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Abstract—The dual three-phase permanent magnet synchronous
motor (DTP-PMSM) has wide applications in fields such as wind
power generation, electric vehicles, and flywheel energy storage.
Reducing the current harmonics of the DTP-PMSM is benefi-
cial for enhancing operational efficiency, diminishing noise and
vibration, and improving electromagnetic compatibility, which is
of significant importance for boosting the overall performance of
the system. This article focuses on the current harmonic minimum
pulse width modulation (CHMPWM) for the surface-mounted
DTP-PMSM with a 3L-NPC inverter and an output filter. Based
on the system model, the relationship between the switching an-
gles and the harmonic current of the motor is derived, and the
mathematical model of CHMPWM is established. Furthermore,
the optimal switching angles that minimize the current harmonics
can be obtained by solving the established optimization problem.
The proposed CHMPWM takes into account the effect of filter and
motor parameters on the current harmonic characteristics, which
is the main difference from the conventional CHMPWM. Simu-
lation and experimental studies were conducted on a 1 MW/40MJ
flywheel energy storage system, and the results show that compared
to sine PWM and space vector PWM, the current harmonics of the
proposed CHMPWM are reduced by more than 40% on average.
Compared to the conventional CHMPWM, the proposed CHM-
PWM further reduces the current harmonics by more than 20%
on average and exhibits good robustness to motor parameters.

Index Terms—3L-NPC inverter, current harmonic minimum
pulse width modulation (CHMPWM), dual three-phase permanent
magnet synchronous motor (DTP-PMSM), output filter.

I. INTRODUCTION

A S AN important piece of power equipment in modern
industry, the performance and efficiency of motors directly

affect the energy consumption and productivity of the whole
society. Dual three-phase permanent magnet synchronous motor
(DTP-PMSM) has the advantages of high torque density, low
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torque pulsation, high efficiency, and high reliability and has
been widely used in the fields of wind power generation, electric
vehicles, intelligent manufacturing, flywheel energy storage,
rectifier power generation for ships and vehicles, and permanent
magnet propulsion [1], [2], [3].

Current harmonics are one of the key indicators of the mo-
tor system, which will bring different degrees of harm to the
equipment and system. Many countries and regions have clear
requirements on the current harmonic content of the motor
system. Strict control of current harmonics in motor systems can
enhance machine efficiency, improve electromagnetic compat-
ibility, increase control precision, reduce noise and vibration,
prolong the lifespan of the machines, enhance the stability of
the system, etc., which is crucial for enhancing the overall
performance of the system [4], [5].

Pulse width modulation (PWM) is one of the core technolo-
gies in power electronics and directly determines the distribution
of current harmonics. PWM strategies primarily include sine
PWM (SPWM) [6], [7], space vector PWM (SVPWM) [8],
[9], intermediate 60◦ modulation [10], [11], selected harmonic
elimination PWM (SHEPWM) [12], [13], current harmonic
minimum PWM (CHMPWM) [14], [15], [16], and their re-
spective variants. SPWM and SVPWM are favored for their
clear principles and ease of engineering implementation, and
as such, they have been extensively researched and applied.
However, the harmonic characteristics of SPWM and SVPWM
are suboptimal due to the lack of consideration for system
characteristics. It is usually necessary to increase the switching
frequency to reduce the current harmonic. This design method,
which relies on improving the switching frequency to ensure
system performance, has great limitations, such as reducing the
system efficiency and power density, increasing the volume and
weight of heat dissipation components, shortening the service
life of power devices, etc [17].

Intermediate 60◦ modulation is mainly used in low carrier
ratio conditions, but it only ensures that the output fundamental
voltage is in accordance with the voltage command without any
optimization of the current harmonics [10]. SHEPWM com-
pletely eliminates a number of specified harmonics and is par-
ticularly suited to railroad traction systems because it achieves
complete elimination of low-frequency torque pulsations at low
switching frequencies. However, SHEPWM does not guarantee
that the current total harmonic distortion (THD) is minimized,
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and the lowest uncanceled harmonic content increases signifi-
cantly [18].

Current harmonic minimum pulse width modulation (CHM-
PWM) is a very promising PWM technique by establishing
the mathematical relationship between the switching angle and
the fundamental and harmonics of the current and then find-
ing the optimal solutions to make the system have the theo-
retical minimum current harmonics. Earlier CHMPWM used
the minimized weighted total harmonic distortion (WTHD) as
the optimization objective to calculate the optimal switching
angle, which is suitable for three-phase asynchronous motors
and three-phase surface-mounted PMSMs [19], [20], [21]. The
mathematical model of WTHD cannot describe the effect of
the salient pole characteristics on the harmonic currents of the
PMSM, so the literature [22] proposes the optimization index
of harmonic currents of the electrically-excited synchronous
motors by considering salient pole characteristics, which is
also applicable to three-phase PMSMs under zero d-axis volt-
age conditions. The authors in [15] proposed a CHMPWM
that simultaneously considers the salient pole characteristic
and the load angle, which further broadens its applicability to
PMSMs.

