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A Variable Rate Supertwisting Sliding Mode Speed
Control With Overcurrent Protection for PMSM

Considering Aperiodic and Periodic Disturbances
Yongzhi Chen and Xudong Liu

Abstract—Aiming at improving the speed regulation perfor-
mance of permanent magnet synchronous motor (PMSM) under
aperiodic and periodic disturbances, a variable rate supertwisting
(VRST) sliding mode control strategy based on a novel disturbance
observer (NDO) is proposed in this article considering overcur-
rent protection. First, the model of PMSM considering aperiodic
disturbances and periodic harmonic disturbances is established.
Second, to enhance the antidisturbance performance and the con-
trol accuracy, an NDO is designed to estimate periodic harmonic
disturbances and aperiodic disturbances, such as load torque, pa-
rameter uncertainties. Furthermore, the variable rate nonlinear
term is introduced into the supertwisting sliding mode control
algorithm, and a VRST sliding mode single-loop speed controller
is proposed to improve the transient performance. Meanwhile, an
improved q-axis current penalty function is designed to avoid exces-
sive current, which can effectively balance dynamic performance
and overcurrent protection. Subsequently, based on the Lyapunov
theory, the stability of the control system is analyzed. Finally, the
superiority and effectiveness of the proposed control scheme are
verified through a series of comparative experiments.

Index Terms—Harmonic disturbances, overcurrent protection,
penalty function, permanent magnet synchronous motor (PMSM),
single-loop control, variable rate supertwisting (VRST).

I. INTRODUCTION

P ERMANENT magnet synchronous motors (PMSMs) not
only have the superiorities of high efficiency, high power

density, and low noise vibration, but also have a simple and
reliable structure. Therefore, they are widely used in electric ve-
hicles [1], high-precision machine tools [2], electric aircraft [3],
and other fields. However, the traditional proportional–integral
(PI) control cannot satisfy the control requirements of these
fields. Nowadays, with the development of nonlinear theory,
computer control technology, and modern power electronics,
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some advanced nonlinear algorithms, such as robust control [4],
active disturbance rejection control [5], model predictive con-
trol [6], fuzzy control [7], adaptive control [6], and sliding mode
control (SMC) [8], have been applied to motor drive systems.
Thus, the control performance in motors is improved.

Among these methods, SMC has the features of simple struc-
ture, strong robustness for the disturbances and fast response,
therefore, it is widely used in motor drives [9], [10]. Nev-
ertheless, the conventional SMC is not flawless. In practical
applications, the chattering is inevitable due to the presence
of signum function in controller. Hence, reducing chattering is
crucial in SMC. At present, several methods have been proposed
to mitigate the chattering phenomenon, such as fractional-order
SMC [11], high-order SMC [12], variable gain SMC [13]. They
effectively reduced chattering, but the response time may be
increased. The fast-reaching law method is usually applied to
reduce the convergence time since it is simple to be designed.
In order to accelerate the convergence speed, a hybrid reaching
law [14] composed of terminal terms and proportional terms is
proposed. To further improve dynamic performance, a sliding
mode speed controller with an adaptive reaching law [15] is
proposed for the control of PMSM, which shortens the con-
vergence time. A supertwisting sliding mode control (STSMC)
algorithm is proposed in [16], the discontinuous signum function
is hidden in integral term, and the global finite-time convergence
is achieved. In [17], the STSMC algorithm is applied to the
isolated dc–dc power converter, the voltage tracking perfor-
mance and voltage stability is improved. To further improve
dynamic performance and reduce overshoot. Zhen et al. [18]
presented an adaptive supertwisting sliding control to ensure
the rapidity and robustness of carrier autolanding system. A
sliding mode composite control based on improved supertwist-
ing is proposed in [19] by adding terminal term to accelerate
convergence speed, and estimated peak value is reduced via
a time-varying disturbance observer. In [20], the parameters
range of the supertwisting algorithm is given by analyzing the
stability with Lyapunov function, and the convergence time was
calculated.

As is known to all, SMC methods have a good suppression
effect on matched disturbances. However, the single-loop speed
control system of PMSM is susceptible to mismatched dis-
turbance [21]. The common solution is to design mismatched
disturbance observers for feedforward compensation of the
controller, such as extended state observer [22], nonlinear
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disturbance observer [23], and sliding mode observer [24].
They have a good effect on estimating aperiodic disturbance.
However, the performance of the speed control is also affected
by periodic disturbances, such as torque ripple caused by cur-
rent sampling error, which produce severe speed fluctuations.
In recent years, some methods have been studied to suppress
periodic disturbances, mainly including internal model control
and feedforward estimation compensation. In [25], an active
disturbance rejection controller (ADRC) is combined with a
quasiresonant controller (QRC) to suppress both periodic and
aperiodic disturbances. However, the QRC is susceptible to ape-
riodic disturbances, which can reliable and stable operation only
by limiting the load torque. Repetitive controller is embedded
in ADRC to compensate for alternating current disturbance of
current-loop in [26], which is not suitable for speed-loop because
some periodic signals may be amplified. In [27], an iterative
learning control method is proposed to suppress position har-
monic error. All the above-mentioned methods belong to internal
model control. In addition, some intelligent algorithms such as
neural network [28] are proposed to suppress current harmonics.
However, these methods require complex calculations.

