Dpδ̇2 (36)

where Pe2 is the equivalent elastic force.
It is the same as the enhanced GFL control, the equivalent

elastic force introduces the steady-state error. Hence, the equiv-
alent elastic force is introduced at Flag = 2. The enhanced GFM
control is the same as the traditional GFM control at Flag = 1.
When Vt > Vth, Flag is set to 1. When Vt ≤ Vth, Flag is set
to 2.

Since the active power reference is provided by the dc-link
voltage loop, even if Pe2 and Pw2 are added into the VSG, the
active power would be unbalanced at the input and output of the
dc-link capacitor. And Pref would increase when the grid active
power decreases. To avoid the increasing of Pref, Pe2, and Pw2

are added into the power reserve control to regulate the output
active power of the PV source, as shown in Fig. 13. Based on
(36), the frequency deviation feedback can increase the virtual
damping of the VSG. To support the grid frequency, kw2 can be
designed based on [29].

The transient stability can be enhanced and the active power
can output as much as possible by designing a suitable ke2.
Although a large ke2 is beneficial to the transient stability, it
makes the small δ2 and decreases the output active power. To
output more active power, ke2 cannot be designed too large.
However, when ke2 is small, there is still a risk of insufficient
deceleration area and it may trigger the current saturation. To
avoid triggering the current saturation and output more active
power, it is necessary to consider the change of the current under
different δ2. The current amplitude can be calculated as

It =
|Vt∠δ2 − Vg|

Xg
. (37)

According to (16) and (37), it obtains the current amplitude
with different grid voltage drops, as shown in Fig. 14. When

Fig. 14. Current amplitude with different grid voltage dip.

the grid voltage drop is large, the current has a slight change
with various δ2. When the grid voltage drop is small, the current
changes significantly with various δ2. To avoid triggering the
current saturation, ke2 is designed at the operating point, which
easily exceeds the current saturation. When Vt is lower than
0.9 p.u., the equivalent elastic force added into the VSG. The
maximum δ2 is designed as δ2s which is the power angle when
the current saturation is triggered. ke2 can be obtained as

ke2 =
P0 − P |δ2=δ2s

δ2s
. (38)

According to (16), kQ affects the active power of the VSG,
it is necessary to consider the influence of kQ and recalculate
ke2. Based on this, the appropriate kQ and ke2 are designed by
iterative calculation. The design process is shown in Fig. 15.
First, based on (16) and (37), calculating the current with various
grid voltage drops and determining whether It is smaller than
the current saturation value Imax. Then, determining whether δ2s
is smaller than before. If δ2s is smaller than before, increasing
kQ and recalculating δ2s. If δ2s starts increasing, calculating ke2.
Finally, outputting kQ and ke2.

According to Fig. 5, the active power transmission is affected
by kQ. The rated active power is equal to the steady-state value
of active power. Based (15), the relationship between the rated
active power and the maximum active power is

P0 =
3VtVg

2Xg
sin δ20 ≤ Pmax. (39)

Based on (33) and (39), the grid SCR2 of the GFM control
should satisfy

SCR2 =
3V 2

g

2P0Xg
≥ 3V 2

g

2PmaxXg
. (40)

V. VERIFICATION

The simulation and experiment are implemented to verify the
theoretical analysis and the enhanced control.

A. Simulation Results of Grid-Following Control

The simulation results are conducted based on MATLAB/
Simulink. The parameters of the system are given as Table I.
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Fig. 15. Design process of kQ and ke2.

Fig. 16. Results of GFL inverter with grid voltage drop.

The grid voltage drops to 0.48 p.u. and its duration is 0.1 s.
Fig. 16 shows the results of the GFL inverter. Under the grid
voltage drop, the GFL inverter can recover the stability and it
takes around 1 s to recover stability and its grid current THD is
1.37%. It meets the requirement in [32].

The same grid voltage drop is carried out while kppv is
increased and Cdc is decreased. Compared to kppv = 2, the
response of the dc-link voltage becomes faster with kppv = 10.
It results in a larger acceleration area and a smaller maximum
deceleration area. Compared to Fig. 16, a large kppv leads to the
transient instability of the GFL inverter, as shown in Fig. 17. A
small Cdc can also make a fast response of the dc-link voltage.
Fig. 18 shows the results of the GFL inverter with Cdc = 2 mF.
Obviously, the GFL inverter loses stability with a small Cdc.
Figs. 17 and 18 verify the transient stability analysis of a fast
response of the dc-link voltage.