The mathematical model of DTP-PMSM is more complex
compared to three-phase PMSM, which creates a challenge
for accurate modeling of CHMPWM. A CHMPWM for DTP-
PMSM was proposed in [23] and considered the effects of the
salient pole ratio, the leakage inductance, and the load angle.
In [24], the difference between three-phase PMSM and DTP-
PMSM drives was analyzed, and a CHMPWM-based model pre-
dictive pulse pattern control (MP 3 C) scheme was proposed for
the DTP-PMSM. The two-level inverter without output filters,
which is widely used in all kinds of power electronic equipment,
was employed in [23] and [24].

CHMPWM has been extensively studied in recent years [19],
[20], [23], [25], [26], [27], [28], [29], [30], [31], which shows
that it is quite meaningful work to study CHMPWM under differ-
ent topologies, filters, and load types. In this article, CHMPWM
is investigated for DTP-PMSM systems with 3L-NPC topology
and various output filters, such as L, LC, LRC, LCL, and LRCL
filters. To the best of the authors’ knowledge, no similar research
work is available. The proposed CHMPWM can further reduce
the current harmonic content of DTP-PMSM systems, which is
especially suitable for application scenarios with stringent power
quality requirements, such as flywheel energy storage systems
that are currently booming.

In addition, the current THD constraint is an important factor
to be considered in filter design. By solving the filter parameter
optimization problem considering the current THD constraint,
the filter parameters with minimum cost/volume/weight can be
obtained. The proposed method can accurately calculate the
current THD under the specified filter parameters, which lays a
valuable theoretical foundation for the optimal design of filters.
However, it is important to note that designing the optimal filter
is a complex task. The optimal switching angles, which influence
the current THD, are contingent on the filter parameters. As a
result, multiple iterations are necessary to achieve the optimal
filter design.

Fig. 1. Surface-mounted DTP-PMSM system based on 3L-NPC inverter with
output filter.

The rest of this article is organized as follows. In Sec-
tion II, the mathematical model of CHMPWM for the surface-
mounted DTP-PMSM is established. In Section III, the calcu-
lation method of switching angles and performance analysis of
the proposed CHMPWM are provided. In Section IV, simulation
and experimental studies are performed to demonstrate the effec-
tiveness of the proposed scheme. Finally, Section V concludes
this article.

II. MATHEMATICAL MODELING OF CHMPWM FOR

SURFACE-MOUNTED DTP-PMSM

A surface-mounted DTP-PMSM system based on a 3L-NPC
inverter with an output filter is shown in Fig. 1. The DTP-PMSM
is composed of ABC winding and XYZ winding, both of which
are connected in a star shape, and the center points are isolated
without grounding. The A phase leads the X phase by 30◦

electrical degree. The mathematical model of the system shown
in Fig. 1 is given as

u′
sO = u′

s + uNO (1a)

u′
s = G−1us (1b)

us = Rsis +
dΨs

dt
(1c)

Ψs = Lsis + γsψf (1d)

where

u′
sO = [uA′O, uB′O, uC ′O, uX ′O, uY ′O, uZ ′O]

T (2a)

u′
s = [uA′N1

, uB′N1
, uC ′N1

, uX ′N2
, uY ′N2

, uZ ′N2
]T (2b)

us = [uAN1
, uBN1

, uCN1
, uXN2

, uY N2
, uZN2

]T (2c)

uNO = [uN1O, uN1O, uN1O, uN2O, uN2O, uN2O]
T (2d)

is = [iA, iB , iC , iX , iY , iZ ]
T (2e)

Ψs = [ψA, ψB , ψC , ψX , ψY , ψZ ]
T (2f)

Rs = RsI6 (2g)
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and

γs =

[
cos θe, cos

(
θe − 2π

3

)
, cos

(
θe +

2π

3

)
,

cos
(
θe − π

6

)
, cos

(
θe − 5π

6

)
, cos

(
θe +

π

2

)]T

Ls =

[
Ls1s1 Ls1s2

Ls2s1 Ls2s2

]
,Ls2s2 = Ls1s1,Ls2s1 = LT

s1s2

Ls1s1 = Laa1I3 + Laadq

⎡
⎣ 1 − 1

2 − 1
2− 1

2 1 − 1
2− 1

2 − 1
2 1

⎤
⎦

Ls1s2 = Laadq

⎡
⎢⎣

√
3
2 −

√
3
2 0

0
√
3
2 −

√
3
2

−
√
3
2 0

√
3
2

⎤
⎥⎦ . (3)