In addition, compared with the conventional cascade control
structure for motor drive, the q-axial current in noncascade
control cannot be regulated by the desired signal. Therefore,
overcurrent protection becomes an important issue. Recently,
state constraint control methods based on penalty function have
been proposed. In [29], [30], and [31], a q-axis current penalty
function is added to the controller, and the current is constrained
within a safe range. Moreover, a transformation scheme [32] is
proposed to balance control performance and overcurrent pro-
tection. However, the derivation of the sliding mode controller
becomes extremely complex.

In this article, a variable rate supertwisting (VRST) SMC
strategy based on an NDO is proposed to further improve the
speed control performance of PMSM. Compared with former
works, the contributions and novelties of this article are as
follows.

1) A variable rate nonlinear term is introduced into the super-
twisting algorithm, and a VRST sliding mode single-loop
controller is proposed to accelerate the convergence of the
system.

2) To enhance the speed tracking accuracy and reduce speed
fluctuations of PMSM, a novel disturbance observer
(NDO) is proposed to estimate aperiodic disturbances and
periodic harmonic disturbances simultaneously.

3) An improved q-axis current penalty function is designed to
balance dynamic performance and overcurrent protection.

4) A series of experimental tests are conducted on the PMSM
RT-SIM experimental platform to verify the effectiveness
of the proposed control strategy, and the superiority of the
proposed control method is verified through comparative
experiments.

The rest of this article is organized as follows. The model
of PMSM considering aperiodic and periodic disturbances is
described in Section II. In Section III, the NDO is designed
to estimate the disturbances in single-loop control of PMSM.
Section IV presents a VRST sliding mode speed controller and

Fig. 1. Single-loop structure diagram with the proposed SMC and NDO in
PMSM.

the analysis of system stability is completed. In Section V, the
experiments are conducted to validate the effectiveness and su-
periority of the proposed strategy. Finally, Section VI concludes
this article.

II. MODEL DESCRIPTION OF PMSM

According to field-oriented control theory, the mathematical
model of PMSM in d-q axis rotational coordinate can be estab-
lished as⎧⎪⎨

⎪⎩
did
dt = −Rs

Ld
id + npωLq

Ld
iq + 1

Ld
ud

diq
dt

= −Rs

Lq
iq − npωLd

Lq
id − npΦ

Lq
ω + 1

Lq
uq

dω
dt = Te

J − B
J ω + fω

(1)

whereLd andLq are the d-q axis stator inductances, respectively.
id, iq and ud, uq indicate the d-q stator current and stator
voltage, respectively. ω is the mechanical angular velocity. Te

is the electromagnetic torque. J is the rotational inertia. Rs

indicates stator resistance. B is viscous friction coefficient. Φ is
the permanent magnet flux. np is pole pairs. fω is the aperiodic
and periodic disturbances.

The electromagnetic torque Te is expressed as

Te = np [Φiq + (Ld − Lq) idiq] . (2)

For surface-mounted PMSM, due toLq =Ld, the mechanical
motion equation in (1) can be simplified as

dω

dt
=

npΦiq

J
− B

J
ω + fω. (3)

Usually, the speed control system of PMSM consists of a
speed-loop and a current-loop with a cascade configuration, and
the speed is usually regulated by PI controller. To make the
controller structure simplification and reduce the difficulty of pa-
rameter adjustment, a VRST sliding mode single-loop controller
is proposed for the speed control of PMSM. Meanwhile, an NDO
is designed to estimate the aperiodic and periodic disturbances
of the system, and it is used for the feedforward compensation
of the controller. The overall structural diagram of PMSM speed
control system is shown in in Fig. 1.

In practical systems, the lumped disturbances are inevitable,
which include aperiodic disturbance and periodic harmonic
disturbances. Among them, periodic harmonic disturbances in
PMSM mainly caused by flux harmonics, voltage harmonics,
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and current sampling errors. The flux harmonics and voltage har-
monics caused by inverter nonlinearity are relatively small [33].
Therefore, the periodic disturbances arise from current sampling
error is mainly considered in this article. The offset error and
scaling error are components of the current sampling error,
which will produce first and second speed harmonics in the d-q
axis coordinates [34].

Based on the above-mentioned analysis, fω can be specifically
defined as fω = −TL/J − Th1/J − Th2/J . TL is load torque.
Th1, Th2 are the first and second torque ripple caused by current
sampling error.

To achieve the accuracy speed regulation with single-
loop structure, choose the state variables as x = [x1 x2] =
[eω −(npΦ/J)iq], where eω = ωr − ω is the speed tracking
error, and ωr is the reference speed. Then, a state space model
considering aperiodic disturbances and periodic disturbances
can be described as⎧⎪⎪⎪⎨
⎪⎪⎪⎩
ẋ1 = ω̇r − npΦ

J iq +
B
J ω − fω = x2 + d+ dh1 + dh2

ḋh1 = z1, ż1 = −ω2
e dh1

ḋh2 = z2, ż2 = −4ω2
e dh2

ẋ2 = −npΦ
J i̇q = a(x) + buq

(4)

where d represents the aperiodic disturbance, d = ω̇r +
(B/J)ω + TL/J . dh1 = Th1/J = H1 sin(ωet+ ϕ1), dh2 =
Th2/J = H2 sin(2ωet+ ϕ2) are first and second harmonic dis-
turbances, respectively.H1, H2 andϕ1, ϕ2 are the unknown am-
plitudes and the unknown phases, respectively. z1, z2 are inter-
mediate variables,ωe = npω is electric angular velocity„a(x) =
npΦ(Rsiq + npωLdid + npωΦ)/(JLq), b = −(npΦ)/JLq.

