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Abstract—The existing time domain models for CLLLC class
resonant converters have at least one of the following drawbacks: 1)
the model cannot be applied for different resonant tanks and circuit
topologies; 2) the effect of parasitic capacitors and deadtime is
ignored; 3) large computation time is required to obtain steady state
waveforms. To address these issues, an advanced state-space based
analysis (ASSA) model is proposed in this article. The operation
stages by considering parasitic capacitors and deadtime are pro-
posed and equivalent to a universal circuit, which largely increases
the accuracy with low model complexity. Additionally, the ASSA
model is universal for different inverter structures, rectifier struc-
tures, and different resonant tanks, including LC, LLC, CLL, CLLC,
and CLLLC. To improve the calculation speed, a hybrid operation
mode analysis and ASSA model is proposed to obtain closer initial
values and achieve steady state 2.15 times faster than traditional
state-space based analysis methods. Finally, experimental results of
CLLLC, CLLC, and LLC resonant converters working in multiple
conditions are presented to validate the effectiveness and accuracy
of the proposed ASSA model. Compared with the traditional time
domain model, the relative error of resonant inductor current
waveforms is reduced from 5.91%–43.54% to 2.83%–19.42%.

Index Terms—Deadtime, parasitic capacitor, resonant converter,
time-domain model.
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I. INTRODUCTION

I SOLATED dc–dc converters are necessary in many indus-
try applications, including microgrids, electric vehicles, and

data center power supplies. Fig. 1 shows a typical structure of
the hybrid microgrid, where the dc–dc converters play a key
role. The voltage levels of the input side and the output side are
always highly different. Therefore, isolated dc–dc converters are
widely applied for the sake of voltage ratio requirement and the
concern of safety. Among different isolated dc–dc converters,
resonant converters have drawn much attention owning to their
advantages of the wide soft-switching operation range and high
efficiency operation characteristics [1].

However, the degraded efficiency performance for the wide
voltage gain range, the complex design process for circuit pa-
rameters and magnetic components restricts the further popular-
ization of the resonant converters [34], [35], [36].

Modeling of the resonant converters are of great importance
to achieve the high-performance operation. Traditionally, the
fundamental harmonic approximation (FHA) method is used to
achieve the steady state characteristics analysis and the resonant
converters design [2], [3], [4], [5], [6], [7], [8]. For FHA, only
the fundamental harmonic of the circuit currents and voltages
are considered, which leads to large errors especially when
the converter’s operating frequency is away from the resonant
frequency. In order to reduce the large error of FHA model,
extended harmonic approximation (EHA) models are proposed
for LLC resonant converters by considering more harmonics [9],
[10], which will increase the accuracy of FHA. However, the
computation complexity is largely increased, and the overall
analysis accuracy is still unsatisfactory for wide voltage range
applications [11].

Therefore, the accurate time domain model is developed for
resonant converters to obtain the steady state information and
achieve optimal analysis and design. According to the different
modeling approaches, the time domain modeling methods for
resonant converters can be divided into two categories: operation
mode analysis (OMA) [12], [13], [14], [15], [16], [17] and state-
space based analysis (SSA) [16], [17]. OMA needs to analyze all
the possible operation modes and establish their corresponding
solvers, and can calculate the steady state waveforms with a fast
speed. In [12], [13], [14], and [15], the operation modes of LLC
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Fig. 1. Typical structure of hybrid microgrid.

resonant converter are discussed. The similar OMA analysis
process for CLL resonant converter is discussed in [16] and
[17]. Similarly, in [18], the OMA model for CLLLC resonant
converter with symmetric resonant tank parameters (SCLLLC)
is developed and the corresponding optimal design method is
discussed. In [19], the effects of different inverter structures and
rectifier structures are discussed and included into the OMA
model of LLC resonant converters. To cover the different types
of resonant tanks, different resonant tanks are equivalent to one
universal circuit model based on the conversion of the lumped
circuit in [20]. Nevertheless, the conversion process introduces
extra complicated calculations.

Different from the complex OMA process and the steady
state calculation of OMA, SSA only requires initial values of
state variables and calculates the transient process from the
initial values to steady state values. However, it needs much
more calculation time to obtain steady state waveforms. The
SSA analysis for the CLLLC-class isolated bidirectional dc–
dc converter is developed in [21]. Additionally, it calculates
the expressions based on CLLLC with asymmetric parameters
(ACLLLC) and regards the other types of resonant tanks as
special circumstances. Therefore, all types of resonant tanks can
be easily covered. The SSA is further applied in the inductive
power transfer system [22], the parameter design optimization
stage of CLLC resonant converters [23], and the dynamic process
analysis [24].

The results of OMA models and SSA models are both identi-
cal to the simulation results of ideal CLLLC resonant converters
obtained by power simulation (PSIM), which are detailly shown
in [18] and [21]. However, some technical issues emerge in the
traditional time domain model by neglecting parasitic capacitors
and deadtime. Yuan et al. [25] analyzed the effect of deadtime for
CLLLC class resonant converters, especially when the deadtime
effect is evident. The including of deadtime in the SSA can
improve the modeling accuracy significantly, and takes more
advantages in applications of parameter design, synchronous
rectification (SR), zero voltage switching (ZVS) judgement and
deadtime design. This model improves the accuracy, but cannot
depict the high frequency resonance formed by the parasitic
capacitors and the resonant inductors [26]. Ditze et al. [26]
analyzed the effect of parasitic capacitors in resonant con-
verters, including the high frequency oscillation phenomenon
and the nonmonotonic gain curve phenomenon, which affect
the application and control of resonant converters. Xiao et al.

[27] considered the parasitic capacitors and deadtime for LLC
resonant converter based on OMA model, and one accurate
deadtime design strategy is proposed. However, this advanced
OMA model has too many operation modes, which increases
the modeling complexity significantly. Additionally, it only
covers partial circumstances. In [28], an accurate SR strategy for
CLLLC resonant converters is proposed by considering parasitic
capacitors. However, the strategy is based on the symmetrical
CLLLC. Additionally, the proposed time domain model in [27]
and [28] did some approximations and was not accurate enough.
In conclusion, an accurate, universal, and fast time-domain
model by considering parasitic capacitors and deadtime with
low complexity is not established.

