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Abstract—The three-phase dual-active-bridge converter exhibits
an inherent fault-tolerant capability for addressing open-circuit
failures (OCFs). The frozen leg method is a notable fault-tolerant
technique that mitigates OCFs without additional hardware. Upon
OCF detection, this method deactivates the two switches in the
faulty leg, enabling the converter to maintain operation at a re-
duced power level. However, all previous research on the frozen
leg method assumes unity voltage gain. Yet, in practical appli-
cations, nonunity voltage gain, such as buck operation, is often
unavoidable, wherein the voltage, current, and power character-
istics significantly deviate from those at unity voltage gain. Thus,
this article performs the first investigation of the more complex
buck mode of frozen leg operation, and finds the operation must
be categorized into three cases. The theoretical analysis derives the
voltage, current, and power expressions for these cases, revealing
significant deviations from those associated with unity voltage gain.
Based on the derived current expressions, a detailed soft-switching
analysis for the buck mode is also conducted. Furthermore, the
theoretical maximum transferred power in buck mode under the
frozen leg operation is proposed, and unique findings for power
transfer at zero phase shift are examined. The theoretical analyses
are validated through extensive experimental testing.

Index Terms—DC–DC converter, fault tolerance, reliability and
diagnostics.

I. INTRODUCTION

INTRODUCED in the 1990s, the single-phase dual-active-
bridge (1p-DAB) converter emerged as an efficient and com-

pact solution for dc–dc power conversion [1], [2]. Concurrently
proposed, the three-phase DAB (3p-DAB) converter features
an expanded topology with two additional legs, as shown in
Fig. 1(a), and can, thus, generate more voltage levels and reduce
input and output current ripple. This configuration leads to its
advantages of improved power density, lower electromagnetic
interference, and smaller filter capacitor size compared with
the 1p-DAB [3], [4], [5], [6]. These characteristics make the
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Fig. 1. (a) 3p-DAB converter. (b) Its frozen leg operation.

3p-DAB converter particularly suitable for high-power-density
applications, such as the solid-state transformer in dc distribution
grids [7], [8], [9], [10], the power interface in naval vessels,
railway auxiliary systems, and electric aircraft [11], [12], [13],
[14], the battery-driven interface in energy storage systems [15],
[16], the onboard charger and auxiliary power module (APM) in
electric vehicles [3], [17], [18], and photovoltaic systems [19].

Despite these advantages, the 3p-DAB converter’s inherently
higher number of switches increases the risk of switch failures,
as well as associated gate driver failures [20]. Nevertheless, this
increased number of switches also enhances the fault-tolerant
capability of the 3p-DAB, allowing it to maintain power trans-
mission even under certain fault conditions, thereby improving
overall system reliability [21], [22].

A survey conducted within the power electronics industry re-
vealed significant insights into the sources of component failures
[23]. The findings indicated that 15% of failures are attributed
to issues related to gate drivers, which lead to the loss of switch
control and open-circuit failures (OCFs) [23]. Additionally,
31% of component failures are linked to semiconductor device
failures, which are further categorized into short-circuit failures
(SCFs) and OCFs [21]. For 3p-DAB converters, addressing
SCFs requires prompt detection mechanisms to identify sudden
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large inrush currents, a need best met through hardware-based
protection strategies integrated into the gate driver circuit [21],
[24]. In contrast, the impact of OCFs in 3p-DAB converters
is less severe than that of SCFs, as the converter can continue
to operate at partial power under OCF conditions [22], [24],
[25]. The recommended method is to diagnose the faulty switch
exhibiting the OCF and then implement a fault-tolerant control
strategy, thereby allowing continued power flow until repairs
can be undertaken.

Extensive research has been conducted on diagnosing OCFs in
1p-DAB [26], [27], [28], [29], [30], [31] and 3p-DAB converters
[21], [24], [32], [33], [34], [35], [36]. For 3p-DAB converters,
Khan and Wen [24] presented a comprehensive analysis compar-
ing all pertinent methods, and proposes a novel OCF diagnosis
method using a low-cost diagnostic circuit that achieves the
fastest diagnosis time reported to date.

Following OCF diagnosis, it is essential to implement fault-
tolerant control strategies to mitigate the detrimental impacts of
OCFs. Research on fault-tolerant strategies for OCFs in DAB-
type converters can be delineated into two primary categories.
The first category focuses on enhancing system redundancy
through the integration of additional hardware or the reconfig-
uration of the existing topology. For example, Bhakar and Ja-
yaraman [37] incorporated an additional fault-tolerant capacitor
and a rapid fuse in series with the transformer to facilitate fault
tolerance in a 1p-DAB converter, and Shi et al. [38] reconfigured
the 1p-DAB topology by employing a central-tapped trans-
former and two symmetrical auxiliary inductors to achieve fault
tolerance. Berger et al. [36] incorporated three extra bidirectional
switches between the transformer and primary-side converter.
By opening the bidirectional switch of the faulty phase, the
switches and antiparallel diodes in this phase can be entirely
isolated from the original 3p-DAB topology. However, these
methods of hardware redundancy and topology reconfiguration
increase the complexity and cost of the system [25].

Conversely, the second category emphasizes achieving fault-
tolerant control without additional hardware, known as the self-
embedded fault-tolerant method [39]. This category typically
employs various control techniques to manage switch opera-
tions, and is the focus of this article. Various self-embedded
fault-tolerant methods for DAB-type converters have been ex-
tensively studied, encompassing fault-tolerant strategies for 1p-
DAB [29], [40], [41], 2/3-Level DAB [42], and current-fed 3p-
DAB converters [33], [43]. However, only a few self-embedded
fault-tolerant methods specifically address OCFs in 3p-DAB
converters. One notable method is the frozen leg method [20],
which disables the two switches in the faulty leg when an OCF
has been detected, as shown in Fig. 1(b). For example, if the
lower switch in leg C’ is identified with an OCF, the gate signals
of both the upper and lower switches of this leg are set to OFF.
In this way, only the two antiparallel diodes in this leg remain
freewheeling, allowing the converter to continue operating at
reduced power.