III. DESIGN OF NDO

To enhance antidisturbance performance and control accuracy
of PMSM caused by lumped disturbances, an NDO is designed
to estimate the slow-varying aperiodic disturbances and the
periodic harmonic disturbances simultaneously.

Assumption 1: The aperiodic disturbance d and its derivative
ḋ are both bounded, that is, |d| ≤ D1, |ḋ| ≈ 0, D1 is positive
constant [35]. Obviously, the first and second harmonic distur-
bances dh1, dh2 with their n-order derivatives are bounded.

Lemma 1: [36] Consider the system (5), (x1, x2, · · · , xn) ∈
Rn are system states, u ∈ R is control input, y ∈ R is system
output ⎧⎨

⎩
ẋj = xj+1

ẋn = u j = 1, 2, . . . , n− 1
y = x1.

(5)

For any Λ ∈ (−1/n, 0), there exit constant gains lj such that
the states (x̂1, x̂2, . . . , x̂n) of the observer (6) converge to the
real states (x1, x2, . . . , xn) in a finite time⎧⎨

⎩
˙̂xj = x̂j+1 + ljsigjΛ+1 (x1 − x̂1)

j = 1, 2, . . . , n− 1
˙̂xn = u+ lnsignΛ+1 (x1 − x̂1) .

(6)

For periodic disturbances, the designed principle in this article
is based on the property that the second derivative of a sine signal
has a specific multiple relationship with its own. Then, inspired

by Huang et al. [37], an NDO with the following structure is
designed as:

⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

˙̂x1 = x2 + d̂+ d̂h1 + d̂h2 + l1sigα1 (x1 − x̂1)

˙̂
d = l2sigα2 (x1 − x̂1)

˙̂
dh1 = ẑ1 + l3sigα3 (x1 − x̂1)

˙̂z1 = −ω2
e d̂h1 + l4sigα4 (x1 − x̂1)

˙̂
dh2 = ẑ2 + l5sigα5 (x1 − x̂1)

˙̂z2 = −4ω2
e d̂h2 + l6sigα6 (x1 − x̂1)

(7)

where x̂1, d̂, d̂h1, d̂h2, ẑ1, and ẑ2 are the estimation of
x1, d, dh1, dh2, z1, and z2. li > 0, (i = 1, 2, . . . , 6) are gains
of observer. sigαi(·) = | · |αisign(·), αi ∈ (0, 1), (i = 1, 2,
. . . , 6).

According to [37] and [38], the observer gains li can be tuned
by bandwidth parametrization method. First, define the observer
bandwidth as ω0. Subsequently, the characteristic polynomial
can be derived as s2 + lis+ li+1 = (s+ ω0)

2, i = (1, 3, 5).
li = 2ω0, li+1 = ω2

0 . The convergence rate of NDO will be
affected by ω0. The larger the ω0 is, the faster the convergence
speed is. However, excessively large ω0 will amplify the high-
frequency noise and reduce estimation accuracy. Therefore, it is
crucial to make a tradeoff between convergence rate and esti-
mation accuracy. Then, according to lemma 1, for the designed
NDO, the system order n = 2, and αi ∈ (0.5, 1), αi+1 ∈ (0, 1).
According to [39], these parameters should be selected to be
close to 1 to achieve highly accurate estimation of disturbances
and strong robustness. If these parameters are far from 1, the
dynamic performance of the observer will be affected.

Define the estimation error variables as

⎧⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎩

e1 = x1 − x̂1

e2 = d− d̂

e3 = dh1 − d̂h1

e4 = z1 − ẑ1
e5 = dh2 − d̂h2

e6 = z2 − ẑ2.

(8)

By combining the established model (4) and observer (7), the
derivative of (8) is obtained as

⎧⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎩

ė1 = e2 + e3 + e5 − l1sigα1 (e1)
ė2 = −l2sigα2 (e1)
lė3 = e4 − l3sigα3 (e1)
ė4 = −ω2

e e3 − l4sigα4 (e1)
ė5 = e6 − l5sigα5 (e1)
ė6 = −4ω2

e e5 − l6sigα6 (e1) .

(9)

According to Assumption 1 and Lemma 1, it can be concluded
that the states errors of system (9) can converge to the origin in
a finite time.
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Fig. 2. Variation of gain k̄2 = k2 tanh(|x1|c1 ), c1 = 1.

