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Abstract—Uneven dynamic currents between paralleled silicon
carbide (SiC) metal-oxide-semiconductor field-effect transistors
(MOSFETs) can cause unbalanced switching losses, challenging the
circuit reliability. Therefore, it is essential to quantitatively evaluate
unbalanced dynamic currents during circuit design and applica-
tion. However, the existing calculation methods face challenges
in modeling or are time-consuming in circuits with paralleled
MOSFETs. To address these issues, this article presents an analytical
model to calculate the unbalanced switching currents and switching
energy, which is applicable to circuits with any parallel number
(n) and easier to use than Spice simulation method. To address
the challenge of the high circuit order, the power and driving
circuits are decoupled and modeled, reducing the equation order
to 3n − 1. To handle the numerous parasitic mutual inductances,
the inductance matrices are used for modeling. Moreover, the
nonlinear die parameters and their temperature dependence are
considered to guarantee accuracy. The accuracy of the presented
model is verified by experiments. The model-calculated waveforms
fit the tested results well. Under various switching speeds, load
currents, and die temperatures, the model can accurately predict
the dynamic current differences and unbalanced switching energy,
with calculation errors lower than 8% for the current differences
and 11% for the switching energy.

Index Terms—Analytical switching model, multichip sic power
modules, paralleled sic metal-oxide-semiconductor field-effect
transistors (MOSFETS) , silicon carbide (SiC) MOSFET , unbalanced
dynamic currents.

I. INTRODUCTION

DUE to the high switching speed, high efficiency, and
high thermal performance, silicon carbide (SiC) metal-

oxide-semiconductor field-effect transistors (MOSFETs) have
been widely used in many applications [1], [2], [3], [4]. How-
ever, because of the immature manufacturing technique, the
maximum current rating of a SiC MOSFETs bare die is generally
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lower than 150 A. Therefore, paralleled devices or dies are often
used to enlarge the current capacity [5]. Unbalanced dynamic
and static currents between paralleled SiC MOSFETs can cause
unbalanced losses, leading to unbalanced junction temperatures.
To ensure stability and security, the current capacity of paralleled
SiC MOSFETs is usually derated. Moreover, the solder layer of
the die with a higher junction temperature will degrade earlier,
further increasing its temperature and shortening the device’s
lifetime [6], [7]. Therefore, when designing and applying circuits
with paralleled SiC MOSFETs, merely evaluating the total losses
on the switch is insufficient. It is also necessary to quantitatively
evaluate the unbalanced currents and the resulting unbalanced
losses on the paralleled MOSFET dies. In this way, the maximum
losses on a single die can be obtained and used for design.
The unbalanced static currents are caused by the unbalanced
parasitic inductances and conduction resistances (Rds(on)) in
the paralleled power branches, which are easy to analyze and
calculate [6]. However, due to the complex switching tran-
sients, the mechanisms of unbalanced dynamic currents are
more complicated, making quantitative analysis difficult [8], [9].
Especially under light loads or high switching frequencies, the
switching losses may be much larger than the conduction losses
[10], [11]. It is of great significance to accurately calculate the
unbalanced dynamic currents and switching energy of parallel
SiC MOSFETs.

Dynamic current sharing mechanisms have been investigated
in many research [6], [12], [13], [14], [15], [16], [17], [18],
[19]. Sadik et al. [12], Helong et al. [13], Lim et al. [14],
and Haihong et al. [15] found that in circuits without Kelvin-
source connections, the unbalanced dynamic currents are mainly
caused by unbalanced threshold voltages (Vth) and parasitic
common-source inductances. In [6], [16], and [17], it is found
that the unbalanced dynamic currents are caused by unbalanced
threshold voltages and parasitic power-source inductances in
Kelvin-source connected circuits. The unbalanced drain and
driving inductances have little effect. Ge et al. [18] and Lv
et al. [19] further considered the influences of parasitic mutual
inductances. It is found that the parasitic power-driving mutual
inductances and the drain-source mutual inductances also have
a significant impact. These works reveal the factors that affect
unbalanced dynamic currents. During design and manufacturing
processes, the differences in die characteristics can be well lim-
ited by chip screening [16]. However, the unbalanced parasitic
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Fig. 1. Equivalent circuit models of SiC MOSFETs. (a) Equivalent circuit
model. (b) Circuit model in saturation and cut-off regions. (c) Circuit model in
Ohim region.