Fig. 17. Results of GFL inverter with kppv increased.

Fig. 18. Results of GFL inverter with Cdc decreased.

Fig. 19. Results of GFL inverter with enhanced control.

Fig. 19 displays the results of the GFL inverter with the
enhanced control. ke1 is designed as 610 and kw1 is designed
as 636. The grid voltage drops to 0.48 p.u. and its duration is
0.1 s. Cdc is set to 2 mF. Fig. 19 shows that the overshoot of
grid current is 18%, the THD of the grid current is 1.37% and
the GFL inverter with the enhanced control can recover stability
within 0.4 s. The frequency deviation feedback and equivalent
elasticity cooperative control can regulate the active power of
the PV source, it improves the transient stability of the GFL
inverter. It proves the effectiveness of the enhanced control.

To show the benefits of the enhanced control in this article, it
compares with the control in [22]. The existing proposed control
method diagram is shown in Fig. 20. This control can enhance
the damping, but it still loses stability when the grid voltage drop
is severe. When the grid voltage drops to 0.1 p.u., the proposed
control in [22] triggers the current saturation and cannot keep
stable, as shown in Fig. 21. The THD of the grid current is 1689%
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Fig. 20. Existing proposed control in [22].

Fig. 21. Results of GFL inverter with active damping-based control [22].

Fig. 22. Results of GFL inverter with enhanced control.

Fig. 23. Responses of GFL inverter with grid frequency fall.

after the fault, which does not meet the standard. After applying
the enhanced control, the overshoot of grid current is 26%, the
THD of the grid current is 1.37%, and the system can return to
stability within 0.15 s, as shown in Fig. 22. To perform the grid
frequency support capability, the grid frequency falls to 49.5 Hz
at 1 s, the active power response is shown in Fig. 23. Obviously,
the active power of the enhanced control in this article increases
by 2 kW to support the grid frequency and its overshoot is 6.5%.
It takes 0.3 s to recover stability. The proposed control in [22]
cannot output more active power. The power reserve control
with the enhanced control in this article is more stable and can
support the grid frequency. The enhanced control performs well
in the weak grid. The grid SCR1 is 3 in Fig. 22 and the grid
SCR1 is 2.3 in Fig. 24. When the grid voltage drops to 0.1 p.u.,
the overshoot of grid current is 48%, the THD of grid current is
1.30% and the system can also restore stability after 0.24 s, as

Fig. 24. Results of GFL control when SCR1 is 2.3 with grid voltage drops.

Fig. 25. Results of GFM inverter with grid voltage drop.

Fig. 26. Results of GFM inverter with kpv increased.

depicted in Fig. 24. The GFL control with the enhanced control
can operate in the small grid SCR1 and it can still restore stable
under the severe grid fault.

B. Simulation Results of Grid-Forming Control

The grid voltage drops to 0.35 p.u. and its duration is 0.1 s.
Fig. 25 shows the results of the GFM inverter. The GFM inverter
can recover the transient stability with the grid voltage drop. It
takes around 0.8 s to recover stability and its grid current THD
is 0.28%.

To verify the influence of the dc-link voltage dynamics, the
grid voltage drops to 0.35 p.u. and lasts for 0.1 s. Fig. 26 displays
the results of the GFM inverter with kpv = 0.1. With a larger kpv,
the GFM inverter has a larger acceleration area and a smaller
maximum deceleration area. Under the grid voltage drop, the
GFM inverter loses stability. Fig. 27 shows the results of the
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Fig. 27. Results of GFM inverter with Cdc decreased.

Fig. 28. Results of GFM inverter with enhanced control.

Fig. 29. Existing proposed control in [25].

GFM inverter with Cdc = 2 mF, which cannot restore stability.
Compared with Fig. 25, a small Cdc is harmful to the transient
stability since the smaller Cdc causes a larger acceleration area
and a smaller maximum deceleration area. Figs. 26 and 27 verify
the influence of kpv and Cdc.