Another approach in [32] is proposed to address OCFs in
3p-DAB by disabling more switches. This method suggests
simultaneously deactivating all four switches within the faulty
phase, on both primary and secondary sides. This results in

four antiparallel diodes freewheeling, significantly complicating
the analysis of current and voltage waveforms. The maximum
power transfer of this method is lower than that of the frozen
leg method due to the increased number of deactivated switches.
Another self-embedded method for addressing OCFs in 3p-DAB
converters is the path-based fault-tolerant method [25]. Under
OCF conditions, this approach needs to adjust three variables: 1)
the phase shift angle between the primary- and secondary-side
bridges, 2) the phase shift angle between phases A and B, and 3)
the phase shift angle between phases B and C. These adjustments
enable the reconfiguration of the current path, thereby reducing
current stress and increasing the maximum power transmission
capability. While the implementation of this method is sophis-
ticated due to its reliance on three control variables, optimizing
these parameters can be quite difficult. Additionally, under
certain operating conditions, there may be dc biases in the
current that can influence magnetic-flux saturation, add stress
to the switching devices, and affect overall efficiency [44].

In comparison, the frozen leg method proposed in [20] offers
several advantages, including straightforward control by only
needing to regulate the phase shift angle and the complete
elimination of dc bias due to the symmetry between the upper
and lower switches. However, the existing analysis of the frozen
leg method is limited to unity voltage gain (Vin = nVout) [20], but
in practical applications, nonunity voltage gain operation is often
unavoidable. Various factors lead to the frequent occurrence of
buck (Vin > nVout) and boost (Vin < nVout) modes [1], [45],
[46]. For instance, in battery-connected systems such as the
onboard charger and APM [17], [18] and energy storage systems
[15], [16], the 3p-DAB must manage significant variations in
battery voltage due to changes in the battery state-of-charge,
which leads to operation in buck or boost mode. In renewable
energy systems [47], uncertainties in the resource output power
can also lead to variations in the dc bus voltage, causing the
converter to operate with nonunity voltage gain. Furthermore,
in the dc microgrid of railway systems [13], the input voltage
of the 3p-DAB varies by up to 700 V, also necessitating buck or
boost mode operation. While the unity voltage gain assumption
simplifies the frozen-leg analysis, its results do not hold for
nonunity gain. Thus, there is a gap in the literature regarding
understanding the more complex operation of the 3p-DAB using
frozen-leg control during nonunity voltage gain. Buck and boost
operations under frozen-leg control are complex and require
extensive distinct analyses using different analytical frameworks
and mathematical models, and result in different classified cases
and current modes. Therefore, this article focuses solely on the
buck operation so that the analysis and findings can be presented
in sufficient detail and clarity.

For the first time, this article performs a detailed analysis of
the 3p-DAB converter with frozen-leg control in buck operation.
The key contributions of this article are as follows.

1) The novel derivations of current and voltage expressions
for 3p-DAB frozen leg operation in buck mode. Unlike
the existing research that assumes unity voltage gain,
this study reveals several new findings specific to buck
operation. The analysis identifies three distinct cases, with
the phase shift angle of the faulty phase taking on three
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analytically derived values: φFL1, φFL2, andφFL3. A
noteworthy discovery is that for the first case, φFL1 is
a fixed value determined solely by the dc-port voltages;
even if the phase shift angle of the normal phases is zero,
φFL1 remains a non-zero constant value.

2) The novel investigation into the soft-switching region of
the healthy switches, with the new findings showing that
while the primary-side healthy switches maintain zero
voltage switching (ZVS) across the entire 0° to 90° phase
shift angle and 0% to 100% voltage drop, the secondary-
side healthy switches do not always achieve ZVS.

3) The novel derivations of the transferred power expressions
for the three cases, where the findings show that due to the
changed phase shift angle of the faulty phase, the power
transfer characteristics of the frozen leg method in buck
mode deviate from those observed in normal operation
and in frozen leg unity gain mode. Notably, even when
the phase shift angle is zero, the transferred power is not
zero, attributable to the constant value of φFL1.

4) The novel derivation of the maximum transferred power
expression, with analysis of the ratio of normal to frozen
leg cases under different voltage drops. It is found that
as the voltage drop increases, the maximum transferred
power of the frozen leg method approaches that of normal
operation.

These contributions have been verified through extensive
experimental testing. The rest of this article is organized as
follows. Section II describes the mathematical model of the
3p-DAB and analyzes the waveforms of voltages and currents in
the buck mode under normal operation. Section III derives new
expressions for voltages and currents in the buck mode under
frozen leg operation and analyzes the soft-switching regions for
all healthy switches. Section IV derives the transferred power
equations and maximum power equations for buck mode frozen
leg operation. Section V introduces the experimental prototype
and validates the theoretical analysis with experiments. Finally,
Section VI concludes this article.

II. ANALYSIS OF NORMAL OPERATION BUCK

MODE FOR 3P-DAB

A. System Description

Before analyzing the operation of the 3p-DAB converter in
buck mode, it is necessary to establish a mathematical model of
the system to accurately describe the phase voltages, currents,
and inductor voltages. To facilitate the analysis, the three-phase
transformer is assumed to be ideal, characterized by infinite
magnetic inductance, equal three-phase leakage inductances
(LA = LB = LC = L), and zero winding resistances [48], as
shown in Fig. 1.