In the above equations, u′
sO is the output voltage vector of the

inverter relative to the inverter midpoint O. u′
s is the output

voltage vector of the inverter relative to the neutral points N1

and N2 of ABC and XYZ windings. us is the phase voltage
vector of the DTP-PMSM. G is the transfer function, which is
determined by the output filter and the motor parameters.uNO is
the voltage vector between N1, N2, and O. is is the phase current
vector of the DTP-PMSM. Ψs is the magnetic flux vector, Rs

is the resistance matrix, Ls is the inductance matrix, γs is the
magnetic flux coefficient vector, ψf is the permanent magnet
flux linkage, and Rs is the phase resistance. θe is the electrical
angle, i.e., the angle between the N-pole of the rotor and the
axis of the A-phase winding. I6 and I3 are the 6th and 3rd order
identity matrices, respectively. Ls1s1 is the inductance matrix
of the ABC winding; Ls2s2 represents the inductance matrix
of the XYZ winding; Ls1s2 and Ls2s1 represent the mutual
inductance matrices between the ABC and XYZ windings.Laa1

is the leakage inductance, andLaadq is the main self-inductance
in the dq-axis.

For the system shown in Fig. 1, the inverter output voltageu′
sO

using CHMPWM has the characteristics of half-wave symme-
try and quarter-wave symmetry and only contains (6k ± 1)th
harmonic (k = 1, 2, 3, · · · ). Therefore, u′

sO can be described
as [24]

uA′O =

∞∑
n=1,5,7,···

Un sin(nθ1)

uB′O =

∞∑
n=1,5,7,···

Un sin

[
n

(
θ1 − 2π

3

)]

uC ′O =

∞∑
n=1,5,7,···

Un sin

[
n

(
θ1 +

2π

3

)]

uX ′O =

∞∑
n=1,5,7,···

Un sin(nθ2)

uY ′O =

∞∑
n=1,5,7,···

Un sin

[
n

(
θ2 − 2π

3

)]

Fig. 2. A-phase voltage pulse waveform of CHMPWM.

uZ ′O =

∞∑
n=1,5,7,···

Un sin

[
n

(
θ2 +

2π

3

)]
(4)

where θ1 = ωet, θ2 = θ1 − π/6, ωe is the electrical angular
speed, n is the harmonic order, Un is the amplitude of the nth
harmonic voltage and is expressed as [32]

Un =
2Udc

nπ

N∑
i=1

(−1)i+1 cos(nαi) (5)

where Udc is the dc bus voltage, N is the number of switching
angles between 0◦ and 90◦, corresponding to a carrier ratio of
2N + 1, αi is the switching angle of the ith switching event.
The waveform of the A-phase voltage pulse is shown in Fig. 2.

According to the principle of constant magnetic potential [33]
and combining (1) and (4), the voltages of the DTP-PMSM under
αβ coordinates can be transformed to the following expressions:

uα1 = GU1 sin θ1 +G

∞∑
k=1

{U−
k sin k−θ1 + U+

k sin k+θ1}

uβ1 = −GU1 cos θ1 +G

∞∑
k=1

{U−
k cos k−θ1 − U+

k cos k+θ1}

uα2 = GU1 sin θ2 +G

∞∑
k=1

{U−
k sin k−θ2 + U+

k sin k+θ2}

uβ2 = −GU1 cos θ2 +G
∞∑

k=1

{U−
k cos k−θ2 − U+

k cos k+θ2} (6)

where

U−
k = U6k−1, U

+
k = U6k+1 (7a)

k−θ1 = (6k − 1)θ1, k
−
θ2

= (6k − 1)θ2 (7b)

k+θ1 = (6k + 1)θ1, k
+
θ2

= (6k + 1)θ2 (7c)

and uα1, uβ1 are the voltages of ABC winding, and uα2, uβ2 are
the voltages of XYZ winding.

The angular relationships in different coordinate systems are
shown in Fig. 3, whereψr is the angle between the phase voltage
vector us1 of the ABC winding and the d axis. Therefore, we
can get

θe = θ1 − ψr − π

2
· (8)

As CHMPWM is mainly used at medium and high speeds,
the phase resistance Rs in (1) can be neglected approximately.
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Fig. 3. Angular relationships in different coordinate systems.