These issues are improved significantly by the advanced SSA
(ASSA) model proposed in this article. The contributions of this
article are summarized as follows. For accuracy and simplicity,
1) by modifying traditional SSA model’s operation stages, the
effect of parasitic capacitors and deadtime is added, which
highly improves the accuracy of traditional time domain model;
2) different working stages are equivalent to one universal cir-
cuit, which makes the universal expressions applicable for all
operation stages and reduces the modeling complexity signifi-
cantly. For rapidity, a hybrid OMA and SSA modeling method
is proposed. The fast speed OMA model is applied to obtain the
initial values, which is much closer to the steady state values
compared with the traditional preset constant initial values.
Therefore, the ASSA model can obtain steady-state waveforms
much faster than the traditional SSA model. For universality,
1) by deriving the time-domain model for the most complicate
ACLLLC circumstance, a universal model can be obtained
for different resonant tanks, including LC, LLC, CLL, CLLC,
CLLLC with symmetric parameters (SCLLLC) and ACLLLC; 2)
the effects of different inverter structures and rectifier structures
are discussed and included in the model. A comparison of the
existing modeling methods for resonant converters are shown in
Table I.

The rest of this article is organized as follows. The traditional
time domain modeling methods for resonant converters are
summarized and reviewed in Section II. The proposed ASSA
model is introduced in Section III. The experimental results are
presented and analyzed in Section IV to validate the proposed
model. Finally, Section V concludes this article.

II. REVIEW OF THE TIME DOMAIN MODELING PROCESS FOR

RESONANT CONVERTERS

A. Assumptions, Operation Stages, Equivalent Circuits, and
Time Domain Expressions

Considering the application requirement and based on the
tradeoff of model accuracy and complexity, there are four as-
sumptions for traditional time domain modeling process. These
assumptions are reasonable in the converter-level model [11],
[12], [13], [14], [15], [16], [17], [18], [19], [20].

1) The power conversion efficiency is assumed to be 100%.
2) The switching devices, magnetic components, resonant

capacitors are regarded as ideal devices (the equivalent
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TABLE I
COMPARISON OF DIFFERENT MODELING METHODS INTRODUCED IN EXISTING REFERENCES

series resistors, parameters’ variations under different am-
bient conditions and the parasitic capacitors are ignored).

3) The deadtime is ignored.
4) The modeling process for pulse frequency modulation

(PFM) controlled resonant converter is selected as an
example. The basic principle and modeling process for the
other modulation strategies such as pulsewidth modulation
are similar [21].

For different time domain modeling methods of resonant
converters, the operation stages are established firstly to make
the nonlinear system piecewise linear. The equivalent circuits,
duration, and transition conditions of the different operation
stages are introduced in this section.

Fig. 2(a) shows the topology of CLLLC class isolated dc–dc
resonant converters, where vbp(t) and vbs(t) represent the output
port voltage of primary side full bridge and secondary side
full bridge. There are six operation stages for PFM controlled
CLLLC class resonant converters. For the primary side, CLLLC
works in I stage when S1, 4 turn ON and works in III stage
when S2, 3 turn ON. For the secondary side, CLLLC works in
P, N, O stages based on the conduction states of secondary
side paralleled diodes [19]. When paralleled diodes of S5, S8

conduct, the secondary side bridge voltage vbs/N is equal to Vo

and CLLLC works in P stage. When paralleled diodes of S6, S7

conduct, vs/N is equal to −Vo and CLLLC works in N stage.
When paralleled diodes of S5–8 are OFF, CLLLC works in O

stage. Based on different stages for primary side and secondary
side, there are six stages in total (PI, OI, NI, PIII, OIII, NIII).
The equivalent circuits of all different stages converted to the
primary side are shown in Fig. 2(b) and (c), where C1 represents
the primary side resonant capacitance value Cr1, L1 represents
the primary side resonant inductance value Lr1, Lm represents
the magnetic inductance value, N represents the turns ratio, C2

represents the converted secondary side resonant capacitance
value Cr2/N2, and L2 represents the converted secondary side
resonant inductance value N2Lr2. The difference of I, III stages
in the equivalent circuit is only the difference of Vp.

The P, N stages’ equivalent circuit, as shown in Fig. 2(b), is a
fourth-order linear system. Since the different types of resonant
tanks can be regarded as the special circumstances of CLLLC
with asymmetric parameters (ACLLLC) [21], the time domain
modeling process for ACLLLC is taken as an example. Time
domain expressions for ACLLLC can be derived by Kirchhoff’s
law, as shown in (1)–(4) shown at the bottom of this page, where
the resonant tank parameters Lr1, Cr1, Lr2, Cr2, and Lm can be
any values. The waveforms of independent state variables i1(t),
i2(t), v1(t), v2(t) at each moment can be calculated based on their
initial values i1(0), i2(0), v1(0), v2(0) and the transfer matrix
T(t). The converter transfers into P stage only when i2 > 0, and
transfers into N stage only when i2 < 0. In addition, P stage or
N stage will be over when i2 = 0 and |vm-v2-vL2| < NVO.