IV. DESIGN OF VRST SLIDING MODE CONTROLLER

A. VRST Control Law

To accelerate convergence rate while ensuring the minimal
chattering, a VRST control law with variable gain and variable
power nonlinear term is designed as

ṡ = − k1sig
1/2(s)− k̄2sig

r(s) + g

ġ = − k3sign(s) (10)

where sig1/2(s) = |s|1/2sign(s), sigr(s) = |s|rsign(s). The
variable power r = 1− r1sign(1− |s|) varies with the value
of |s|, 0 < r1 < 1. sign(·) is the signum function. The variable
gain k̄2 = k2 tan h(|x1|c1), c1 > 0, tanh(·) is the hyperbolic
tangent function. x1 is the state variable. ki > 0 (i = 1, 2, 3)
are constants to be designed.

Compared with the existing supertwisting control [17], a
variable rate nonlinear term is introduced into the proposed
supertwisting algorithm. If the convergence space of sliding
mode variable is divided into [0, 1] and [1,∞], the parameter r
is equivalent to r = 1− r1 and r = 1 + r1, respectively. Thus,
sigr(s) has a larger value than s throughout the entire approach-
ing process, and the faster convergence speed can be obtained.
In addition, the gain k̄2 is related to the state variable x1 (speed
tracking error), and its value varies with x1 as shown in Fig. 2. It
can be seen that as x1 changes, k̄2 varies from k2 to 0. When the
state variablex1 gradually converges to the domain of zero along
the sliding mode surface, the gain k̄2 will quickly decrease, and
the chattering can be effectively suppressed.

In summary, the variable rate nonlinear term k̄2sig
r(s) plays

an important role in accelerating convergence speed when the
system state is far from the sliding surface (approaching pro-
cess). When the state variable slides on the sliding surface
(sliding process), the values of k̄2 will decrease, and the sliding
mode chattering will be further reduced.

B. Improved Q-Axis Current Penalty Function

The q-axial current in single-loop control structure cannot
be regulated by the reference current signal, and the current
cannot be guaranteed to be within a safe range. Therefore, the
potential hazard caused by excessive currents cannot be ignored.
Originally, the traditional approach is to select conservative

parameters, but the dynamic performance of the controller will
inevitably be affected. To balance overcurrent protection and dy-
namic performance well, a piecewise continuous current penalty
function is designed as 1/δ(κ), where

δ(κ) =

⎧⎨
⎩
1 , η < κ
1− ε(κη − 1)2 , 0 < κ ≤ η

ε̄ , κ ≤ 0

ε̄ = 1− ε. κ = ς2 − i2q , ς is the boundary value for the overcur-
rent protection to be designed, i.e., iq(t) ∈ (−ς, ς). η ∈ (0, ς2)
is a threshold value for switching when the current constraints
conditions are met.

Remark 1: The penalty function is an additional term related
to a restricted variable, which can forcibly constrain the variable
within a predetermined range. If η < κ, the penalty term has no
effect on the dynamic performance and antidisturbance perfor-
mance of the controller. If 0 < κ ≤ η, the current iq approaches
the predetermined boundary value, in this case, the penalty
function will play a role in the designed controller to prevent
excessive current. If κ < 0, ε̄ is designed to avoid the negative
impacts of penalty function on the system.

C. Design of Sliding Mode Single-Loop Speed Controller

According to the established model (4), a VRST sliding mode
single-loop controller will be designed. In addition, an improved
penalty function-based q-axis current constraints mechanism
will be introduced into the speed error differential gain [30], [31],
[40] of the controller. Consider the overcurrent, a nonsingular
integral sliding mode surface is proposed as

s = x2 + df +
λ0

δ (κ)
x1 + λ1

∫ t

0

sigp (x1) dτ (11)

where λi > 0 (i = 0, 1), p > 0 are the parameters to be selected.
λ0/δ(κ) is considered as a control gain. df = d̂+ d̂h1 + d̂h2,
d̂, d̂h1, and d̂h2 are the estimated values of d, dh1, and dh2,
respectively. sigp(x1) = |x1|psign(x1).

Taking the derivative of (11) yields

ṡ = ẋ2 + ḋf +
λ0

δ (κ)
ẋ1 + λ1sigp (x1) . (12)

Then, according to the proposed VRST control law (10) and
(12). A sliding mode single-loop controller considering q-axis
current constraints can be designed as (13), and Fig. 3 shows the
structure diagram of VRST sliding mode controller

uq = −1

b

[
a(x) + ḋf + λ0

δ(κ) (x2 + df )− g

+λ1sig
p (x1) + k1sig

1/2(s) + k̄2sig
r(s)

]

ġ = −k3sign(s). (13)

Remark 2: When the current iq approaches the boundary
value, i.e., the 0 < κ ≤ η is satisfied. Then, the gain of λ/δ(κ) is
automatically increased. In this way, the output of the controller
(13) will be adjusted to restrict the current in time.
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Fig. 3. Structure block diagram of VRST sliding mode controller.

D. Stability Analysis

Substituting the proposed controller (13) into (12) yields⎧⎨
⎩
ṡ = −k1sig1/2(s)− k̄2sigr(s) + g

+λ0 (e2 + e3 + e5) /δ (κ)
ġ = −k3sign(s)

(14)

where e2 = d− d̂, e3 = dh1 − d̂h1, e5 = dh2 − d̂h2 are distur-
bance estimation errors.