Fig. 28 depicts the results of the GFM inverter with the en-
hanced control. kw2 is designed as 636. ke2 is designed as 19 330
and kQ is designed as 0.0102 through the iterative calculation.
The grid voltage drops to 0.35 p.u. and lasts for 0.1 s. Cdc is set
to 2 mF. Although the overshoot of grid current is 40%, the THD
of the grid current is 0.28% and the GFM inverter can recover
stability within 0.25 s, as shown in Fig. 28. The frequency
deviation feedback and equivalent elasticity cooperative control
can improve the transient stability of the GFM inverter. It proves
the effectiveness of the enhanced control.

To show the benefits of the enhanced control in this article, it
compares with the proposed control in [25]. The existing control
method diagram is shown in Fig. 29. This control only enhances
the damping, it cannot regulate the active power of the PV source.
It loses stability when the grid voltage drop is severe. The grid
voltage drops to 0.1 p.u., the proposed control in [25] cannot
keep stable, as shown in Fig. 30. The THD of the grid current

Fig. 30. Results of GFM inverter with active damping-based control [25].

Fig. 31. Results of GFM inverter with enhanced control.

Fig. 32. Responses of GFM inverter with grid frequency fall.

is 631% after the fault, which does not meet the standard. The
enhanced control in this article can keep stable, as shown in
Fig. 31. The THD of the grid current is 0.28%, which still meets
the standard. The overshoot of grid current is 38% and the system
can restore stable after 0.1 s. At the same time, the enhanced
control in this article can support the grid frequency. When grid
frequency falls to 49.5 Hz at 1 s, the active power response is
shown in Fig. 32. Obviously, the active power of the enhanced
control in this article increases by 2 kW to support the grid
frequency, and the overshoot is 8.8%. It takes 0.3 s to recover
stability. The proposed control in [25] outputs less active power.
Its overshoot is 24% and it recovers stability after 0.5 s. The
power reserve control with the enhanced control in this article is
more stable and can support the grid frequency. The enhanced
control performs well in the weak grid. The grid SCR2 is 3 in
Fig. 31 and the grid SCR2 is 1.6 in Fig. 33. When the grid voltage
drops to 0.1 p.u., the overshoot of grid current is 58%, the THD
of grid current is 0.16% and it takes 0.18 s to restore stable, as
shown in Fig. 33. The GFM control with the enhanced control
still performs well in the small grid SCR2.

Fig. 34 shows the results of GFM control with various kQ.
The grid voltage drops to 0.1 p.u., and the GFM control would
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Fig. 33. Results of GFM control when SCR2 is 1.6 with grid voltage drops.

Fig. 34. Results with various kQ with grid voltage drops to 0.1 p.u.

TABLE II
COMPARISONS OF EXISTING CONTROLS

output the reactive power to support the grid voltage. As shown
in Fig. 34, the reactive power is increased to 8.7 kVar when kQ
is 0.015. When kQ is reduced to 0.0102, the reactive power is
increased to 11 kVar. It means that decreasing kQ need to provide
more reactive power to support voltage, but it increases the risk
of triggering the current saturation for GFM control.

Based on the above results, the comparisons of the enhanced
control in this article against the existing control are listed in
Table II. The other damping control for the GFL or GFM inverter
can only keep stable when the equilibrium point exists, and there
is no grid frequency support capability or the grid frequency
support capability is slight. The enhanced control for the GFL
and GFM inverter in this article can keep stable under grid
voltage drop and can support grid frequency. It greatly improves
the fault ride-through capability and grid support capability of
the inverter.

C. Power Hardware-in-Loop Experimental Results

Fig. 35 depicts the power hardware-in-loop experimental
platform for the PV grid-tied system. The programmable dc
source (Chroma 62100H-600S) has the PV array simulation
function and it is used as the PV simulator. The PV simulator
is connected to the Boost and the Boost is connected to the

Fig. 35. Power hardware-in-loop platform.

TABLE III
EXPERIMENTAL PARAMETERS

inverter. The inverter includes IGBT module, LC filter, and dc
capacitor. The inverter is connected to the grid simulator through
the grid inductance. The grid simulator is composed of the
RTLAB (OP5707) and bidirectional power amplifier (EGSTON
CSU200–1GAMP6-HV). The RTLAB is used to set the grid
voltage. The bidirectional power amplifier is controlled as an ac
voltage source by the RTLAB. The parameters of the system are
given as Table III. The rated power is set to 1500 W due to the
limitation of the equipment capacity.