Generally, only the leg voltages vAN , vBN , vCN , vA′N ′ ,
vB′N ′ , and vC ′N ′ can be directly controlled by the primary- and
secondary-side dc-port voltages Vin andVout, and correspond-
ing switching states. Hence, to describe the phase voltages
vAO, vBO, vCO, vA′O′ , vB′O′ , and vC ′O′ , the relationship be-
tween leg and phase voltages first needs to be determined, as

shown in ⎧⎨
⎩
vAO = vAN − vON

vBO = vBN − vON

vCO = vCN − vON

(1)

⎧⎨
⎩

vA′O′ = vA′N ′ − vO′N ′

vB′O′ = vB′N ′ − vO′N ′

vC ′O′ = vC ′N ′ − vO′N ′ .
(2)

The sum of the phase voltages in the ideal transformer should
be zero, i.e., vAO + vBO + vCO = 0 and vA′O′ + vB′O′ +
vC ′O′ = 0. Therefore, by adding the three equations in (1) and
(2), vON and vO′N ′ can be calculated as{

vON = vAN+vBN+vCN

3

vO′N ′ = vA′N ′+vB′N ′+vC′N ′
3 .

(3)

Substituting (3) into (1) and (2), the phase voltages in primary-
and secondary-side can be described by the leg voltages as⎧⎪⎨

⎪⎩
vAO = 2

3vAN − 1
3vBN − 1

3vCN

vBO = − 1
3vAN + 2

3vBN − 1
3vCN

vCO = − 1
3vAN − 1

3vBN + 2
3vCN

(4)

⎧⎪⎨
⎪⎩

vA′O′ = 2
3vA′N ′ − 1

3vB′N ′ − 1
3vC ′N ′

vB′O′ = − 1
3vA′N ′ + 2

3vB′N ′ − 1
3vC ′N ′

vC ′O′ = − 1
3vA′N ′ − 1

3vB′N ′ + 2
3vC ′N ′ .

(5)

Meanwhile, the state equations of the three-phase leakage
inductors can be written as (6), where vLA, vLB , and vLC

represent the voltages of the three-phase leakage inductors,
iA, iB , iC are the phase currents, vaO, vbO, vcO are the
secondary-side phase voltages referred to the primary side, as
shown in (7), and n is the transformer turns ratio⎧⎪⎨

⎪⎩
vAO − vaO = vLA = LdiA

dt

vBO − vbO = vLB = LdiB
dt

vCO − vcO = vLC = LdiC
dt

(6)

⎧⎨
⎩
vaO = nvA′O′

vbO = nvB′O′

vcO = nvC ′O′ .
(7)

Finally, by combining (4)–(7), the mathematical model of the
3p-DAB can thus be obtained as (8), which can analyze the phase
voltages, currents, and inductor voltages⎡
⎣ 2

3 − 1
3 − 1

3− 1
3

2
3 − 1

3− 1
3 − 1

3
2
3

⎤
⎦
⎡
⎣vAN − nvA′N ′

vBN − nvB′N ′

vCN − nvC ′N ′

⎤
⎦ =

⎡
⎣vLA

vLB

vLC

⎤
⎦ =

⎡
⎢⎣
LdiA

dt

LdiB
dt

LdiC
dt

⎤
⎥⎦ .

(8)

B. Normal Operation of Buck Mode in 3p-DAB

Despite the numerous modulation schemes proposed for the
3p-DAB converter, the single phase shift (SPS) modulation
scheme remains the most commonly used for normal operation
in various fault-tolerant strategies [20], [32], [36]. Therefore,
this article also considers the SPS modulation scheme as the
normal operational scheme. In SPS modulation, the three-phase
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Fig. 2. Buck mode normal operation waveforms of phase currents, phase voltages, and leakage inductor voltages with phase shift angle between (a) 0 to π/3
(with φ = π/6 as the example) and (b) π/3 to π/2 (with φ = 5π/12 as the example).

legs of each side operate with a phase shift of 120° and a phase
shift angle φ is introduced between the primary and secondary
sides, as shown in Fig. 2. Depending on the value of phase shift
angle φ, the waveforms within a single switching cycle can be
categorized into two cases: 0 � φ � π/3 and π/3 < φ � π/2.

From (8), Fig. 2(a) shows voltage and current waveforms of
normal operation buck mode for 0 � φ � π/3, and Fig. 2(b)
shows the same for π/3 < φ � π/2. Since Vin > nVout in buck
mode, vXN has a higher magnitude than nvX ′N ′ , as shown in
Fig. 2. Also, the discrepancy between Vin andnVout prevents
the inductor voltages from reaching zero, thereby producing
more complex current waveforms than those observed when
Vin andnVout are equal [20].

In the normal operation of buck mode, the transferred power
can be calculated by summing the power through the three-phase
transformer [45], as shown in

Pnorm =

{
nVinVout
2πfsL

φ( 23 − φ
2π ), 0 ≤ φ ≤ π

3

nVinVout
2πfsL

(φ− φ2

π − π
18 ),

π
3 < φ ≤ π

2

(9)

where fs is the switching frequency, which is the reciprocal of
the switching period Ts.

III. ANALYSIS OF FROZEN LEG OPERATION BUCK

MODE FOR 3P-DAB

This analysis assumes leg C’ is the faulty leg, though the
findings are applicable to faults in the other legs on the sec-
ondary side due to the similarity in operation of the three legs.
Consequently, the two switches in leg C’ will be disabled and
only their antiparallel diodes operate as freewheeling.