⎡
⎢⎢⎣

i1 (t)
i2 (t)

v1 (t)− Vp

v2 (t) + Vs

⎤
⎥⎥⎦ = T (t)

⎡
⎢⎢⎣

i1 (0)
i2 (0)

v1 (0)− Vp

v2 (0) + Vs

⎤
⎥⎥⎦ = HS (t) · ZH ·

⎡
⎢⎢⎣

i1 (0)
i2 (0)

v1 (0)− Vp

v2 (0) + Vs

⎤
⎥⎥⎦ (1)

HS (t) =

⎡
⎢⎢⎢⎣

C1 cos (k1t) −C1k1 sin (k1t) C1 cos (k2t) −C1k2 sin (k2t)

C2K1 cos (k1t) −C2k1K1 sin (k1t) C2K2 cos (k2t) −C2k2K2 cos (k2t)
1
k1

sin (k1t) cos (k1t)
1
k2

sin (k2t) cos (k2t)
K1

k1
sin (k1t) K1 cos (k1t)

K2

k2
sin (k2t) K2 cos (k2t)

⎤
⎥⎥⎥⎦ (2)

ZH =

⎡
⎢⎢⎣

C1 0 C1 0
C2K1 0 C2K2 0
0 1 0 1
0 K1 0 K2

⎤
⎥⎥⎦
−1

,

⎧⎨
⎩
K1 =

k2
1(L1+Lm)−Lm

Lmk2
1

K2 =
k2
2(L1+Lm)−Lm

Lmk2
2

(3)

k1,,2 =

√√√√ (C1L1 + C1Lm + C2L2 + C2Lm)±
√

(LmC2 − LmC1 + L2C2 − L1C1)
2 + 4L2

mC1C2

2C1C2 (L1L2 + L1Lm + L2Lm)
(4)
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Fig. 2. Topology of CLLLC class isolated DC–DC resonant converters, differ-
ent working stages’ equivalent circuits and transition conditions. (a) Topology
of CLLLC. (b) Equivalent circuit of P, N stages. (c) O stage. (d) Conditions for
stages’ transition.

The O stage’s equivalent circuit shown in Fig. 2(c) is a second-
order linear system. The time domain expressions can be derived
as shown in (5) and (6). The transfer matrix of the O stage is
TO(t). The converter transfers into O stage only when |vm-v2-
vL2|<NVO. The O stage will be over when |vm-v2-vL2|=NVO.
The conditions for stages’ transition are shown in Fig. 2(d),
which are listed as follows:

1) i2 > 0→i2(t) = 0 and |vm-v2-vL2| < NVo: P→O;
2) i2 < 0→i2(t) = 0 and |vm-v2-vL2| < NVo: N→O;
3) vm-v2-vL2 = NVo: O→P;
4) vm-v2-vL2 = -NVo: O→N;
5) S2, 3 turn ON: I→III;
6) S1, 4 turn ON: III→I

⎡
⎢⎢⎣

i1 (t)
i2 (t)

v1 (t)− Vp

v2 (t) + Vs

⎤
⎥⎥⎦ = TO (t)

⎡
⎢⎢⎣

i1 (0)
i2 (0)

v1 (0)− Vp

v2 (0) + Vs

⎤
⎥⎥⎦ (5)

TO (t) =

⎡
⎢⎢⎣

cos (kOt) 0 −kO sin (kOt) 0
0 1 0 0

1
kO

sin (kOt) 0 cos (kOt) 0

0 0 0 1

⎤
⎥⎥⎦ ,

kO =

√
1

C1 (L1 + Lm)
. (6)

B. OMA Time Domain Model

According to the process of traditional OMA model intro-
duced in [11], [12], [13], [14], [15], [16], [17], [18], [19], and

Fig. 3. Typical waveforms of inductors’ current for PO mode.

[20], there are three basic steps: 1) Calculate time domain expres-
sions of three operation stages; 2) Establish solvers of different
operation modes; 3) Judge the converter’s operation mode and
calculate the steady state waveforms based on the operation
mode solvers in step 2. Step 1 is introduced in Section II-A.
Steps 2 and 3 are introduced followingly.

1) Step 2: Establish Solvers for Different Operation Modes:
OMA model only considers the steady state waveforms. When
resonant converters work in steady state, the waveforms in the
first half switching cycle are symmetric with the ones in the
second half cycle, which means only the first half switching
cycle needs to be considered. According to the occurrence order
of the working stages in half switching cycle, resonant converters
are divided into nine different operation modes shown in Table II
[18], [19]. Take the PO mode as an example. Fig. 3 shows the
typical waveform of the PO mode. During the first half switching
cycle, the converter works in P stage at first, and enters O stage
followingly. Therefore, time domain equations of the PO mode
are established, as shown in (7)–(9), which are based on three
categories of constrains: 1) symmetric - (7), which means the
independent state variables’ initial values and end values during
the first half switching cycle should be opposite; 2) stage transi-
tion - (8), which means i2 = 0 when P stage or N stage ends, |vm-
v2-vLm| = NVO when O stage ends; 3) power conservation - (9),
which means the system efficiency is assumed to be 100% and
the input energy is equal to the output energy

⎡
⎢⎢⎣

−i1 (0)
−i2 (0)

−v1 (0)− Vin

−v2 (0) +NVo

⎤
⎥⎥⎦ =

⎡
⎢⎢⎣

i1
(
Ts

2

)
i2
(
Ts

2

)
v1

(
Ts

2

)− Vin

v2
(
Ts

2

)
+NVo

⎤
⎥⎥⎦

= TO

(
Ts

2
− tP

)
· T (tP) ·

⎡
⎢⎢⎣

i1 (0)
i2 (0)

v1 (0)− Vin

v2 (0) +NVo

⎤
⎥⎥⎦ (7)

i2 (tP) = 0 (8)∫ tP

0

i2 (t) ·NVodt =
V 2
o

RL
· Ts

2
(9)

where i1(0), i2(0), v1(0), v2(0) are the initial values, i1(Ts/2),
i2(Ts/2), v1(Ts/2), v2(Ts/2) are the end values during the first
half switching cycle, Ts is the switching cycle, tP is the duration
of P stage, and RL is the load resistance.
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TABLE II
OPERATION MODES FOR RESONANT CONVERTERS

Fig. 4. Flowchart of assumption and verification method for open-loop operation mode judgement.

The OMA differs for open-loop operation and the closed-loop
operation (PFM controlled) [19]. For open-loop calculation, as-
sume i1(0), i2(0), v1(0), v2(0), tP, Vo as six unknown parameters,
which can be solved by six independent equations shown in
(7)–(9). Similarly, for closed-loop calculation, i1(0), i2(0), v1(0),
v2(0), tP, Ts can be assumed as six unknown parameters and
solved by (7)–(9). These linear differentiable equations can be
regarded as the PO solver and solved by numerical-based com-
putation tool (MATLAB is selected in this article). For the other
operation modes’ solvers, the equations can all be established
similarly based on the same constraints of symmetric, stage
transition and power conservation, which are not described in
detail.