To facilitate the stability analysis of the controller, define
f(t) = λ0(e2 + e3 + e5)/δ(κ). Then, the (14) can be rewritten
as {

ṡ = −k1sig1/2(s)− k̄2sigr(s) + g

ġ = −k3sign(s) + ḟ(t).
(15)

Define the Lyapunov function [41] as

V = V1 + V2 = ζT
1H1ζ1 + ζT

2H2ζ2 (16)

where H1, H2 ∈ R2×2 > 0, and ζ1, ζ2 are determined as

ζ1 =

[
sig1/2(s)

g

]
, ζ2 =

[
sigr(s)

g

]
. (17)

After that, the following Rayleigh’s inequality can be obtained
as:

ρmin {H1} ‖ζ1‖2 ≤ V1 ≤ ρmax {H1} ‖ζ1‖2

ρmin {H2} ‖ζ2‖2 ≤ V2 ≤ ρmax {H2} ‖ζ2‖2 (18)

where ‖ζ1‖2 = |s|+ g2, ‖ζ2‖2 = |s|2r + g2. ρmin{H1},
ρmin{H2} and ρmax{H1}, ρmax{H2} denote minimum and
maximum eigenvalues of matrix H1, H2, respectively.

Taking the derivative of ζ1 and ζ2 as

ζ̇1 =

[
1
2 |s|−

1
2 ṡ

ġ

]
, ζ̇2 =

[
r |s|r−1 ṡ

ġ

]
. (19)

Substituting (15) into (19) yields

ζ̇1 =

[
1
2 |s|−

1
2
(−k1sig

1/2(s)− k̄2sig
r(s) + g

)
−k3sign(s) + ḟ(t)

]

= |s|− 1
2

⎡
⎣
(
−k1

2 sig1/2(s)− k̄2

2 sigr(s) + g
2

)
sig1/2(s)

(
−k3 + ḟ(t)sign(s)

)
⎤
⎦

= |s|− 1
2A1ζ1 (20)

ζ̇2 =

[
r|s|r−1 (−k1sig

1/2(s)− k̄2sig
r(s) + g

)
−k3sign(s) + ḟ(t)

]

= |s|r−1

[−rk1sig
1/2(s)− rk̄2sig

r(s) + rg

sig1−r(s)
(
−k3 + ḟ(t)sign(s)

) ]

= |s|r−1A2ζ2 (21)

where

A1 =

[
−k1

2 − k2

2 |s|r− 1
2 1

2

−k3 + ḟ(t)sign(s) 0

]

A2 =

[
−rk1|s|

1
2−r − rk2 r

|s|1−2r
(
−k3 + ḟ(t)sign(s)

)
0

]
. (22)

Taking the derivative of Lyapunov function (16), then

V̇ = V̇1 + V̇2

= ζ̇T1 H1ζ1 + ζT1 H1ζ̇1 + ζ̇T2 H2ζ2 + ζT2 H2ζ̇2

= |s|− 1
2 ζT1

[
AT

1 H1 +H1A1

]
ζ1

+ |s|r−1ζT2
[
AT

2 H2 +H2A2

]
ζ2. (23)

The matrices A1 and A2 are Hurwitz if and only if k1 > 0,
k̄2 > 0, k3 > |ḟ(t)|. Under the condition that H1 and H2 are
positive definite, there exists matrices Π1 > 0, Π2 > 0 such
that

AT
1 H1 +H1A1 = −Π1

AT
2 H2 +H2A2 = −Π2. (24)

Substituting (24) into (23)

V̇ = − |s|− 1
2 ζT

1Π1ζ1 − |s|r−1 ζT
2Π2ζ2. (25)

Meanwhile, the following Rayleigh’s inequality can be ac-
quired as:

ρmin {Π1} ‖ζ1‖2 ≤ ζT
1Π1ζ1 ≤ ρmax {Π1} ‖ζ1‖2

ρmin {Π2} ‖ζ2‖2 ≤ ζT
2Π2ζ2 ≤ ρmax {Π2} ‖ζ2‖2 (26)

where ρmin{Π1}, ρmin{Π2} and ρmax{Π1}, ρmax{Π2} denote
minimum and maximum eigenvalues of matrix Π1, Π2, respec-
tively.

Consequently, based on Rayleigh’s inequality (18), (26) and
subsequent inequality

|s| 12 ≤ ‖ζ1‖ ≤ V
1/2
1

ρ
1/2
min {H1}

≤ V 1/2

ρ
1/2
min {H1}

⇒ |s|− 1
2 ≥ ρ

1/2
min {H1}
V

1/2
1

≥ ρ
1/2
min {H1}
V 1/2

|s|r ≤ ‖ζ2‖ ≤ V
1/2
2

ρ
1/2
min {H2}

≤ V 1/2

ρ
1/2
min {H2}
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⇒ |s|r−1 ≥ V
r−1
2r

2

ρ
r−1
2r

min {H2}
≥ V

r−1
2r

ρ
r−1
2r

min {H2}
, (0 < r < 1)

when s ∈ [1,∞], then r > 1. V̇ can be rewritten as

V̇ ≤ − |s|− 1
2 ρmin {Π1} ‖ζ1‖2 − |s|r−1ρmin {Π2} ‖ζ2‖2

≤ − |s|− 1
2

(
ρmin {Π1} ‖ζ1‖2 + ρmin {Π2} ‖ζ2‖2

)