Unlike the normal operation in buck mode, the frozen leg
operation in buck mode must be categorized into three cases:
0 � φ � π/3, π/3 < φ � π/3 + φFL1, and π/3 + φFL1 <
φ � π/2. Here, φFL1 is a constant value related to Vin and nVout

and will be discussed in the subsequent sections.

A. Case I: Phase Shift Angle Between 0 and π/3

The phase voltages VAN , nVA′N ′ , VBN , nVB′N ′ , VCN , and
the phase shifts of phases A and B remain consistent with the
normal case in Fig. 2(a), as no faults are present in these legs. But
for phase C ′, given that the two switches in leg C ′ are disabled
during the frozen leg operation, only the two antiparallel diodes
can conduct. Therefore, when the phase C current undergoes a
transition from positive to negative or vice versa, the conducting
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Fig. 3. Case I waveforms of phase currents, phase voltages, and leakage inductor voltages where (a) 0 < φ � φFL1 (with φ = π/18 as the example) and
(b) φFL1 < φ � π/3 (with φ = π/4 as the example).

devices will be changed to another diode, causing a correspond-
ing alteration in the phase voltage nVC ′N ′ , as shown in Fig. 3.
This results in a deviation of the actual phase shift angle of phase
C from the nominal phase shift angle φ to a new value defined as
φFL1. This variation in the phase shift angle of phase C induces
an obvious change in the current waveforms of phases A and B
compared to normal operation, as depicted in Fig. 3.

Given the known phase voltages, the corresponding leakage
inductor voltages vL can be calculated using (8), as depicted
in Fig. 3. With these leakage inductor voltages, the current
expressions can be derived and the newly defined value φFL1

can be determined as below.
Based on the half-wave antisymmetric feature of voltage and

current waveforms [45], it is sufficient to analyze only half of the
switching cycle for each phase, further divided into six segments,
as shown in Fig. 3. The current variation for each segment can
be calculated by

ΔiL =
vL
L

Δt. (10)

Two intermediate variables M and N are defined in (11) in the
calculation of current variation

M =
TsVin

6πL
,N =

TsnVout

6πL
. (11)

In this article, IXI−m is defined as the current value at tm
for phase X in Case I. According to the above analysis, phase C
current undergoes a transition at t3, i.e., ICI−3 is equal to 0. The
value of φFL1 can, thus, be determined using (10) for the third
segment

φFL1 =
2M − 2N

M

π

3
=

2Vin − 2nVout

Vin

π

3
. (12)

It can be inferred that φFL1 is a constant value solely depen-
dent on Vin andnVout, indicating that this value remains constant
regardless of changes in the phase shift angle φ, as shown in
Fig. 3(a) and (b). This consistency has also been verified by the
experiments in Section V. Subsequently, using the determined
φFL1 and current variations for each segment, the current values
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Fig. 4. Case II waveforms of phase currents, phase voltages, and leakage
inductor voltages where π/3 < φ � π/3 + φFL2 (with φ = 7π/18 as the
example).

of phases A, B, and C can be calculated, as detailed in Table II
of Appendix A.

For the frozen leg case with0 � φ � π/3, notable distinctions
in the current waveforms are observed between the buck mode
with Vin > nVout and the unity gain mode with Vin = nVout

[20]. In the unity gain mode, the phase C current exhibits a
discontinuous pattern, while in the buck mode, the phase C
current is continuous. This discrepancy is conjectured to arise
from the voltage differential between the primary and secondary
sides, prompting the preferential flow of current from the high
voltage level to the low voltage level. Consequently, in buck
mode, the current tends to exhibit a continuous pattern through
the two antiparallel diodes, as opposed to being discontinuous.

B. Case II: Phase Shift Angle Between π/3 and π/3 + φFL1

When the phase shift angle φ enters the range of (π/3, π/2], its
waveforms become more complicated compared to the normal
case, as shown in Fig. 4. Similar to Case I, the phase shift angle
of phases A and B remains unchanged from the normal case.
However, due to the freewheeling of the two didoes, the phase

Fig. 5. Case III waveforms of phase currents, phase voltages, and leakage
inductor voltages where π/3 + φFL2 < φ � π/2 (with φ = 44π/45 as the
example).

shift angle of phase C changes, as shown in Fig. 4. When the
phase shift angle φ is small, the new phase shift angle of phase
C is defined as φFL2, which is a constant value equal to φFL1.
When the phase shift angle φ exceeds the value of π/3 + φFL2

(i.e., π/3 + φFL1), the new phase shift angle of phase C will go
from the defined φFL2 to a new value φFL3, as shown in Fig. 5
and discussed in the following section.

For this Case II, the first step is also to calculate the leakage
inductor voltages, as depicted in Fig. 4. Using these leakage
inductor voltages, the current variations of phases A, B, and
C for each segment can be calculated, forming the basis for
further calculations. It is noted that in this case, phase C current
undergoes a transition at t4, i.e., ICII−4 is equal to 0. The value of
φFL2 can thus be determined using (10) for the fourth segment,
as shown in

φFL2 =
2Vin − 2nVout

Vin

π

3
= φFL1. (13)

The value of φFL2 is equal to φFL1 and is only related
to Vin andnVout. This value has also been verified through the
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experiments in Section V. Subsequently, using the determined
φFL2, and the current variations for each segment, the current
values of phases A, B, and C can be calculated, as detailed in
Table III of Appendix A.

C. Case III: Phase Shift Angle Between π/3 and π/3 + φFL1

As discussed in the last section, when the phase shift angle
φ exceeds the value of π/3 + φFL1, the waveforms of phase
currents, phase voltages, and leakage inductor voltages undergo
further changes, as shown in Fig. 5. The new phase shift angle
of phase C transitions from φFL2 to a new value φFL3.