2) Step 3: Operation Mode Judgement: Before adopting the
mode solvers established above, the converter’s operation mode
should be judged. The existing operation mode judgement meth-
ods can be divided into two categories: 1) assumption and ver-
ification method [19]; 2) operation mode boundary calculation
method [20].

For assumption and verification methods, the operation mode
is assumed at first, and then verified based on the conditions
for stages’ transitions shown in Fig. 2(d). Take the PO mode as
an example, the converter’s current waveforms i1(t), i2(t) and
voltage waveforms v1(t), v2(t) can be obtained based on PO
solver established in Section II-B. The PO mode judgement can
be realized if i2(Δ) > 0 during P stage, and |vm-v2-vL2| < NVO

during O stage, whereΔ is a very short time interval. In addition,
it can be concluded from Table II that PN, PON, PO, OPO modes
exist when fs < fr, NP, NOP, OP, OPO modes exist when fs > fr,
P mode exists when fs = fr, O mode exists only when there is no

load. Therefore, according to the different switching frequencies
and load circumstances, the assumption and verification process
for open-loop conditions can be conducted, as shown in Fig. 4.
The process for closed-loop conditions is similar, which is not
described in this article.

For operation mode boundary calculation methods, the oper-
ation modes’ boundaries can be calculated by additional equa-
tions established based on the boundary constraint. Take the
boundary of PO/PON modes as an example, the converter enters
N stage at the end of the first half switching cycle (t=Ts), and the
duration time of N stage can be regarded as zero. Therefore, an
additional equation (10) based on the boundary constraint can be
added into PO solver, and an additional unknown parameter RL

can be added. By solving the new PO solver, the boundary load
resistance RLB can be solved, and the judgement of PO/PON
modes can be conducted based on the comparison of the realistic
load resistance value RL and RLB. The other boundaries can be
solved similarly

vm (Ts)− v2 (Ts)− vL2 (Ts) = −NVo. (10)

C. State-Space Based Time Domain (SSA) Model

According to the process of SSA models introduced in [21],
[22], [23], [24], and [25], there are four basic steps.

1) Get the initial values of independent state variables (i1, i2,
v1, v2) and the initial stage of the resonant converter. Since
the SSA method is not sensitive to the initial values of
independent state variables, their initial values are directly
set as zero or preset constant values obtained by estimation
or simulation.
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Fig. 5. Flowchart of the SSA model.

2) Calculate the values of i1, i2, v1, v2 during each stage based
on the transfer matrix shown in (1)–(6).

3) Calculate the duration of the current operation stage based
on the transition conditions, as shown in Fig. 2(d).

4) Circulate step 2, 3 and stop only when state variables ap-
proximately equal to the previous switching cycle, which
means the resonant converter enters the steady state. The
flowchart of the SSA calculation process is shown in Fig. 5.

The transfer matrixes shown in (1)–(4) illustrate that the
characteristic roots of P, N stages are two sets of imaginary roots.
Therefore, the waveforms of i1, i2, v1, v2 during P, N stages are
the combination of two sinusoidal components. Their angular
frequencies are k1 and k2. Similarly, the characteristic roots of
the O stage are one set of imaginary roots, which means the
waveforms of i1, v1 during O stage are sinusoidal values of one
angular frequency kO, while the values of i2, v2 during O stage
are constant values. Additionally, the angular frequency k1 is
the resonant angular frequency ωr of the resonant converter.
Equation (11) shown at the bottom of this page, shows the
expression

The results of OMA models and SSA models are both iden-
tical to the simulation results of ideal CLLLC resonant convert-
ers obtained by PSIM, which are detailly shown in [18] and
[21]. OMA model only cares about the steady state waveforms,
and the process of solving linear differentiable equations is
not complex. There are many fast-speed packaged functions
in MATLAB for solving linear equations such as fsolve. The
SSA model can get the dynamic process of resonant converters
from initial values to steady state values. However, this process
always needs thousands of switching cycles’ calculation, which
will make the process of obtaining steady state waveforms
much longer than the OMA model. To verify the calculation
speed, after establishing the OMA model and the SSA model

TABLE III
COMPARISON OF AVERAGE CALCULATION TIME

in MATLAB, the waveforms of the same 1000 random working
conditions [including different resonant tank parameters, load
resistors (RL), and switching frequencies (fs)] are calculated. A
comparison of average calculation time for OMA and SSA mod-
els are shown in Table III. According to the different operation
mode judgement methods introduced in Section II-B, OMA is
divided into two types. OMA-1 means the assumption and ver-
ification method is applied; OMA-2 means the operation mode
boundary calculation method is applied. These two operation
mode judgement methods have similar calculation speed.

III. PROPOSED ACCURATE, UNIVERSAL, AND FAST TIME

DOMAIN MODEL BY CONSIDERING PARASITIC CAPACITORS

AND DEADTIME

A. Assumptions, Proposed Operation Stages and Their
Universal Equivalent Circuits

Compared with the traditional models’ assumptions, there are
three main differences in the proposed model, which can reduce
the idealization degree and improve the modeling accuracy.

1) The parasitic capacitors of switching devices are included.
Their values are obtained based on the equivalent linear
process introduced in [29], which is widely applied in the
converter-level circuit models [27], [28], [30], [31].

2) The transformer’s parasitic capacitor (CT) can be in-
cluded in resonant tanks including LC, LLC, CLL, CLLC.
For CLLLC resonant converters, it can be included only
when the resonant inductors are integrated into the trans-
former. The reason and the process of considering CT

are discussed in Section III-D. CT is ignored before
Section III-D.

3) The deadtime is included and its value has no limitation.
To clearly show the modeling process, the first half switching

cycle is taken as an example since it has same operation stages
with the second half switching cycle. Fig. 6 shows the nine
operation stages by taking parasitic capacitors and deadtime into
consideration.