Therefore, the relationship between the output current and volt-
age can be expressed as follows:

is = L−1
s

[∫
(us + ωeψfβs)dt

]
(9)

where

βs =

[
sin θe, sin

(
θe − 2π

3

)
, sin

(
θe +

2π

3

)
,

, sin
(
θe − π

6

)
, sin

(
θe − 5π

6

)
, sin(θe +

π

2
)

]T
. (10)

Define the Clarke transformation matrix T6s as

T6s =

[
T3s O3

O3 T3s

]
,T3s =

2

3

⎡
⎣1 − 1

2 − 1
2

0
√
3
2 −

√
3
2

1
2

1
2

1
2

⎤
⎦ (11)

where O3 is the third order zero matrix.
Combining (9) and (11), the relationship between the output

current and voltage in αβ-axis can be expressed as

iαβo = L1

∫
uαβodt+ ωeψfM1

∫
βsdt (12)

where

uαβo = [uα1, uβ1, uo1, uα2, uβ2, uo2]
T (13a)

iαβo = [iα1, iβ1, io1, iα2, iβ2, io2]
T (13b)

L1 = T6sL
−1
s T−1

6s ,M1 = T6sL
−1
s (13c)

anduo1, uo2, io1, io2 are zero-sequence voltage and current com-
ponents.

Combining (6), (8), and (12), the mathematical relationship
between the output current and voltage of ABC winding in the
two-phase stationary coordinate system can be derived as

iFα1 = − σ

ωeLaa1
[GU1 cos θ1 − ψfωe sin(ψr − θ1)]

iFβ1 = − σ

ωeLaa1
[GU1 sin θ1 − ψfωe cos(ψr − θ1)] (14)

and

iHα1 =
−G

ωeLaa1

⎡
⎣ ∞∑
k=1,3,5,···

(
U−
k

6k − 1
cos k−θ1 +

U+
k

6k + 1
cos k+θ1

)

+σ
∞∑

k=2,4,6,···

(
U−
k

6k − 1
cos k−θ1 +

U+
k

6k + 1
cos k+θ1

)⎤⎦

Fig. 4. Equivalent circuit of the system with the LRCL filter.

iHβ1 =
G

ωeLaa1

⎡
⎣ ∞∑
k=1,3,5,···

(
U−
k

6k − 1
sin k−θ1 −

U+
k

6k + 1
sin k+θ1

)

+σ

∞∑
k=2,4,6,···

(
U−
k

6k − 1
sin k−θ1 −

U+
k

6k + 1
sin k+θ1

)⎤⎦
(15)

where iFα1, i
F
β1 are the fundamental currents, iHα1, i

H
β1 are the

harmonic currents, and

σ =
Laa1

Laa1 + 3Laadq
· (16)

According to (15), the amplitude of the nth harmonic current
can be derived as follows:

in =
GUn

nωeLM
(17)

where

LM =

⎧⎨
⎩
Laa1, (n = 6k ± 1, k = 1, 3, 5, · · · )

Laa1 + 3Laadq, (n = 6k ± 1, k = 2, 4, 6, · · · )
(18)

The transfer function G is dependent on the type of the output
filter. The equivalent circuit of the system with the LRCL filter
is shown in Fig. 4, and other types of filters can be regarded as
special cases of the LRCL filter, such as L, LC, LRC, and LCL.
According to Kirchhoff’s laws, the following relationship can
be derived:

in +
sLf1in +GUn

Rf + 1
sCf

=
Un − (sLf1in +GUn)

sLf
(19)

where Lf and Lf1 are the filter inductances, Rf is the damping
resistance, and Cf is the filter capacitor. Combining (17), (18),
and (19), the transfer function G can be solved as follows:

G =
B0s+B1

A0s2 +A1s+A2
(20)

where

A0 = CfLMLf + CfLfLf1

A1 = CfLMRf + CfLfRf + CfLf1Rf

A2 = LM + Lf + Lf1

B0 = CfLMRf

B1 = LM . (21)

Define G±
k as the amplitude gain of G at frequency ω = (6k ±

1)ωe. According to (20), we have

G±
k =

√
(B0ω)2 +B2

1

(A2 −A0ω2)2 + (A1ω)2
· (22)
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Substitute (20) into (15), and we can derive the harmonic current
RMS value as follows:

iHRMS =
1√

2ωeLaa1

JH (23)

where

JH =

√∑∞
k=1,3,5,··· Ck + σ2

∑∞
k=2,4,6,··· Ck (24a)

Ck =

(
G−

kU
−
k

6k − 1

)2

+

(
G+

k U
+
k

6k + 1

)2

· (24b)

To minimize the THD of all harmonic currents, the current
THD is defined as

THD =
iHRMS

iFRMS

=
1

iFRMS

1√
2ωeLaa1

JH (25)

where iFRMS is the RMS value of fundamental current. Consid-
ering that 1/(

√
2ωeLaa1) is a constant for a specified working

condition and JH is proportional to the current THD. Therefore,
JH can be seen as equivalent to the current THD in the steady
state. Then, the mathematical model of CHMPWM for the
surface-mounted DTP-PMSM system with a 3L-NPC inverter
and output filters can be set up as

min : JH

s.t. :

{∑N
i=1(−1)i+1 cos(αi) =

πU1

2Udc
� m

0 < α1 < α2 < · · · < αN < π
2

(26)

where m ∈ [0, 1] is the modulation ratio.