For this Case III, the initial step is also to calculate the leakage
inductor voltages, as depicted in Fig. 5. Compared to the voltages
in Fig. 4, there are slight changes around the zero-crossing points
of phase currents. Using these leakage inductor voltages, the
current variations of phases A, B, and C for each segment can
be calculated.

In this case, ICIII−3 is equal to 0, which allows the calculation
of the value of φFL3

φFL3 =
nVoutφ+ (2Vin − 3nVout)

π
3

Vin + nVout
. (14)

It can be observed that φFL3 varies with the phase shift angle
φ, rather than being a constant value. Using the determined
φFL3, and the current variations for each segment, the current
expression of phases A, B, and C can be calculated, as detailed
in Table IV of Appendix A.

D. Soft-Switching Analysis for Three Cases

Soft-switching is usually employed to reduce the switching
stress on switch devices. In the 3p-DAB converter, zero voltage
switching (ZVS) in the turn-ON process is a widely-used soft-
switching technique. The key criterion for ZVS is that the switch
voltage must decay to zero before turn-ON, meaning that the
turn-ON current should commutate to the antiparallel body diode
before the switch takes over the current. This requires the switch
to carry a negative current at the turn-ON instant.

This section analyzes the soft-switching behavior of the above
three cases, which has not been previously investigated. Due
to the asymmetry caused by the faulty phase, the ZVS con-
ditions must be evaluated individually for each phase. Fur-
thermore, as phase C’ switches ON the secondary side are
intentionally open-circuited, ZVS is inapplicable for these two
switches.

In Case I, all healthy switches must meet the criteria given
in (15) to achieve ZVS, as derived from the current waveform
shown in Fig. 3⎧⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎩

Primary Phase A: IAI−0 < 0
Secondary Phase A′: IAI−1 > 0

Primary Phase B: IBI−4 < 0
Secondary Phase B′: IBI−5 > 0
Primary Phase C: - ICI−2 < 0

(15)

where IXI−j is the current value when the corresponding switch
turns ON in Case I, which has been calculated in Table II of
Appendix A. Similarly, the criteria for Cases II and III are

Fig. 6. ZVS regions for (a) switches in primary-side phases A, B, C,
(b) switches in secondary-side phase A’, and (c) switches in secondary-side
phase B’.

provided in (16) and (17), with current values listed in Tables III
and IV of Appendix A⎧⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎩

Primary Phase A: IAII−0 < 0
Secondary Phase A′: IAII−3 > 0

Primary Phase B: IBII−5 < 0
Secondary Phase B′: - IBII−1 > 0

Primary Phase C: - ICII−2 < 0

(16)

⎧⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎩

Primary Phase A: IAIII−0 < 0
Secondary Phase A′: IAIII−4 > 0

Primary Phase B: IBIII−5 < 0
Secondary Phase B′: - IBIII−1 > 0

Primary Phase C: - ICIII−2 < 0.

(17)

By solving these criteria, the ZVS range can be determined,
as shown in Fig. 6(a), (b), and (c). The analysis reveals that for
primary-side switches, the ZVS range spans the entire 0° to 90°
phase shift angle and 0% to 100% voltage drop, as shown in
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Fig. 7. Case I (0 < φ � π/3) transferred power calculation using phase
voltages and currents.

Fig. 8. Case II (π/3 < φ � π/3 + φFL2) transferred power calculation
using phase voltages and currents.

Fig. 9. Case III (π/3 + φFL2 < φ � π/2) transferred power calculation
using phase voltages and currents.

Fig. 6(a). However, the ZVS condition is not always achievable
for secondary-side switches and the ZVS range differs slightly
between phases A’ and B’, as shown in Fig. 6(b) and (c). The
boundaries of the ZVS range for secondary-side phases A’
and B’ are provided in (18) and (19). While the boundaries
appear similar in the figures, they differ slightly in that their
mathematical expressions have different curvatures. The derived
ZVS range is verified by the experimental results in Section V.
Understanding these newly-derived ZVS boundaries will be
helpful in the design of thermal management systems, since
switch losses will be higher than expected in the non-ZVS ranges⎧⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎩

Boundary As_I =
(−φ

2 −60)+

√
(φ
2 +60)

2−240(φ−120)

120 , φ ∈ [0, 60)
Boundary As_II:
(−φ

2 −60)+

√
(φ
2 +60)

2−240(2φ−180)

120 , φ ∈ [60, 90]

(18)

⎧⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎩

Boundary Bs_I =
(−φ

2 +180)−
√

(φ
2 −180)

2
+240(φ−120)

120 , φ ∈ [0, 60)
Boundary Bs_II:
(−φ

2 +180)−
√

(φ
2 −180)

2−240(−2φ+180)

120 , φ ∈ [60, 90].

(19)

IV. POWER TRANSFER ANALYSIS OF FROZEN LEG OPERATION

BUCK MODE FOR 3P-DAB

To simplify the analysis, it is assumed that the 3p-DAB
converter operates without losses [45]. Thus, the output power
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Fig. 10. Power transfer comparison between normal and frozen leg operations under voltage drops of (a) 0Vin, (b) 0.1Vin, (c) 0.2Vin, (d) 0.25Vin, (e) 0.3Vin,
and (f) 0.4Vin.