≤ − ρ
1/2
min {H1}
V 1/2

(
ρmin {Π1}
ρmax {H1}V1 +

ρmin {Π2}
ρmax {H2}V2

)

≤ − ρ
1/2
min {H1} ρmin {Π1}

ρmax {H1} V1V
−1/2

− ρ
1/2
min {H1} ρmin {Π2}

ρmax {H2} V2V
−1/2

≤ − μ1 (V1 + V2)V
−1/2 = −μ1V

1/2 (27)

where μ1 = {ρ
1/2
min{H1}ρmin{Π1}

ρmax{H1} ,
ρ
1/2
min{H1}ρmin{Π2}

ρmax{H2} }.

when s ∈ [0, 1], then 0 < r < 1. V̇ can be rewritten as

V̇ ≤ − |s|−1/2ρmin {Π1} ‖ζ1‖2 − |s|r−1ρmin {Π2} ‖ζ2‖2

≤ − ρ
1/2
min {H1} ρmin {Π1}

ρmax {H1} V
1
2

− ρ
1−r
2r

min {H2} ρmin {Π2}
ρmax {H2} V

3r−1
2r

≤ − μ2V
1
2 − μ3V

3r−1
2r (28)

where μ2 =
ρ
1/2
min{H1}ρmin{Π1}

ρmax{H1} , μ3 =
ρ

1−r
2r

min {H2}ρmin{Π2}
ρmax{H2} .

According to the chosen Lyapunov function (16), it can be
verified that the system state s and g can convergence to origin
in finite-time from (27) and (28).

E. Parameter Analysis and Design Guidelines

To ensure optimal parameters, the impact of control param-
eters on system performance is analyzed and discussed. The
proposed sliding mode controller consists of the current penalty
function 1/δ(κ), the nonsingular integral sliding mode surface
(11), and the VRST control law (10). The impact of control
parameters on system performance is as follows.

1) For the parameters of current penalty function 1/δ(κ).
The ς is usually determined by the rated current. For the
parameterη, if the value ofη is too larger, the q-axis current
will be overconstraint and the transient performance will
be affected. The value of ε is designed to be just less than
1, it determines the severity of the penalty, and the closer
ε is to 1, the greater the severity of the current constraints.

2) In the sliding mode surface, the larger the value of λ0,
the faster the convergence speed, while excessive λ0 will
bring overshoot and increase control output. The λ1 plays
an important role in improving control accuracy, eliminat-
ing steady-state errors and enhancing system robustness.

Fig. 4. Internal schematic diagram of experimental platform.

Fig. 5. Photo of experimental platform.

However, unreasonable increase in the value of λ1 can lead
to significant overshoot. In the proposed control law, the
convergence speed of reaching law is mainly determined
by k1, k2. The larger the value of k1, k2, the faster the
convergence speed. However, if the k1 is too large, the
chattering will be increased, and excessive k2 causes
significant overshoot. In addition, the c1 will affect the
change rate of k̄2. Similarly, the choice of r1 will also
affect the convergence speed and overshoot of the system.

V. EXPERIMENTS VALIDATION

In this section, to verify the effectiveness and superiority of
the proposed control strategy, the experiments in different con-
ditions are constructed based on the motor platform. The internal
structure diagram and photograph of the experimental platform
are revealed in Figs. 4 and 5, respectively. The experimental
platform consists of a 130MB 150 A surface-mounted PMSM
coupled with the load motor. It also includes a power converter
based on insulated gate bipolar transistor, and the LINKS-RT
rapid prototyping system as the controller. A single-phase un-
controllable rectifier circuit is used to provide the dc bus voltage.
The switching frequency is set as 10 kHz. Table I shows the
nominal parameters of the PMSM.

The experiment mainly includes five parts as follows.
1) Comparative verification of transient performance during

startup.
2) Antidisturbance performance with sudden load torque.
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Fig. 6. Speed response curves of the motor starting stage. (a) 200 r/min. (b) 600 r/min. (c) 1000 r/min.

Fig. 7. D-q axis curves of the motor starting stage. (a) 200 r/min. (b) 600 r/min. (c) 1000 r/min.

TABLE I
NOMINAL PARAMETERS OF PMSM

3) Transient performance in stepped acceleration and decel-
eration.

4) Robustness experiment under parameters variations.
5) Suppress performance for periodic harmonic disturbances

with the proposed NDO.

A. Experiment 1

In this experiment, it is compared with the terminal reaching
law (TRL) combines with the NDO (TRL+NDO), the novel
robust supertwisting (NRST) reaching law combines with the
NDO (NRST+NDO), respectively.