III. SWITCHING ANGLE CALCULATION AND PERFORMANCE

ANALYSIS

According to (22), (24), and the mathematical model of CHM-
PWM shown in (26), the optimal switching angle α(m,ωe) =
[α1, α2, . . . , αN ]depends on the modulation ratiom and the fun-
damental frequency ωe. Algorithm 1 provides the pseudocodes
for solving the optimal switching angle α.

A. Performance Analysis Using an L Filter

For the convenience of comparison with the existing CHM-
PWM algorithms, the output filter is selected as an L filter, and
(22) can be simplified as

G±
k =

LM

LM + Lf
(27)

which is independent of ωe. In this case, the optimal switching
angle only depends on the modulation ratiom. Rewrite (25) and
(24), we can get

THD =
1

iFRMS

1√
2ωe(Laa1 + Lf )

JH (28a)

JH =

√∑∞
k=1,3,5,··· Ck0 + μ2

∑∞
k=2,4,6,··· Ck0 (28b)

Ck0 =

(
U−
k

6k − 1

)2

+

(
U+
k

6k + 1

)2

(28c)

μ =
Laa1 + Lf

Laa1 + 3Laadq + Lf
· (28d)

Algorithm 1: Pseudocodes for Solving the Optimal Switch-
ing Angle of the Proposed CHMPWM.

\\ Harmonic order up to 200;
1: for ωe = ωe1, ωe2, . . . , ωeM do
2: for m = 0.01, 0.02, . . . , 1 do
3: Set JH(m,ωe) = ∞;
4: for j = 1, 2, . . . , 500 do
5: Initialize αj(m,ωe) randomly and ensure

0 < α1 < α2 < · · · < αN < π
2 ;

6: Solve αj(m,ωe) and Jj
H(m,ωe) for the

optimization problem (26) using the ’fmincon’
function in Matlab;

7: if Jj
H(m,ωe) < JH(m,ωe) then

8: Set JH(m,ωe) = Jj
H(m,ωe) and

α(m,ωe) = αj(m,ωe);
9: end if

10: end for
11: end for
12: end for
13: Store all solved optimal switching angles.

Fig. 5. Optimal switching angles of the proposed and conventional CHMPWM
using an L filter with different N .

In [20], the objective function JHconv of the conventional CHM-
PWM was derived based on WTHD, as follows:

JHconv =

√∑∞
k=1,2,3,··· Ck0. (29)

It can be seen that compared with the objective function JHconv,
the proposed objective function JH considers the influence of
the dq-axis main self-inductance Laadq and the filter parameter
Lf on the current THD. Therefore, for the surface-mounted
DTP-PMSM system based on the 3L-NPC inverter with output
filter, the minimization of the objective functions JHconv is
not equivalent to minimizing the current THD. If other types
of filters as shown in Fig. 1 are employed, such as LC, LRC,
LCL, and LRCL, the conventional CHMPWM in [20] not only
cannot minimize the current THD, but also may cause resonance
problems due to the presence of filtering capacitors.

Fig. 5 shows the optimal switching angles of the proposed
and conventional CHMPWM using an L filter with different N ,
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Fig. 6. Robustness of the proposed CHMPWM to the main self-inductance
Laadq using an L filter with different N .

Fig. 7. Objective function value JH of the proposed CHMPWM using an L
filter with different N and Laadq .

Fig. 8. Objective function value JH of the proposed CHMPWM using an
LRCL filter under different conditions.

Fig. 9. Robustness of the proposed CHMPWM to leakage inductance Laa1

using an LRCL filter under different conditions.

TABLE I
MAIN PARAMETERS OF THE FLYWHEEL ENERGY STORAGE SYSTEM

where the results of the proposed CHMPWM are obtained based
on the DTP-PMSM system parameters shown in Table I. It can
be seen that the optimal switching angles of the two methods
are discontinuous throughout the entire modulation ratio range
in the N ≥ 2 case. Moreover, the optimal switching angles of
the two methods are consistent when N = 1. As N increases,
the distribution difference of the switching angles gradually
increases.

The objective function value defined in (28b) depends on
the parameter μ, which is decided by Laadq , Laa1, and Lf

according to (28d). Fig. 6 provides the robustness of the proposed
CHMPWM to the main self-inductance Laadq using an L filter
with different N based on the parameters listed in Table I.
The objective function values are all calculated via (28b) using
Laadq = 1.0 p.u., which is the actual evaluation of harmonic
characteristics. In the Laadq = 1.0 p.u. case, the JH value of
the proposed method is significantly smaller than that of the
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TABLE II
FILTER PARAMETERS AND CHARACTERISTICS

Fig. 10. System control structure diagram.

conventional method, and even in some modulation ratio inter-
vals, the reduction amplitude approaches 50%, which means that
the new method can significantly reduce the harmonic content.
Moreover, it can be seen that even when mismatched parameters
are used to calculate the optimal switching angles, the actual
objective function value JH is still less than the conventional
CHMPWM, which shows that the proposed method has favor-
able robustness.