The secondary side can be divided into P, O, N stages,
representing three situations: 1) paralleled diodes of S5, S8

conduct, vbs(t) = Vo; 2) Secondary side switches’ parasitic
capacitors Coss2 charging and discharging process, vbs(t) is
time-varying; 3) paralleled diodes of S6, S7 conduct, vbs(t) =
−Vo. Their equivalent circuits are depicted in Fig. 6(b). The
equivalent process for stages P, N is simple by neglecting the

⎧⎨
⎩ωr =

√
(C1L1+C1Lm+C2L2+C2Lm)+

√
(LmC2−LmC1+L2C2−L1C1)

2+4L2
mC1C2

2C1C2(L1L2+L1Lm+L2Lm)

fr = ωr

2π

. (11)
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Fig. 6. Nine operation stages by considering parasitic capacitors and deadtime
and their equivalent circuits. (a) Nine operation stages. (b) Equivalent circuits
of the nine operation stages.

Fig. 7. Equivalent process of O stage and II stage. (a) Equivalent process of
O stage. (b) Equivalent process of II stage.

ON-state resistance of switches. However, during O stage, the
process is different, which is shown in Fig. 7(a). For traditional
O stage, the secondary side current Ni2 is regarded as zero, which
means only the primary side’s circuit elements are considered.
By considering parasitic capacitors, O stage can be regarded
as the charging and discharging stage of Coss2. Therefore, the
secondary side current Ni2 is not zero and vbs(t) is time-varying,
which means the secondary side’s circuit elements should be
considered. In addition, the current of secondary side bridge io1
and io2 shown in Fig. 7 are identical. Therefore, the parasitic
capacitors are paralleled and can be equivalent to one capacitor

Fig. 8. Universal equivalent circuit and state variables’ solver of nine operation
stages. (a) Universal equivalent circuit. (b) Stage solver for nine different stages.
(c) Equivalent circuit of the stage OII.

Coss2. The initial voltage value of Coss2 during each stage is
defined as vbs(0). The charging period of Coss2 is over when
vbs(t) = Vo (enters P stage) or vbs(t) = −Vo (enters N stage).

The primary side can be divided into I, II, III stages, repre-
senting three situations: 1) S1, 4 turn ON or reversely conduct,
vbp(t)=Vin; 2) Primary side switches’ parasitic capacitors Coss1

charging and discharging process, vbp(t) is time varying; 3)
S2, 3 turn ON or reversely conduct, vbp(t) =−Vin. Stage II only
happens during the deadtime. Their equivalent circuits are also
depicted in Fig. 6(b). The equivalent process for stage I, III is
simple by neglecting the on-state resistance of switches. The
equivalent process for stage II, as shown in Fig. 7(b), is similar
as the process for O stage.

There are nine stages (PI, OI, NI, PII, OII, NII, PIII, OIII,
NIII) by combining the primary and secondary sides. Their
equivalent circuits are depicted in Fig. 6(b) and they have high
similarity. Therefore, these nine stages can be equivalent to
one universal circuit with different parameters, as shown in
Fig. 8, where L1 is equal to Lr1, L2 is equal to N2Lr2. L1, L2,
C1, and C2 are four independent storage elements (Lm is not
independent). Therefore, the equivalent circuit can be regarded
as a fourth-order system, the independent state variables are i1
(current of L1), i2 (current of L2), v1 (voltage of C1), and v2
(voltage of C2).

For the primary side, when the resonant converter operates
at I, III stages, the primary side’s equivalent circuit is a dc
voltage source with values of Vin or −Vin. Therefore, during
I, III stages, C1 is equal to Cr1, Vp is equal to Vin or −Vin.
When resonant converter operates at II stage, the primary side’s
equivalent circuit is the capacitor Coss1, as shown in Fig. 7(b).
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Therefore, during II stage, C1 is equal to Cr1 in series with Coss1,
and Vp is equal to zero.

Similarly, for the secondary side, when the resonant converter
operates at P, N stages, the secondary side’s equivalent circuit is
a dc voltage source with values of Vo or −Vo. Therefore, during
P, N stages, after converted to the primary side, C2 is equal
to Cr2/N2, and Vs is equal to NVo or −NVo. When resonant
converter operates at O stage, the secondary side’s equivalent
circuit is the capacitor Coss2, as shown in Fig. 7(a). Therefore,
during O stage, after converted to the primary side, C2 is equal
to Cr2/N2 in series with Coss2/N2, and Vs is equal to zero. The
expressions of vbp(t) during stage II and vbs(t) during stage
O are shown in (12). vbp(0), v1(0), vbs(0), and v2(0) are the
initial values of vbp(t), v1(t), vbs(t), and v2(t) during each stage.
Equation (12) can be derived based the equivalent circuit of OII

stage shown in Fig. 8(c).
In conclusion, when resonant converter operates at different

stages, the topology of the equivalent circuits is universal. The
only difference is the values of Vp, Vs, C1, and C2. Their values of
different stages are shown in Fig. 8(a). Therefore, the waveforms
during each stage can all be derived based on same expressions
by simply replacing the values of Vp, Vs, C1, and C2 of (1)–(4).
The solver for state variables’ waveforms is shown in Fig. 8(b),
where i1(0), i2(0) are the initial values of i1(t), i2(t) during each
stage {

vbp (t) =
(v1(t)−v1(0))·Cr1

Cr1+Coss1
+ vbp (0)

vbs (t) =
(v2(t)−v2(0))·Cr2

Cr2+Coss2
+ vbs (0) .

(12)

B. Characteristics of OMA and SSA

After deriving the nine stages by considering parasitic ca-
pacitors and deadtime, the following modeling process can
be either OMA or SSA. Therefore, this section illustrate the
characteristics of two modeling methods and the necessity of
adopting SSA modeling process.

OMA is often applied in time domain analysis for resonant
converters. OMA can be easily applied by establishing nine
solvers since there are only three stages (P, O, N) and nine
possible modes (P, PO, PON, PN, OPO, NP, NOP, OP, O)
when neglecting parasitic capacitors and deadtime. However,
after considering the nonideal effects, the stages’ types are in-
creased from 6 to 9, and the operation modes’ number increases
significantly. Fig. 9 shows two typical normalized waveforms
of vbp and vbs obtained by PSIM. Many stages’ transitions
occur in the first half switching cycle. The transition situations
vary significantly when working conditions or circuit parameters
change.