self and mutual inductances will still cause unbalanced dynamic
currents, which is difficult to absolutely balance, especially in
power modules. Hence, it is necessary to establish quantitative
models to evaluate the unbalanced dynamic currents under
the unbalanced circuit layouts, where the nonlinear MOSFET

parameters have to be considered to guarantee accuracy [20].
In the existing current sharing research, many parameters are
simplified, and the nonlinearities of the MOSFETs are neglected
to analyze the parameter influences clearly. Therefore, the es-
tablished theoretical models cannot be used for quantitative
analysis.

To calculate MOSFET switching transients and switching
energy accurately, researchers established many quantitative
switching models. They can be divided into three categories ac-
cording to the MOSFET models: 1) physical models, 2) behavioral
models, and 3) analytical models.

Physical models build two-dimensional (2-D) or 3-D models
of MOSFETs based on the semiconductor theory. The models
are solved by finite element numerical calculations. Combined
with the circuits outside the MOSFET, high-precision results can
be obtained, and internal physical processes can be analyzed
[21], [22]. However, the MOSFET physical structure and param-
eters are needed, which is usually not available. Moreover, the
models are solved by finite-element numerical method, which
is time-consuming [20], especially when multiple MOSFETs are
paralleled.

Behavioral models establish circuit equations based on the
MOSFETs’ equivalent circuit, as shown in Fig. 1(a), where the
characteristic expressions of the components are obtained by
physical equations or curve fitting. The circuit equations are
usually solved by simulation software [23], [24]. Behavioral
models can be solved faster than physical models with high accu-
racy. It is widely used to build MOSFET Spice models. Currently,
Spice circuit simulation is the main method to calculate the
unbalanced dynamic currents between paralleled SiC MOSFETs,
where the parasitic self and mutual inductances are obtained
by electromagnetic simulations [17]. However, this method has
some shortcomings. First, the partial inductance matrix of the
circuit needs to be imported into the simulation software. The
corresponding circuit symbol needs to be established based on
the same pin order as the spice file of the inductance matrix.
When the parallel number is large, the symbol has many pins,
making its creation process cumbersome. When the parallel
number changes, the symbol needs to be recreated [25]. Second,
it is not easy to modify the internal parameters of the sealed
inductance spice model during simulation. Thus, it is difficult to

Fig. 2. Typical circuit model with n paralleled MOSFETs.

investigate the influences of the inductances individually by sim-
ulation. Moreover, it cannot provide insight into the switching
processes. Third, it often suffers from convergence problems due
to the numerous nonlinear parameters of the paralleled MOSFETs.
It is time-consuming to calculate a large number of operating
points [26]. Moreover, the construction process of MOSFET Spice
models is complicated, with many curve fitting and Spice editing
processes. High-precision curve fitting is challenging. When the
die characteristics change, the curves need to be refitted, and
when the fitting accuracy is insufficient, further modifications to
the fitting functions are needed [27]. Though the Spice models of
many commercial MOSFETs are provided, the parameters of the
models may be different from those of the actual MOSFETs due to
different die batches. Furthermore, parameter corrections of the
official Spice models are inconvenient due to their complicated
fitting functions.

Compared to physical and behavioral models, analytical mod-
els based on simplified MOSFET equivalent circuits are more con-
venient and helpful. They are based on the analytical equations
constructed in different time intervals, where the MOSFETs are
simplified to the model in Fig. 1(b) and (c) according to different
working regions. Analytical models are able to overcome the
drawbacks of physical and behavioral models. They can be
solved faster without convergence problems, and are easier to
incorporate with circuit and MOSFET parameters and massive cal-
culating points [28]. Nayak and Hatua [29], Alexakis et al. [30],
Rodríguez et al. [31], and Wang et al. [32] established analytical
models to calculate switching energy. To obtain closed-loop
expressions, many parameters are simplified or neglected, in-
fluencing the calculating accuracy. To improve the accuracy,
Xie et al. [20] and Wu et al. [33] established and solved the
state differential equations of each time interval. In this way, all
of the parasitic inductances and the nonlinear parameters can
be included, and precise transient waveforms can be obtained.
However, the analytical models are based on circuits with a
single MOSFET. In circuits with multiple paralleled MOSFETs, the
circuit order is much higher, and the circuit parameter number
is large due to the parasitic mutual inductances between any two
of the branches. This makes it challenging to establish and solve
the differential equations. For example, the order of the circuit
with n paralleled MOSFETs, as shown in Fig. 2, is 5n, and the
parasitic inductance number is 4n2 – n + 3.
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To calculate the unbalanced dynamic currents and switching
energy and address the above issues, this article presents a
novel analytical switching model of paralleled SiC MOSFETs,
which can be used in circuits with any parallel number. The
contributions are as follows.