Further analysis shows that as Laadq is close to 0, the JH
value also gradually approaches the objective function value of
the conventional CHMPWM. However, this change is not linear
relative to Laadq . Taking the case of Laadq = 0.03 p.u. as an
example, when N = 3 or N = 4, the JH value is very close to
that of the conventional CHMPWM. However, when N = 7 or
N = 11, there is a significant deviation from the JH value of
the conventional CHMPWM near m = 0.3. This phenomenon
is indeed difficult to explain accurately. One possible reason is
that the mathematical model of CHMPWM is rather complex,
especially when the number of switching angles N is large, its
complexity is further increased. In some cases, even if the two
sets of parametersLaadq are close, the optimal solutions and the
corresponding objective function value JH may have significant
differences.

Fig. 7 shows the objective function value JH of the pro-
posed CHMPWM using an L filter with different N and Laadq .
It is obvious that JH is inversely proportional to the main
self-inductance Laadq , which means that the harmonic content
increases with the decrease of Laadq .

B. Performance Analysis Using an LRCL Filter

Fig. 8 shows the objective function value JH of the proposed
CHMPWM using an LRCL filter under different conditions, in
which the base values of the fundamental frequency ωe and the
LRCR filter parameters are shown in Tables I and II, respectively.
When the filter capacitance Cf of the LRCR filter is increased,

Fig. 11. Performance comparison of different modulation strategies at
speed n = 0.5 p.u. (a) SPWM (THD=3.84%). (b) SVPWM (THD=3.78%).
(c) Conventional CHMPWM (THD=2.57%). (d) The proposed CHMPWM
(THD=1.84%).

the cutoff frequency decreases and the harmonic suppression
ability is enhanced by the characteristics of the filter, so that the
objective function value JH decreases with the increase of Cf .
In addition, as ωe increases, the harmonic frequencies increase
simultaneously and the harmonic can be more easily filtered out
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due to the constant cutoff frequency of the filter. Therefore, when
the filter parameters remain unchanged, the objective function
value JH decreases as ωe increases.

Fig. 9 provides the robustness of the proposed CHMPWM to
leakage inductance Laa1 using an LRCL filter under different
conditions, in which the base values of ωe, the leakage induc-
tance Laa1 and the LRCR filter parameters are listed in Tables I
and II. Define L̂aa1 as the mismatched leakage inductance and
ΔLaa1 = Laa1 − L̂aa1. It can be seen that the objective function
JH is close to the optimal value when the leakage inductance
Laa1 has a mismatch of +0.5 p.u. or −0.5 p.u. at different funda-
mental frequencies. This indicates that the proposed CHMPWM
has good robustness to Laa1.

In addition, compared to SPWM and SVPWM, the main
limitations of CHMPWM are manifested in the following four
aspects.

1) The implementation in engineering is more complex and
its dynamic performance is not as good as that of SPWM
and SVPWM.

2) It can only be applied under medium to high rotational
speeds.

3) When the type or parameters of the load change, it may
be necessary to recalculate the optimal switching angles.

4) Storing the optimal switching angles requires a certain
amount of memory resources.

However, the main advantage of CHMPWM is that it has the
minimum current THD at the same carrier ratio, which is of
great significance for some applications that require low current
THD.

IV. SIMULATION AND EXPERIMENTAL STUDIES

In the simulation and experimental studies, a flywheel energy
storage system with a capacity of 1 MW/40MJ is taken as
the research object. The main parameters are listed in Table I.
Since the system has high requirements for current harmonics
and takes into account constraints such as heat dissipation and
efficiency, the number of switching angles is selected as 11.

Fig. 10 provides the system control structure diagram. Speed
control and current control are implemented in Digital Signal
Processing, while the CHMPWM algorithm is implemented in
Field-Programmable Gate Array (FPGA). The subscripts “1”
and “2”, respectively, denote the corresponding state variables
of the two sets of windings in the ABC and XYZ frames.
The phase-locked loop (PLL) is used to achieve high-precision
reconstruction of the position signal, thereby enhancing the
performance of CHMPWM [34]. The optimal switching angle
α is calculated offline by Algorithm 1. When the output filter
has a filtering capacitor, α is a function of the modulation ratio
m and the electrical angular velocity ωe. When an L filter is
used, α is solely determined by m. α is stored in a table format
in the flash memory, and is obtained through the table lookup
method in practical applications. Ultimately, the drive pulses are
generated by the PWM generator.