This phenomenon can be explained as follows. During the O
stage, Coss2 and the resonant tank parameters (Cr1, Cr2, Lr1, Lr2)
form a new resonant frequency fr, oss2. The expression of fr, oss2
is shown in (13) shown at the bottom of the next page. Coss2 is
often much smaller than resonant capacitors Cr1, Cr2. Therefore,
fr, oss2 is much higher than fr, which means a high frequency
oscillation process occurs during the O stage. However, the value
of fr, oss2 differs significantly with the varying of Coss2 values
and load resistance. The number of high frequency resonant

Fig. 9. Two typical circumstances of resonant converters obtained by PSIM
simulation results when Lr1 = 94.8 µH, Lr2 = 64.3 µH, Lm = 208 µH, Cr1 =
58.6 nF, Cr2 = 53 nF, N = 13:15, Coss1 = 300 pF, deadtime = 180 ns, Vin =
100 V. (a) fs = 55 kHz, RL = 3000 Ω, Coss2 = 400 pF. (b) fs = 53.5 kHz, RL

= 160 Ω, Coss2 = 180 pF.

cycle during the former half switching cycle may change a lot
for different working conditions, which can be shown in Fig. 9.
Additionally, the N stage only occurs for partial situations, and
these situations are hard to be predicted or summarized. The
excessive possibilities and their irregularity make the OMA can
only be implemented with approximated and simplified results
[27], which will result in the loss of precise and universality

However, the increasing modes’ possibilities have few effects
on SSA modeling process. SSA model focus on the duration and
transition conditions of working stages. Though the number of
stages’ type is increased from 6 to 9, the transition conditions of
the proposed stages are clear and simple, as shown in Fig. 10.
Therefore, the SSA modeling process can be easily adopted in
the proposed model. The stages’ transition conditions are listed
as follows:

1) i2(t) > 0→i2(t) < 0: P→O;
2) i2(t) < 0→i2(t) > 0: N→O;
3) vbs(t) = Vo: O→P;
4) vbs(t) = −Vo: O→N;
5) during deadtime and i1(t) < 0: III→II;
6) during deadtime and i1(t) > 0: I→II;
7) vbp(t) = Vin: II→I;
8) vbp(t) = −Vin: II→III.

C. Distribution of Stages and the Flowchart of the Proposed
Method

Fig. 11(a) shows the typical waveforms of CLLLC resonant
converter when fs < fr (PO mode in OMA model is chosen
as an example) and the distribution of different stages, where
Tsn means the normalized switching cycle. During the first half
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Fig. 10. Transition conditions for the proposed stages.

Fig. 11. Typical waveforms and stages’ distribution of ASSA model. (a) ZVS
is achieved, S2, 3 turn ON during stage III. (b) ZVS is not achieved, S2, 3 turn
ON during stage II.

Fig. 12. Flowchart of the proposed ASSA model.

cycle (Tsn ≤ 0.5), the stages distribution will be: PI, OI, NI

(S1, 4 turn ON)→PII, OII, NII (Coss1 charge and discharge during
deadtime)→ PIII, OIII, NIII (S2, 3 reversely conduct during
deadtime), while the second half cycle (0.5 < Tsn < 1) will
be PIII, OIII, NIII (S2, 3 turn ON)→PII, OII, NII (Coss1 charge
and discharge during deadtime)→ PI, OI, NI (S2, 3 reversely
conduct during deadtime). The distribution of stages for other
operation modes are identical to PO mode.

By integrating the duration and transition conditions of dif-
ferent stages, the flowchart of proposed ASSA model is shown
in Fig. 12. A step-by-step introduction is listed as follows.

1) After setting the circuit parameters, the initial values are
calculated based on the traditional OMA model. Com-
pared with the zero initial values or preset constant initial
values applied in [21], [22], [23], [24], and [25], the initial
values obtained by OMA model can be much closer to
the steady state values. Therefore, ASSA model can have
a faster calculation speed, which is detailly illustrated in
Section IV-B

2) After the initial values and current stage is determined, the
state variables’ values during each stage can be obtained
based on the stage solver, as shown in Fig. 8(b). The stage
solver can adopt universal equations for all stages, which
reduce the model’s complexity significantly.

3) According to the calculated state variables’ values, judge
the duration time of current stage and the type of next stage
using the stage transition conditions in Fig. 10.

4) When the state variables are approximately identical to
the former switching cycle, the circuit can be regarded as
entering the steady state, and the calculation will finish.

Additionally, the former modeling process assumes the re-
alization of ZVS. When ZVS is not achieved, the stages dis-
tribution during the first half cycle will be: PI, OI, NI (S1, 4

⎧⎪⎪⎨
⎪⎪⎩
fr,oss2 =

√
(C1L1+C1Lm+C2L2+C2Lm)+

√
(LmC2−LmC1+L2C2−L1C1)

2+4L2
mC1C2

8π2C1C2(L1L2+L1Lm+L2Lm)

C1 = Cr1, C2 =
Cr2
N2 Coss2

Coss2+
Cr2
N2

, L1 = Lr1, L2 = Lr2.
(13)
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Fig. 13. Equivalent circuits of the transformer, resonant converters when
considering transformer’s parasitic capacitor (CT). (a) One-order lumped stray
capacitance model. (b) Resonant inductors are integrated. (c) Resonant inductors
are separated. (d) Equivalent circuit when considering CT.

turn ON)→PII, OII, NII (Coss1 charge and discharge during
deadtime), while the second half cycle will be PIII, OIII, NIII

(S2, 3 turn ON)→PII, OII, NII (Coss1 charge and discharge dur-
ing deadtime). The waveforms when ZVS is achieved or not
achieved are compared in Fig. 11. The modeling process for
these two conditions are identical, which can both be covered
by Figs. 10 and 12.

D. Considering of the Transformer’s Parasitic Capacitor

The modeling process introduced earlier has ignored the
transformer’s parasitic capacitor (CT). The one-order lumped
stray capacitance model introduced in [32] is adopted in the
following process, which is shown in Fig. 13(a).