Fig. 11. Maximum transferred power ratio of normal and frozen leg cases with
voltage drops ranging from 0 to 0.4Vin.

is equivalent to the power transferred through the three-phase
transformer [45], which can be determined using the trans-
former’s phase voltages and currents, as shown in

P = PA + PB + PC

=
1

π

∫
vAOiAdθ +

1

π

∫
vBOiBdθ +

1

π

∫
vCOiCdθ

(20)

where only half of the switching cycle for each phase is inte-
grated due to the symmetry of the voltage and current waveforms
in one switching cycle. Using (20), the transferred power in
all three cases can be calculated and analyzed. The derived
transferred power expression is valuable for optimizing power
control strategies for the frozen leg operation in buck mode.

Fig. 12. (a) Experimental setup and (b) 3P-DAB converter.

A. Transferred Power for Case I: 0 � φ � π/3

For Case 1, the waveforms of phase voltages and currents
can be segmented into 6 intervals according to Fig. 3. In each
segment, the primary-side X phase voltage VXO can be calcu-
lated through (4), as shown in Fig. 7. The segmental current
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Fig. 13. Experimental results of (a) phase currents, (b) leakage inductor voltages with the phase shift angle of 10° and (c) phase currents, (d) leakage inductor
voltages with the phase shift angle of 45°, under voltage drop of 0.2Vin.

Fig. 14. Experimental results of (a) phase currents, (b) leakage inductor voltages with the phase shift angle of 70° and (c) phase currents, (d) leakage inductor
voltages with the phase shift angle of 88°, under voltage drop of 0.2Vin.
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Fig. 15. Theoretical and experimental power transfer curves for normal and frozen leg cases with voltage drops of (a) 0.1Vin, (b) 0.2Vin, (c) 0.3Vin, and
(d) 0.4Vin.

Fig. 16. Experimental results of the maximum transferred power ratio of
normal and frozen leg cases with voltage drops ranging from 0 to 0.4Vin.

expressions, previously derived in the last section, are provided
in Table II of Appendix A and are also shown in Fig. 7.

According to Fig. 7, the phase X transferred power in Case I
can be calculated by summing the average transferred power of
the six segments, as shown in

PXI = PXI−I + PXI−II + PXI−III

+ PXI−IV + PXI−V + PXI−V I (21)

Fig. 17. Testing point selection for (a) the upper switch of phase A’, and
(b) the upper switch of phase B’.

where each segment’s power can be calculated by multiplying
the average current, average phase voltage, and the time interval
(in radians), then dividing by half of the switching cycle, i.e., π.
For example, the first segmental transferred power of phase A in
Case I can be calculated as

PAI−I =

(
IAI−0 + IAI−1

2

Vin

3
φ

)
/π (22)

where IAI−0 and IAI−1 are given in Table II of Appendix A.
Following this method, the segmental transferred power for all
three phases in Case I can be calculated, as tabulated in Table V
of Appendix B. Therefore, the three-phase transferred power
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Fig. 18. Upper switches Vds and phase currents of phase A′ and phase B′ at
(a) 25° and (b) 45° phase shift angle with nVout = 0.7Vin.

Fig. 19. Upper switches Vds and phase currents of phase A′ and phase B′ at
(a) 15° and (b) 35° phase shift angle with nVout = 0.8Vin.

and their sum for Case I can be calculated as

PAI =
Vin

6π

(
−Nφ2 + 10N

π

3
φ+ 2N

π

3
φFL1 − 2Nφ2

FL1

)

PBI =
Vin

6π

(
−4Nφ2 + 10N

π

3
φ+ 2N

π

3
φFL1 +Nφ2

FL1

)

PCI =
Vin

6π

[
−Nφ2 + 4N

π

3
φ+ (−4M + 8N)

π

3
φFL1

− 2Nφ2
FL1 + (8M − 8N)

π2

9

]
(23)

PI = PAI + PBI + PCI

=
Vin

6π

[
− 6Nφ2 + 24N

π

3
φ+ (−4M + 12N)

π

3
φFL1

− 3Nφ2
FL1 + (8M − 8N)

π2

9

]
. (24)

B. Transferred Power for Case II: π/3 < φ � π/3 + φFL1

For Case II, the phase voltage and current waveforms are
similarly divided into six intervals according to Fig. 4. In each
segment, the primary-side phase X voltage, VXO, can also be
calculated by (4), as shown in Fig. 8. The segmental current
expressions are provided in Table III of Appendix A and are
also shown in Fig. 8. Using the method described in the pre-
vious subsection, the segmental transferred power for all three
phases in Case II can be calculated, as tabulated in Table VI of
Appendix B. Consequently, the three-phase transferred power
and their sum for Case II can be calculated as

PAII =
Vin

6π

(
− 5Nφ2 + 18N

π

3
φ+ 2N

π

3
φFL2

−2Nφ2
FL2 − 4N

π2

9

)

PBII =
Vin

6π

(
− 5Nφ2 + 12N

π

3
φ+ 2N

π

3
φFL2

+ Nφ2
FL2 −N

π2

9

)

PCII =
Vin

6π

[
− 2Nφ2 + (−4M + 10N)

π

3
φ

+ (−14M + 12N)
π

3
φFL2

+ (2M−2N)φ2
FL2+(20M−21N)

π2

9
+2MφφFL2

]
(25)

PII = PAII + PBII + PCII

=
Vin

6π

[
− 12Nφ2 + (−4M + 40N)

π

3
φ

+ (−14M + 16N)
π

3
φFL2 + (2M − 3N)φ2

FL2

+(20M − 26N)
π2

9
+ 2MφφFL2

]
. (26)