When the programmable dc source is configured to emulate
PV array, the voltage-current operating points must be prede-
fined to generate the P-V characteristic curve. These parameters
are preloaded into the dc source via the software Chroma Solar
Array Simulation Soft Panel. The experimental P-V and I-V
characteristics of the PV array are illustrated in Fig. 36. The
voltage Vmpp is 207 V and the current Impp is 11.1 A in the
maximum power point.

The experimental results of the GFL inverter are shown in
Figs. 37–39. The grid current THD is 3.18%. When the grid
voltage drops to 0.2 p.u., the GFL inverter triggers the current
saturation and loses stability, as shown in Fig. 37. Since trig-
gering the protection, the inverter is blocked. After applying the
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Fig. 36. Emulated characteristics of the PV array in Chroma 62100H-600S.
(a) P-V curve of emulated PV array. (b) I-V curve of emulated PV array.

Fig. 37. Results of GFL inverter with traditional control when Vg drops to
0.2 p.u. (a) GFL inverter loses stability. (b) Zoomed in view.

Fig. 38. Results of GFL inverter with enhanced control when Vg drops to
0.2 p.u. (a) GFL inverter keeps stable. (b) Zoomed in view.

Fig. 39. Results of GFL inverter with enhanced control when output power
of PV increases from 1500 to 1700 W. (a) Dynamics of voltage and current.
(b) Zoomed in view.

enhanced control, the overshoot of grid current is 12%, the GFL
inverter can operate normally and restore stability within 0.2 s,
as depicted in Fig. 38. When the input PV power varies, the GFL
inverter with the enhanced control performs well. As shown in
Fig. 39, when the power reference of the PV array increases
from 1500 to 1700 W, the PV array output voltage is 242 V. The
grid current and voltage of the GFL inverter still remains stable.
The experimental results prove that the enhanced control can
improve the stability of the GFL inverter.

The experimental results of the GFM inverter are shown in
Figs. 40–42. The grid current THD is 2.86%. When the grid

Fig. 40. Results of GFM inverter with traditional control when Vg drops to
0.2 p.u. (a) GFM inverter loses stability. (b) Zoomed in view.

Fig. 41. Results of GFM inverter with enhanced control when Vg drops to
0.2 p.u. (a) GFM inverter keeps stable. (b) Zoomed in view.

Fig. 42. Results of GFM inverter with enhanced control when output power
of PV increases from 1500 to 1700 W. (a) Dynamics of voltage and current. (b)
Zoomed in view.

voltage drops to 0.2 p.u., the GFM inverter triggers the current
saturation and loses the stability, as shown in Fig. 40. The inverter
is quickly blocked due to the protection. After applying the
enhanced control, the overshoot of grid current is 26% and the
GFM inverter recovers stable within 0.5 s, as depicted in Fig. 41.
When the input PV power varies, the GFM inverter with the
enhanced control can keep stable. As shown in Fig. 42, the power
reference of the PV array increases from 1500 to 1700 W, the PV
array output voltage is 242 V. The grid current and voltage of the
GFM inverter still remains stable. The experimental results show
that the enhanced control can effectively improve the stability
of the GFM inverter.

VI. CONCLUSION

The article analyzes the transient stability of the GFL inverter
and the GFM inverter with considering the influence of the
dc-link voltage dynamics. Then, the enhanced controls of the
GFL inverter and the GFM inverter are proposed. The simulation
results and the experimental results are given to verify the
effectiveness of theoretical analysis and the enhanced controls.
Conclusions are drawn as follows.
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1) The GFL inverter is more prone to be constrained by its
capacity and cannot output the active power. The active
power of the GFL inverter is limited when the power angle
is very small, while the active power of the GFM inverter
is limited when the power angle is large.

2) The dc-link voltage dynamics increase the active power
reference. It increases the acceleration area and reduces the
maximum deceleration area for the GFL inverter and the
GFM inverter. For the GFL inverter and the GFM inverter,
a fast dc-link voltage response endangers the transient
stability.

3) The equivalent elasticity is introduced in the enhanced
control by analogy with the mass-spring-damper system.
The transient stability of the power reserve control is
enhanced by regulating the output active power of the PV
source.
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