When resonant inductors are integrated into the transformer,
the leakage inductances Lr1 and Lr2 in Fig. 13(a) are applied as
resonant inductors. The equivalent circuit is shown in Fig. 13(b).
The including of CT will not increase the order of the equivalent
circuit. The only difference is the values of C2, which is shown
in Fig. 13(d).

When resonant inductors are separated, Lr1 and Lr2 in
Fig. 13(a) are regarded as zero. The considering of CT has no
influence on the equivalent circuit only when Lr2 = 0 (when
resonant tanks are LC, LLC, CLL, CLLC), and the only difference
is the values of C2, which is shown in Fig. 13(d). However, when
Lr2 is not zero (CLLLC resonant tank), the equivalent circuit
will be a fifth-order system. The expressions will be much more
complex, which is not included in the proposed ASSA model.

Fig. 14. Promotion to different resonant tanks.

Fig. 15. Experimental platform.

In conclusion, when considering CT, the flowchart of Fig. 12
can be applied for LC, LLC, CLL, CLLC. For CLLLC resonant
converters, it can be applied only when the resonant inductors are
integrated into the transformer. The C2’s values can be adjusted
according to Fig. 13(d).

E. Extension to Different Resonant Tanks, Power Transmission
Directions, and Structures of the Inverter and Rectifier

1) Different Types of Resonant Tanks: The six types of
widely used resonant tanks are shown in Fig. 14 . Since the uni-
versal equivalent circuit is derived based on the most complicate
situation of CLLLC with asymmetric resonant tank parameters,
the other types of resonant tanks can be regarded as the special
circumstances: 1) Symmetric CLLLC: L1 = N2L2, C1 = C2/N2;
2) Asymmetric CLLC: L2 = 0; 3) LLC: L2 = 0, C2→�; 3) CLL:
L1 = 0, C2→�; 4) LC: L2 = 0, C2→�, Lm→�.

Additionally, the inductance values L1, L2 are not in the de-
nominator as a product term. Therefore, L1 and L2 can be directly
set as zero during the ASSA calculation process. When C1→�
or C2→� is needed, values of C1, C2 can be enlarged greatly
compared with the common values of resonant capacitors. For
example, if the commonly used values for resonant capacitors
are nF level, the values of C1, C2 can be set as μF or mF level
when C1→� or C2→� is needed.
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TABLE IV
DIFFERENT STRUCTURES OF INVERTERS AND RECTIFIERS

TABLE V
WORKING CONDITIONS FOR THE PROTOTYPE

2) Different Operation Directions: The modeling process for
different operation directions is similar. The only difference
is the direction of parameters’ conversion. When operating in
backward direction, the circuit is converted to the secondary
side, C1 is equal to Cr2, L1 is equal to Lr2, C2 is equal to N2Cr1,
L2 is equal to Lr1/ N2.

3) Different Structures of Inverters and Rectifiers: The for-
mer analysis is based on the full-bridge inverter and the full-
bridge rectifier. However, when the structures of inverters and
rectifiers change, some modifications are necessary. The detailed
modifications are shown in Table IV.

TABLE VI
KEY COMPONENTS FOR THE PROTOTYPE

IV. SIMULATION AND EXPERIMENTAL VERIFICATIONS

A. Verification of Waveforms

According to the operation mode analysis introduced in [11],
[12], [13], [14], [15], [16], [17], and [18], there are four most
widely used operation modes for CLLLC class resonant con-
verters, which can be selected as the representative working
conditions: 1) PO mode (fs < fr, normal load); 2) PN mode
(fs < fr, heavy load); 3) OPO mode (light load); 4) NP mode
(fs > fr, normal or heavy load). To cover these operation modes,



1316 IEEE TRANSACTIONS ON POWER ELECTRONICS, VOL. 40, NO. 1, JANUARY 2025

TABLE VII
LIST OF WORKING CONDITIONS

a prototype as shown in Fig. 15 is established based on the
working conditions shown in Table V. The key components are
listed in Table VI. For resonant converters, some extra control
methods such as the burst control are often applied for very light
load conditions [33]. Therefore, around 10% load condition is
considered for mode verification.

The main purpose of the experiment is conducted for the
validation of model accuracy, instead of the high-performance
design validation. Therefore, the parameters are designed using
the traditional FHA based modeling and design method. Since
there are many literatures about this design process [2], [3], [4],
[5], [6], [7], [8], the detailed design process is not introduced in
this article. The resonant tank parameters and selected working
conditions are shown in Table VII. Additionally, the whole pro-
cess of the proposed ASSA model can be applied for all kinds of
MOSFET. In this work, the Silicon Carbide MOSFET SCT3060AR
from Rohm is selected as a representative switching device for
the validation process.

Fig. 16 shows the waveforms obtained by the proposed ASSA
model, the traditional OMA model, and the experimental results.
In order to verify the universality of the proposed model, the
types of resonant tanks contain ACLLLC, CLLC and LLC.
The analysis of the experimental waveforms and the ASSA
calculated waveforms are listed as follows.

1) The phenomenon of the high frequency oscillation during
O stage are theoretically analyzed in Section III-B, which
can be depicted by ASSA and agrees well with the exper-
imental results (marked with boxes in red dashed lines).
Additionally, the duration of O stage will increase when
converter works under light load [17], [18], [19], [20],
which makes the high frequency oscillations longer and
more obvious when operating under light load.

2) The resonant converter is always designed to works at the
ZVS region. Therefore, the duration of II stage is short.
However, compared with OMA, which ignores the II stage,
the charging and discharging waveforms of the Coss1

(vS2, green line waveforms) agree much better with the
experimental results (marked with circles in blue dashed
lines).