In TRL+NDO, (11) and (29) are selected as the sliding mode
surface and the reaching law, respectively. The sliding mode
speed controller uq1 with single-loop structure can be derived
as (30)

ṡ = −m1|s|r2sign(s)−m2s (29)

uq1 = − 1

b

[
a(x) + ḋf + λ0

δ(κ) (x2 + df )

+λ1sig
p (x1) +m1|s|r2sign(s) +m2s

]
(30)

where m1 > 0, m2 > 0, 0 < r2 < 1.
In NRST+NDO, (11) is also selected as the sliding mode

surface. Besides, the NRST in [42] is presented as (31). The

Fig. 8. Comparison of overshoot and response time during startup. (a) Over-
shoot. (b) Response time.

corresponding controller can be derived as (32)

ṡ = −m3|s|1/2sign(s)−m4s+ v

v̇ = −m5sign(s)−m6s (31)

uq2 = − 1

b

[
a(x) + ḋf + λ0

δ(κ) (x2 + df )− v

+λ1sig
p (x1) +m3|s|1/2sign(s) +m4s

]
(32)

where m3 > 0, m4 > 0, m5 > 0, m6 > 0.
To ensure the fairness of the experiment and the credibility of

the results, the parameters in the d-axis current PI controller are
selected as Kp = 9, Ki = 100 among above-mentioned three
control strategies. The other control parameters are shown in
the Table II.

First, the control performance with three control strategies
is tested under different given speeds. The given speeds are
selected as 200, 600, and 1000 r/min, respectively. The initial
load torque is 0.5 Nm. The speed tracking curves of different
control strategies are shown in Fig. 6. When the given test speed
is 200 r/min, the overshoots under TRL+NDO, NRST+NDO,
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TABLE II
PARAMETERS OF THE CONTROLLER AND OBSERVER IN THREE CONTROL STRATEGIES

Fig. 9. Speed response curves with load disturbance. (a) 200 r/min. (b) 600 r/min. (c) 1000 r/min.

Fig. 10. D-q axis curves with load disturbance. (a) 200 r/min. (b) 600 r/min. (c) 1000 r/min.

and the proposed VRST+NDO are 16, 14, and 10 r/min, re-
spectively. The response time is around 0.24, 0.22, and 0.16 s,
respectively. The comparison of response time and speed over-
shoot with three control strategies under different given speeds
are shown in Fig. 8. The comparative results indicate that the
proposed VRST+NDO has shorter response time and smaller
overshoot. Besides, the d-q axis current curves at three control
strategies under different given speeds are shown in Fig. 7, As
seen in Fig. 7(c), the maximum current of q-axis is limited at
15 A.

B. Experiment 2

To verify the robustness of the proposed control scheme under
sudden load torque, the following antidisturbance experiments
will be tested. After the motor reaches the expected speed and
runs stably, the external disturbance of 3.5 Nm is abruptly added
at t = 5 s, and it is removed when t = 10 s. The load torque as
an external disturbance is provided by the load motor, which
is linked to the PMSM via a torque sensor to apply a constant
torque. The speed response curves of three control strategies
are shown in Fig. 9. When the motor runs stably at 600 r/min.
The speed drop with adding the external disturbances under

TRL+NDO, NRST+NDO, and the proposed VRST+NDO is 24,
20, and 19 r/min, respectively. The adjustment time is around
0.13, 0.11, and 0.07 s, respectively. The speed rise with removing
the external disturbances is 21, 19, and 17 r/min, respectively.
The adjustment time is around 0.19, 0.15, and 0.12 s, respec-
tively. The d-q axis current curves under sudden load disturbance
are shown in Fig. 10. After the load torque disturbance is added
and removed, the adjustment time to reach steady-state again
in different speeds is shown in Fig. 12. The comparison results
of speed fluctuation are shown in Fig. 13, the lower part shows
the speed drop of three methods when the load disturbance is
suddenly applied at t= 5 s, the upper part shows the speed rise of
three methods when the load disturbance is suddenly removed
at t = 10 s. The comparative results show that the proposed
VRST+NDO has the shortest adjustment time and the smallest
speed fluctuation under load torque disturbance.

In addition, the estimated waveforms of d̂, d̂h1, d̂h2, and
the lumped disturbances df = d̂+ d̂h1 + d̂h2 by the NDO are
shown in Fig. 11, respectively. It is worth noting that the
estimated aperiodic disturbances have a certain initial value
due to friction and no-load torque. Moreover, the higher the
angular velocity, the greater the estimated aperiodic disturbance
d̂. For estimated periodic disturbances, the results show that
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Fig. 11. Disturbance waveforms estimated by the NDO. (a) 200 r/min. (b) 600 r/min. (c) 1000 r/min.

Fig. 12. Comparison of adjustment time under sudden load torque disturbance.
(a) Loading. (b) Unloading.

Fig. 13. Comparison of speed fluctuation under sudden load torque.

the amplitude of periodic harmonic disturbance decreases with
increasing velocity. Therefore, harmonic disturbances at high
speeds can be ignored.

C. Experiment 3

To satisfy the actual control requirements, the control perfor-
mance of the proposed control strategy in stepped acceleration
and deceleration will be verified in this section. First, the motor
runs stably at 200 r/min, then the speed increases by 400 r at 4
and 8 s, respectively. The experimental result with acceleration
is shown in Fig. 14(a). Similarly, the motor runs stably at 1000
r/min, then the speed decreases by 400 r at 4 and 8 s, respectively.
The experimental result with deceleration is shown in Fig. 14(b).
It can be seen that the proposed VRST-NDO has fast and smooth
speed regulation performance.