1) The analytical model of paralleled SiC MOSFETs is pre-
sented for the first time. All of the parasitic self and
mutual inductances, the nonlinear MOSFET parameters,
and their temperature dependence are considered. Thus,
high accuracy is achieved.

2) The power and driving circuits are separated by simpli-
fication to achieve decoupled modeling between the two
circuits. In this way, the maximum circuit order is reduced
to 3n − 1. Moreover, the inductance matrices are directly
used to establish the model, to include and handle all
the parasitic inductances. The challenges of high circuit
order and numerous circuit parameters encountered by the
existing analytical models are addressed.

3) Compared to Spice simulation, the presented model can be
calculated quickly without convergence problems. When
investigating the influences of the parasitic inductances,
they can be directly changed by modifying the inductance
matrices. Moreover, the postprocessing is more conve-
nient. Thus, it is more suitable for batch calculations. The
model eliminates the cumbersome simulation modeling
and high-precision curve fitting processes of Spice simu-
lation and is compatible with different circuit parameters
and parallel numbers. When the parallel number or die pa-
rameters change, it is only needed to update the parameter
inputs without the complex remodeling process, making
it easier to use.

The rest of this article is organized as follows. In Section II, the
SiC MOSFET’s and diode’s equivalent circuit models are given.
On this basis, the quantitive analytical model is established in
Section III. The calculation method is also presented. Then,
the accuracy of the model is verified in Section IV by a SiC
power module, where four MOSFETs are paralleled as one switch.
Finally, Section V concludes this article.

II. EQUIVALENT CIRCUIT MODELS OF SIC
MOSFET AND DIODE

To establish the analytical model, the equivalent circuit mod-
els of SiC MOSFETs and diodes are first given in this section.
A SiC MOSFET can be equivalent to an idea MOSFET with
three junction capacitances, as shown in Fig. 1(a). Cds is the
drain-source capacitance, Cdg is the drain-gate capacitance, and
Cgs is the gate-source capacitance. The channel current ich of
the idea MOSFET is determined by the gate-source voltage vgs
and the drain-source voltage vds, as shown in Fig. 3, which is
called the output characteristic. Based on the different regions in
the output characteristic, the MOSFET can be divided into three
working states.

1) When vgs ≤ Vth, the MOSFET channel is cut OFF. The
channel current ich is equal to 0.

Fig. 3. Output characteristic of SiC MOSFETs.

Fig. 4. (a) Transfer characteristic and (b) junction capacitances of SiC
MOSFETs.

2) When 0 < vgs − Vth ≤ vds, the channel works in the sat-
uration region, where ich approximately does not change
with vds.

In the cut off and saturation regions, the ideal MOSFET can
be equivalent to a current source controlled by vgs, as shown in
Fig. 1(b). The cut off and the saturation regions are collectively
defined as the controlled region. The relationship between ich
and vgs is shown in Fig. 4(a), which is called the transfer
characteristic. It can be seen from Fig. 4(a) that after vgs reaches
the threshold voltage Vth, ich increases with vgs increases. The
ich under the same vgs increases with the increased temperature
Tj, and Vth decreases with the increased Tj. The relationship
between ich and vgs can be expressed by

ich(vgs, Tj) = gm(vgs, Tj) · (vgs − Vth(Tj)) (1)

where gm(vgs, Tj) is the transconductance and varies with vgs
or Tj. The nonlinearity of the transfer characteristic and its
temperature dependence are considered in the presented model
to achieve high accuracy.