3) The errors of the proposed ASSA model and the OMA
model compared with the experimental results are further

depicted in Fig. 17. The maximum and minimum errors
of OMA and ASSA methods are marked. The definition
of the relative error is shown in (13), where ||x||2 means
the two-norm value of the vector x. Fig. 17 shows that
Re(iLr1), Re(iLr2) and the errors of iLr1_rms, iLr1_peak,
Ioff, iLr1, rms, iLr2, peak are reduced significantly for most
of the cases. Furthermore, Re(iLr1) and Re(iLr2) can be
reduced from 5.91%–43.54% to 2.83%–19.42%, which
means the AASA model depicts inductor current wave-
forms much more accurately

Re(iLr) =
‖iLr,model − iLr,experiment‖2

‖iLr,experiment‖2
. (14)

Additionally, the selected deadtime is a constant value of
170 ns in the experimental test, which accounts for 0.935%–
1.870% of one switching cycle (deadtime ratio). To further
verify the universality of the ASSA model, the waveforms when
deadtime ratio is varying from 0.5% to 15% are calculated
by PSIM and the ASSA model. Fig. 18(a) and (b) shows the
waveforms of iLr1, iLr2, which agree well with the PSIM results.
The Re(iLr1) values for representative working conditions 1, 6,
11, 12 are shown in Fig. 18(c), small errors are achieved under
different deadtime ratio.

This can be explained by the modeling process. The ASSA
model considers all the possible switching status as different
working stages. Therefore, the deadtime percentage has no
effects on the switching status, working stages’ possibilities and
transition conditions, which means the flowchart in Fig. 12 has
no changes with the variation of deadtime percentage.

B. Verification of Calculation Speed

The time domain model of resonant converters is often used
for the iteration process in the parameter design optimization
stage. Therefore, the fast calculation speed is required. This
section verifies the fast calculation speed characteristic of the
proposed hybrid OMA and SSA modeling method. For the tradi-
tional SSA model, the initial values i1(0), i2(0), v1(0), v2(0), and
Vo(0) are rarely discussed. If the initial values are set randomly
or stat constant, there is a high probability that they are very
far away from steady state values, which will highly increase
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Fig. 16. Comparison among experimental results, ASSA model results and traditional model results for working conditions 1∼12. (a) Condition 1 (LLC, normal
load, fs < fr). (b) Condition 5 (CLLC, normal load, fs < fr). (c) Condition 9 (ACLLLC, normal load, fs < fr). (d) Condition 2 (LLC, heavy load, fs < fr). (e)
Condition 6 (CLLC, heavy load, fs < fr). (f) Condition 10 (ACLLLC, heavy load, fs < fr). (g) Condition 3 (LLC, light load, fs < fr). (h) Condition 7 (CLLC,
light load, fs < fr). (i) Condition 11 (ACLLLC, light load, fs < fr). (j) Condition 4 (LLC, normal load, fs > fr). (k) Condition 8 (CLLC, normal load, fs > fr). (l)
Condition 12 (ACLLLC, normal load, fs > fr).
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Fig. 17. Errors of the ASSA model and the traditional OMA model compared
with the experimental results. (a) Re(iLr1) of OMA and ASSA model. (b)
Re(iLr2) of OMA and ASSA model. (c) Errors of iLr1, rms based on OMA
and ASSA model. (d) Errors of iLr1, peak based on OMA and ASSA model.
(e) Errors of iLr, rms based on OMA and ASSA model. (f) Errors of iLr2, peak

based on OMA and ASSA model. (g) Errors of Ioff based on OMA and ASSA
model.

Fig. 18. Comparison of ASSA and PSIM results for different working condi-
tions and deadtime ratio. (a) Condition 4, deadtime ratio is 12%. (b) Condition 1,
deadtime ratio is 15%. (c) Re(iLr1) for working conditions 1, 6, 11, 12 varying
with the deadtime ratio.

Fig. 19. Dynamic process of Vo using OMA initial values and far initial values
in working condition 5.

the calculation time of the proposed ASSA model. Take the
working condition 5 as an example, it can be seen in Fig. 19 that
if the initial values are far away from steady state values, it takes
566 switching cycles to enter the steady state, the calculation
time using MATLAB is 0.45 s. However, the OMA model has
a much faster calculation speed (ms level using MATLAB),
the calculation time consuming of OMA model can even be
neglected. By using traditional OMA model to get the initial
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TABLE VIII
COMPARISON OF CALCULATION TIME USING DIFFERENT MODELING METHODS

AND SIMULATION TOOLS

values, the initial values are not far from the steady state values.
It can be seen from Fig. 18 that by using initial values obtained
by OMA model, the ASSA model only takes 284 switching
cycles to enter the steady state. The total time consuming of
OMA+ASSA model is 0.225 s (ASSA: 0.22 s+OMA: 0.005 s).
The further comparison of other working conditions is shown in
Table VIII.

Additionally, the proposed ASSA model calculates the wave-
forms based on analytical expressions. Therefore, compared
with the commercial simulation software, the calculation speed
of ASSA model is much faster (279 times faster than PSIM).
The comparison of the calculation speed is shown in Table VIII.
The fast calculation speed of ASSA model makes it convenient
to realize the optimal design of resonant tank parameters.

V. CONCLUSION

This article proposes an accurate, universal, and fast ASSA
model for resonant converters. By considering the parasitic
capacitors’ charging and discharging process and primary side
switches’ reversely conduction process during deadtime, the
newly introduced operation stages (PI∼III, OI∼III, NI∼III) are
proposed and analyzed. To reduce the modeling complexity and
improve the universality of ASSA, all different working stages
are equivalent to one universal equivalent circuit, and can be
applied to different resonant tanks, operation directions, and
structures of inverter/rectifier by simply modifying the parame-
ters. The experiment is conducted based on ACLLLC, CLLC and
LLC resonant converters operating in different load conditions.
By comparing the results of traditional OMA model, ASSA
model and the experimental result, ASSA depicts waveforms
much more accurately due to the consideration of more stages.
Re(iLr1), Re(iLr2) and the errors of iLr1_rms, iLr1_peak, I off,
iLr1, rms, iLr2, peak are compared. Re(iLr1) and Re(iLr2) can be
reduced significantly from 5.91%–43.54% to 2.83%–19.42%.
In addition, the calculation speed of the proposed hybrid OMA
and SSA modeling method is much faster than commercial
simulation tools (279 times faster than PSIM) and traditional
constant initial values method (2.15 times faster).
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