C. Transferred Power for Case III: π/3 + φFL1 < φ � π/2

For Case III, the waveforms of phase voltages and currents
are again divided into six intervals according to Fig. 5. In
each segment, the primary-side phase X voltage, VXO, can be
calculated through (4), as shown in Fig. 9. The segmental current
expressions are provided in Table VII of Appendix A and are
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also depicted in Fig. 9. Using the method from the previous
subsection, the segmental transferred power for all three phases
in Case III can be calculated, as tabulated in Table VII of
Appendix B. Hence, the three-phase transferred power and their
sum for Case III is given by

PAIII =
Vin

6π

(
− 5Nφ2 + 18N

π

3
φ+ 2N

π

3
φFL3

−2Nφ2
FL3 − 4N

π2

9

)

PBIII =
Vin

6π

(
− 5Nφ2 + 12N

π

3
φ+ 2N

π

3
φFL3

+ Nφ2
FL3 −N

π2

9

)

PCIII =
Vin

6π

[
− 2Nφ2 + 14N

π

3
φ+ (−12M + 6N)

× π

3
φFL3+2Mφ2

FL3

+ (16M − 25N)
π2

9
− 2NφφFL3

]
(27)

PIII = PAIII + PBIII + PCIII

=
Vin

6π

[
− 12Nφ2 + 44N

π

3
φ

+ (−12M + 10N)
π

3
φFL3 + (2M −N)φ2

FL3

+(16M − 30N)
π2

9
− 2NφφFL3

]
. (28)

D. Power Transfer Curve Comparison in Buck Mode

To analyze and compare the transferred power of normal and
frozen leg operations in buck mode, the power transfer curves for
various voltage drops are plotted in Fig. 10, using (9) for normal
operation and (24), (26), and (28) for frozen leg operation. In the
unity gain mode where the voltage drop is zero, φFL1 is equal
to zero according to (12) and φFL3 is equal to φ/2 according
to (14), as shown in Fig. 10(a). With φFL1 = 0, the frozen leg
operation only comprises two cases: 0 � φ � π/3 for Case I
and π/3 < φ � π/2 for Case III, as shown in Fig. 10(a).

As the voltage drop increases from 0 to 0.25Vin, φFL1 in-
creases from zero to π/6, as per (12). Correspondingly, the
range of Case II expands from 0 to π/6, and the range of
Case III decreases from π/6 to 0, as shown in Fig. 10(b)–(d).
When the voltage drop exceeds 0.25Vin, φFL1 will surpass π/6.
Considering that the phase shift angle φ is no more than π/2,
Case II will cover the range of π/3 < φ � π/2when the voltage
drop exceeds 0.25Vin, as shown in Fig. 10(e) and (f), thus, Case
III is eliminated for these scenarios.

According to Fig. 3, the fixed φFL1 in Case I results in a
nonzero transferred power even when the phase shift angle φ
is zero. As the voltage drop increases, the φFL1 also increases,
leading to higher transferred power at zero phase shift angle, as

TABLE I
3P-DAB CONVERTER PARAMETERS

shown in Fig. 10(b)–(f). These novel findings are corroborated
by the experimental results presented in Section V.

Furthermore, considering that fault-tolerant strategies aim to
maintain the prefault operational state as closely as possible, the
maximum transferred power of such strategy is also a critical
focus. According to Fig. 10, when the voltage drop is less than
0.25Vin, the maximum transferred power happens in Case III
with a phase shift angle φ of π/2. When the voltage drop exceeds
0.25Vin, the maximum transferred power occurs in Case II with
the same phase shift angle φ of π/2. The equations describing
the maximum transferred power are provided in (29) for voltage
drop less than 0.25Vin and (30) for voltage drop exceeding
0.25Vin, and the ratio of maximum transferred powers between
frozen leg and normal cases is plotted in Fig. 11

PMAX =
TsV

2
in

36L

⎡
⎣nVout

Vin
+

16

9
+

(
2
3 − nVout

2Vin

)(
−4 + 7Vout

3Vin

)
1 + nVout

Vin

+

(
2− nVout

Vin

)(
2
3 − nVout

2Vin

)2

(
1 + nVout

Vin

)2

⎤
⎥⎦ (Vin ≥ nVout ≥ 0.75Vin)

(29)

PMAX =
TsV

2
in

36L

[
11nVout

3Vin
− 4

3

(
nVout

Vin

)2
]
(nVout ≤ 0.75Vin) .

(30)

Their ratio starts at 75.6% for zero voltage drop and exceeds
90% at 0.4Vin voltage drop, indicating that as the voltage drop
increases, the maximum transferred power of the frozen leg
method approaches that of normal operation. This unique finding
is validated by the experimental results in Section V.

V. EXPERIMENTAL RESULTS

An experimental prototype of a 1.125 kW 3p-DAB, as
shown in Fig. 12, was tested to validate the theoretical
findings. The prototype’s parameters are shown in Table I.
The employed microcontroller and semiconductor devices are
the DSP (TMS320F28379) from TI and the discrete silicon
carbide MOSFETS (C3M0045065K) from Wolfspeed. The
primary-side dc port (Vin) was connected to a Sorenson power
supply (SGX 600-25) and the secondary-side dc port (Vout) was
connected to an ITECH electronic load (IT8906E).

During the experiments, two operational modes were adopted:
normal and the frozen leg. In the frozen leg cases, the two
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switches in phase C’ are intentionally left open, allowing current
to flow only through the two antiparallel diodes.

A. Verification of Phase Currents and Leakage Inductor
Voltages

To validate the theoretical analysis of phase currents and
leakage inductor voltages in Fig. 3, specific phase shift angles
of 10° and 45° within the range [0, π/3] were selected, as
shown in Fig. 13. The output voltage is set to 80 V and the
theoretical φFL1 is calculated to be 24° according to (12). It
should be noted that direct measurement of the leakage inductor
voltages in the prototype is not feasible because the leakage
inductor is integrated into the transformer. Instead, the primary
and secondary phase voltages of the transformer were measured,
i.e., vAO and vA′O′ . The difference between the two voltages,
representing the inductor voltage vLA, was obtained using the
math function of the oscilloscope. Due to the oscilloscope’s
limitation of four channels, only the leakage inductor voltages
of phases A and C were obtained.