Compared to SPWM and SVPWM, the implementation com-
plexity of the proposed CHMPWM is primarily manifested in
three aspects. First, it needs to calculate the optimal switching

Fig. 12. Performance comparison of different modulation strategies at
speed n = 1.0 p.u. (a) SPWM (THD=3.88%). (b) SVPWM (THD=3.20%).
(c) Conventional CHMPWM (THD=2.95%). (d) The proposed CHMPWM
(THD=2.34%).

Fig. 13. Robustness of the proposed CHMPWM to system parameters.
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Fig. 14. Performance comparison with different types of filters at speed
n = 0.5 p.u. (a) LC (THD=1.48%). (b) LRC (THD=1.17%). (c) LCL
(THD=1.16%). (d) LRCL (THD=0.74%).

angle offline and recalculate it when the load type or parame-
ters change. Then, in terms of engineering implementation, the
optimal switching angles need to be stored in flash memory and
obtained in real-time through a look-up table, which will take up
some storage resources. TakingN=11 as an example, when the
step size of the modulation ratiom is 0.01 and an L filter is used,
at least 2200 b of storage space is required. More storage space
will be occupied when there are filter capacitors, depending on
the choice of the step size of the electrical angular velocity
ωe. Finally, a PLL is used in the implementation to improve
the performance of the CHMPWM, which also consumes some
computational resources.

A. Simulation Results With an L Filter

The performance of the proposed CHMPWM, SPWM,
SVPWM, and conventional CHMPWM is analyzed and

Fig. 15. Performance comparison with different types of filters at speed
n = 1.0 p.u. (a) LC (THD=1.18%). (b) LRC (THD=0.93%). (c) LCL
(THD=0.88%). (d) LRCL (THD=0.72%).

evaluated when an L filter is used. The carrier ratio for both
SPWM and SVPWM is 23, and the number of switching angles
for both the conventional and the proposed CHMPWM is 11.
The four PWM strategies have the same equivalent switching
frequency.

Figs. 11 and 12 show the performance comparison of current
waveforms and harmonic content of the four modulation strate-
gies under different operating conditions. At speed n = 0.5 p.u.,
the current THD content of SPWM, SVPWM, the conventional
CHMPWM, and the proposed CHMPWM are 3.84%, 3.78%,
2.57%, and 1.84%, respectively. At speed n = 1.0 p.u., they are
3.88%, 3.20%, 2.95%, and 2.34%, respectively.

According to the objective function (24a), it can be seen that
the optimization results of the proposed CHMPWM depend
on the accuracy of the parameter μ defined in (28d), which is
decided by Lf , Laa1, and Laadq . Considering that parameter μ
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Fig. 16. Current THD comparison for the five types of filters from speed
n = 0.5 p.u. to n = 1.0 p.u.

can be varied between 0 and 1 by varying Laadq , the robustness
of the proposed CHMPWM to parameter Laadq is investigated,
just as shown in Fig. 13. When the parameter Laadq is accurate,
the current THD of the proposed CHMPWM is reduced by an
average of 46%, 40%, and 24% compared to SPWM, SVPWM,
and the conventional CHMPWM from speed n = 0.5 p.u. to
n = 1.0 p.u., respectively. When parameter Laadq has a devi-
ation of −50% or +100%, the current THD of the proposed
CHMPWM is still significantly smaller than the other three
traditional modulation strategies.

B. Simulation Results With Other Types of Filters

Simulation studies are carried out for other types of filters.
The filter parameters and characteristics are shown in Table II,
including LC, LRC, LCL, and LRCL. The optimal filter param-
eter design needs to comprehensively consider constraints such
as cost, volume and weight, filtering effect, reactive current,
damping resistance loss, resonant frequency, and so on. The
design process is complex and not the focus of this article,
so it is not introduced in detail. The filter parameters given in
Table II are simple and feasible combinations, mainly to verify
the performance of the proposed CHMPWM under different
filters. The internal resistance of the filter capacitor is 1.1 mΩ,
and Fre,Mre, and Fc are the resonant frequency, resonant peak,
and cutoff frequency respectively. In combination with Fig. 4 and
(18), it can be seen that the filter characteristics are related to the
harmonic order, which is the main difference from traditional
filters. The optimal switching angles are calculated according to
Algorithm 1 and the step size of the electrical angular velocity
ωe is selected as 0.05 p.u.

Figs. 14 and 15 show the performance comparison with
different types of filters under different operating conditions.
At speed n = 0.5 p.u., the current THD content using LC, LRC,
LCL, and LRCL filters are 1.48%, 1.17%, 1.16%, and 0.74%,
respectively. At speed n = 1.0 p.u., they are 1.18%, 0.93%,
0.88%, and 0.72%, respectively. The proposed CHMPWM can
suppress the harmonic around the resonance frequency even
without damping resistors. The current THD is further reduced
with the use of damping resistors.