Fig. 14. Speed curves under acceleration and deceleration. (a) Acceleration.
(b) Deceleration.

D. Experiment 4

Due to the influence of working environment, the parameters
of the motor may change during actual operation. To verify the
robustness with mismatched parameters, experimental verifica-
tion is completed by changing the relevant parameters in the
controller, such as Φ, Ls, Rs. First, when the motor runs stably
at 600 r/min, the initial value of the rotor flux Φ is changed by
±20% at t = 5 s. Fig. 15(a) shows the speed fluctuation curve
under changes in rotor flux. The results show that when the
rotor flux is increased by 20%, the speed fluctuation is around
40 r/min, and the recovery time is around t = 0.21 s. When the
rotor flux Φ is decreased by 20%, the speed fluctuation is around
30 r/min, and the recovery time is about t = 0.09 s. It can be seen
that the change of rotor flux Φ will have a significant impact on
the stable operation of the motor, but the controller can respond
quickly, and the speed can return to the expected speed in a very
short period of time.

Second, when the motor runs stably at 600 r/min, the initial
value of the stator resistance Rs is changed by ±50% at t = 5 s.
Fig. 15(b) shows the speed fluctuation curves under the change
of stator resistance Rs. The results show that no matter when the
stator resistance is increased by 50% or decreased by 50%, the
speed curves have no significant change.

Finally, when the motor runs stably at 600 r/min, the initial
value of the stator inductance Ls is changed by ±50% at t = 5 s.
The speed fluctuation curves are shown in Fig. 15(c). The results
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Fig. 15. Speed fluctuation curves under parameter variations. (a) Rotor flux. (b) Stator resistance. (c) Stator inductance.

Fig. 16. Steady-state performance of VRST+STO. (a) Speed waveform at 100 r/min. (b) Fourier analysis at 100 r/min. (c) Speed waveform at 200 r/min.
(d) Fourier analysis at 200 r/min. (e) Speed waveform at 600 r/min. (f) Fourier analysis at 600 r/min.

Fig. 17. Steady-state performance of VRST+NDO control strategy. (a) Speed waveform at 100 r/min. (b) Fourier analysis at 100 r/min. (c) Speed waveform at
200 r/min. (d) Fourier analysis at 200 r/min. (e) Speed waveform at 600 r/min. (f) Fourier analysis at 600 r/min.

show that when the stator inductance Ls is increased by 50%,
the speed fluctuation is about 8 r/min, and the recovery time is
around t = 0.08 s. when the stator inductance Ls is decreased by
50%, the speed fluctuation is about 19 r/min, and the recovery
time is around t = 0.30 s. In summary, the proposed control
strategy VRST+NDO has strong robustness under parameter
variations.

E. Experiment 5

To verify the harmonic suppression performance of the pro-
posed NDO, the speed tracking accuracy between the VRST
controller combined with the supertwisting disturbance ob-
server [43] (VRST+STO) and the proposed control strategy
of VRST+NDO will be compared. Subsequently, the Fourier
analysis of the steady-state speed will be completed. The speed
waveforms of 100, 200, and 600 r/min with VRST+STO control
strategy are shown in Fig. 16(a), (c), and (e), respectively. For

100 r/min, Fig. 16(b) shows that the first (6.67 Hz) and the
second (13.33 Hz) harmonic is 5.2% and 0.55%, respectively.
For 200 r/min, Fig. 16(d) shows that the first (13.33 Hz) and
the second (26.67 Hz) harmonic is 1.49% and 0.19%, respec-
tively. For 600 r/min, Fig. 16(f) shows that the first (40 Hz)
and the second (80 Hz) harmonic is 0.14% and 0.03%, respec-
tively. The speed waveforms of 100, 200, and 600 r/min under
VRST+NDO control strategy are shown in Fig. 17(a), (c), and
(e), respectively. For 100 r/min, Fig. 17(b) shows that the first
(6.67 Hz) and the second (13.33 Hz) harmonic is 1.6% and
0.35%, respectively. For 200 r/min, Fig. 17(d) shows that the
first (13.33 Hz) and the second (26.67 Hz) harmonic is 0.46%
and 0.06%, respectively. For 600 r/min, Fig. 17(f) shows that
the first (40 Hz) and the second (80 Hz) harmonic is 0.1% and
0.02%, respectively. The results show that the first and second
harmonics are effectively reduced under the action of the NDO,
the designed composite controller has excellent speed tracking
accuracy.
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VI. CONCLUSION

In this article, a VRST sliding mode single-loop control
strategy based on NDO is proposed to improve the speed control
performance of PMSM. In addition, considering the overcurrent
protection in a single-loop control structure, an improved q-axis
current penalty function is embedded in the controller to better
balance current protection and dynamic performance. Finally,
a series of experiments are conducted on an RT-SIM surface-
mounted PMSM experimental platform. The experimental re-
sults demonstrate that the proposed VRST+NDO composite
control strategy not only exhibits fast transient response, small
overshoot, exceptional robustness against load torque and pa-
rameter mismatch, but also has a good overcurrent protection
effect. Besides, the first and second harmonic disturbances can
be effectively suppressed by NDO, thus, the speed fluctuation is
reduced, and the control accuracy is improved.
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