The experimental phase currents and leakage inductor volt-
ages in Fig. 13 are observed to closely match the theoretical
waveforms in Fig. 3. Additionally, for both phase shift angles
of 10° and 45°, their actual phase shift angles in phase C are
consistent with the theoretical φFL1.

Subsequently, the experiments with phase shift angles of 70°
and 88° are conducted to verify Case II and Case III, as shown
in Fig. 14. The output voltage remained at 80 V. Hence, the
theoretical φFL2, i.e., φFL1, is also equal to 24° according to
(13). The theoretical φFL3 for the phase shift angle of 88° is
determined to be 25.78° according to (14). The experimental
phase currents and leakage inductor voltages in Fig. 14 are also
found to closely align with the theoretical waveforms in Figs. 4
and 5, further validating the theoretical analysis. Meanwhile, the
experimental values ofφFL2 andφFL3 are in agreement with the
theoretical predictions.

B. Verification of Power Transfer Equations and Curves

To validate the derived theoretical power transfer equations
in (23)–(28) and the plotted curves in Fig. 10, experiments were
conducted with phase shift angles ranging from 0° to 90°, in 5°
increments, for both normal and frozen leg cases. The output
voltages are set between 60 V and 90 V. The measured power
results are plotted in Fig. 15, which shows that the measured
power values closely align with the theoretical power curves for
both normal and frozen leg cases.

As expected, the measured power is slightly lower than the
theoretical predictions due to inherent losses in the prototype
that are not accounted for in the theoretical equations [1], [45].
These discrepancies are mainly attributable to dead time, switch-
ing losses, and conduction losses. The difference between the
experimental and theoretical values increases at higher power
levels because switching and conduction losses become more
significant. Overall, the experimental results support the theo-
retical analysis presented in the article.

C. Verification of Maximum Transferred Power

To further validate the accuracy of the maximum transferred
power ratio between the normal and frozen leg cases across
different voltage drops, experiments are conducted to measure
the maximum transferred power with voltage drops ranging
from 0 to 0.4Vin. These experimental measurements are then
compared with the theoretical values, as illustrated in Fig. 16.
The results indicate that the expected ratio approximately holds
true. As anticipated, the measured ratios are slightly lower than
the theoretical expectation, again due to the inherent losses of
the experimental prototype.

D. Verification of Derived ZVS Regions

The prior ZVS analysis shows that for primary-side switches,
the ZVS region extends across the full 0° to 90° phase shift
angle and 0% to 100% voltage drop. However, for secondary-
side switches, the ZVS condition is not always achievable. To
validate the derived ZVS regions for the secondary-side switches
in phases A’ and B’, four test points were selected. Among these,
two points theoretically fall in the non-ZVS region of phases A’
and B’, and two in the ZVS region, as shown in Fig. 17.

To experimentally verify the ZVS conditions at these four test
points, the drain-source voltages (Vds) of the upper switches and
the phase currents of A’ and B’ were measured. The results for
nVout = 0.7Vin and nVout = 0.8Vin are shown in Figs. 18 and 19,
respectively. For ZVS to occur, the current through the upper
switches must be negative at turn-ON, which corresponds to the
measured phase current being positive. The experimental results
in Figs. 18 and 19 align perfectly with the theoretical analysis
in Fig. 17, confirming the accuracy of the derived ZVS regions.

VI. CONCLUSION

For the first time, this article addresses the critical need
to extend the frozen leg mode analysis of 3p-DAB operation
beyond the unity voltage gain assumption used in all prior
related research. By categorizing the analysis into three distinct
cases, the paper derives and analyzes their current and voltage
expressions, and thus, also calculates the transferred power. It is
observed that due to the changed phase shift angle of the faulty
phase, the power transfer characteristics of the frozen leg method
in buck mode deviate from those observed in normal operation.
Importantly, even when the phase shift angle is zero, the trans-
ferred power is not zero, which is a critical practical finding.
Also, a new ZVS analysis shows that while the primary-side
healthy switches maintain ZVS across the entire 0° to 90° phase
shift angle and 0% to 100% voltage drop, the secondary-side
healthy switches do not always achieve ZVS, which is a useful
finding for thermal management design. Finally, it is found that
the maximum transferred power in buck mode under frozen leg
operation increases towards the normal operation power level as
the voltage drop increases, and knowledge of these power trans-
fer curves can aid in control strategy design. Future work will
extend this research to the boost mode, which presents greater
analytical complexity due to the occurrence of discontinuous
current.
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APPENDIX A

TABLE II
SOLVED CURRENT VALUES OF PHASE A, B, C FOR 0 � φ � π/3

TABLE III
SOLVED CURRENT VALUES OF PHASE A, B, C FOR π/3 � φ � π/3 + φFL1

TABLE IV
SOLVED CURRENT VALUES OF PHASE A, B, C FOR π/3 + φFL1 � φ � π/2

APPENDIX B

TABLE V
THREE-PHASE SEGMENTAL TRANSFERRED POWER FOR 0 � φ � π/3
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TABLE VI
THREE-PHASE SEGMENTAL TRANSFERRED POWER FOR

π/3 � φ � π/3 + φFL1

TABLE VII
THREE-PHASE SEGMENTAL TRANSFERRED POWER FOR

π/3 + φFL1 � φ � π/2
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