Fig. 17. Experimental platform.

Fig. 18. Experimental results at speed n = 0.5 p.u. (a) Conventional CHM-
PWM (THD=3.51%). (b) The proposed CHMPWM (THD=2.42%).

Fig. 16 provides the current THD comparison for the five
types of filters from speed n = 0.5 p.u. to n = 1.0 p.u. It can be
seen that the current THD content of the L filter is the largest.
When a filter capacitor is used, the current THD is less than
1.5%, especially the current THD of the LRCL filter is less than
1%.

Given that the optimal switching angles are influenced by the
filter parameters, the patterns applied for each filter are different.
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Fig. 19. Experimental results at speed n = 0.75 p.u. (a) Conventional CHM-
PWM (THD=3.30%). (b) The proposed CHMPWM (THD=2.45%).

Consequently, the comparisons presented in Figs. 14, 15, and 16
are useful only for selecting between different types of filters.

C. Experimental Results

The flywheel energy storage system consists of an inverter
with dual three-phase 3L-NPC topology, an L filter, and a
surface-mounted DTP-PMSM. It is mainly used in rail trans-
portation, power grid frequency modulation, and other fields.
The accompanying test equipment mainly includes an oscillo-
scope and a computer. The entire experimental platform is shown
in Fig. 17. When the flywheel energy storage system is charged
or discharged at rated power, its speed always changes, so there
is no real steady state. Considering that the flywheel has a large
moment of inertia (43.2 kg·m2) and the speed changes very
slowly, the system can be considered to be in an approximate
steady state in several fundamental wave periods, and the output
current can be analyzed by Fourier transform.

Figs. 18, 19, and 20 show the experimental results of the
conventional CHMPWM and the proposed CHMPWM under
three different working conditions. At speeds of 0.5 p.u., 0.75
p.u., and 1.0 p.u., the current THD of the conventional CHM-
PWM is 3.51%, 3.30%, and 4.27%, respectively. The current
THD of the proposed CHMPWM is 2.42%, 2.45%, and 2.73%,
respectively. Compared with the conventional CHMPWM, the
proposed CHMPWM has a smaller current THD and a relatively

Fig. 20. Experimental results at speed n = 1.0 p.u. (a) Conventional CHM-
PWM (THD=4.27%). (b) The proposed CHMPWM (THD=2.73%).

Fig. 21. Current THD comparison from speed n = 0.5 p.u. to n = 1.0 p.u.

even harmonic distribution with smaller single-current harmon-
ics.

Fig. 21 provides the current THD comparison of the con-
ventional CHMPWM and the proposed CHMPWM from speed
n = 0.5 p.u. to n = 1.0 p.u. It can be seen that the proposed
CHMPWM always has a smaller current THD and is reduced
by an average of 26% compared to conventional CHMPWM,
which is very close to the simulation result of 24%.

It should be noted that the current THD of the actual system
is higher than the simulation results, which is mainly caused by
three factors: 1) mismatch of system parameters; the parameters
used for simulation are matched with the set system parameters.
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However, when the parameters used for the experiment do not
match the actual system parameters, the harmonic characteristics
of the CHMPWM degrade, as shown in Figs. 6 and 13. In
addition, the performance of the current controller designed
based on the motor parameters cannot be optimized; 2) dead time
effect. The dead time compensation algorithm based on current
polarity judgment is used in both simulation and experiment.
However, due to the current sensor accuracy, sampling delay, and
other factors, the current information obtained in the experiment
is not as accurate as in the simulation, which in turn reduces
the dead time compensation effect and increases the current
harmonic content; 3) the delay of the actual control system.
It mainly includes the sampling link delay of motor current
and rotor position, communication delay between master and
slave controllers, etc., which will negatively affect the control
performance and the current THD.

In summary, compared with SPWM, SVPWM, and the con-
ventional CHMPWM, the proposed CHMPWM can further
reduce the current harmonics, and it is of great significance to
improve power quality, reduce harmonic loss, and improve the
comprehensive performance of the system.

V. CONCLUSION

This article proposes a novel CHMPWM suitable for the
surface-mounted DTP-PMSM system with a 3L-NPC inverter
and an output filter. The primary difference between the pro-
posed method and conventional CHMPWM lies in the consid-
eration of the system parameters, which theoretically results in
superior harmonic characteristics. Simulation and experimental
results indicate that the proposed method significantly reduces
the current harmonic content compared to SPWM, SVPWM,
and conventional CHMPWM while also demonstrating good
robustness to system parameters. Future work will primarily
include the analysis of the dead time effect and minimum pulse
width limitation on current harmonic properties, along with the
development of compensation methods. In addition, the perfor-
mance analysis of the modulation strategy under high-dynamic
operating conditions will be conducted.
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