3) When vgs − Vth > vds > 0, the MOSFET works in the
ohmic region and can be equivalent to a resistor, as shown
in Fig. 1(c). The value of the resistance is determined by
vgs, vds, and Tj as

Rds(on)(vds, vgs, Tj) =
vds

ich(vds, vgs, Tj)
=

vds

f(vds, vgs, Tj)
(2)

where f is the function that describes the output character-
istic in the ohmic region. The nonlinearity and temperature
dependence of the ohmic-region output characteristic are also
considered.

The junction capacitances are usually given as the input
capacitance Ciss, the output capacitance Coss, and the reverse
capacitance Crss. Their relationships with Cds, Cgd, and Cgs are
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Fig. 5. Equivalent models of (a) SiC Diodes and (b) SiC MOSFETs working
in third quadrant.

expressed by ⎧⎨
⎩
Cgd = Crss

Cds = Coss − Crss

Cgs = Ciss − Crss

. (3)

Fig. 4(b) shows the junction capacitances under logarithmic
coordinates. They are also nonlinear and decrease as vds in-
creases. To guarantee accuracy, the nonlinear junction capaci-
tances are also considered in the model.

The freewheeling diode can be equivalent to a diode with
its junction capacitance CD, as shown in Fig. 5(a). The diode
current id can be expressed by

iD(vD, Tj) =

{
0,vD< −VD0(Tj)
−vD−VD0(Tj)

RD(Tj)
, vD>− VD0(Tj)

(4)

where RD(Tj) is the equivalent resistance and VD0(Tj) is the turn-
ON threshold voltage [20]. They are related to the die temperature
Tj. The junction capacitance CD is also nonlinear and decreases
as vD increases. If SiC MOSFETs are used as the freewheeling
diodes, they can also be equivalent to a diode with the junction
capacitances, as shown in Fig. 5(b). The junction capacitors can
be equivalent to a single capacitor CD = CdgCgs/(Cdg + Cgs) +
Cds as the circuit in Fig. 5(a). During switching transients, vgs
is clamped to zero or negative, and Cdg is usually much lower
than Cgs in a wide vds range. Thus, CD ≈ Cdg + Cds = Coss.
The nonlinearity of CD and the temperature dependence of RD

and VD0 are also considered.

III. ANALYTICAL SWITCHING MODEL FOR CALCULATING

UNBALANCED DYNAMIC CURRENTS AND SWITCHING ENERGY

The analytical switching model for calculating the unbalanced
dynamic currents and switching energy is presented in this
section. The circuit model is presented first, and simplified to
separate the power and driving circuits. Second, based on the
simplified circuit model, decoupled modeling between the two
circuits and, thus, reduced equation order is achieved, and the
differenced dynamic currents are calculated. Combining the
calculated differenced currents and the average currents, the total
unbalanced switching currents and energy are obtained.

A. Circuit Model and Switching Waveforms

Based on the equivalent model of SiC MOSFETs, the typical
double-pulse test (DPT) circuit with n paralleled MOSFETs is
shown in Fig. 2 and used for analysis and modeling. In a
practical circuit, the branches closed to the paralleled MOS-
FETs are complexly connected and magnetic coupled. Their

Fig. 6. Switching waveforms of the DPT circuit.

parasitic self and mutual inductances are all equivalent into
the paralleled branches, as shown by the red inductances in
Fig. 2. The self-inductances are depicted as the drain inductances
Ld1∼Ldn, the power-source inductances Ls1∼Lsn, the gate
inductances Lgin1∼Lginn, and the driving-source inductances
Lk1∼Lkn. There are mutual inductances between any two of
the paralleled branches. Mdjl represents the mutual inductances
between the jth and lth drain branches. Msjl, Mgjl, and Mkjl have
similar definitions. Mdjgl is the drain-gate mutual inductance
between the jth drain branch and lth gate branch. Msjgl, Mdjkl,
Msjkl, Mdjsl, and Mgjkl have similar definitions. The positive
directions of the magnetic couplings are defined as the red dots.
For the bus branches and driving branches that have no magnetic
coupling with the paralleled branches, the parasitic inductances
are defined as Llink, Lbus, and Lg. The circuit model also contains
the bus voltage source VDD, the bus capacitor Clink, the load
inductance Lload, the gate resistors Rg and Rgin, and the driving
voltage source Vdri.

The typical switching waveforms of the circuit are shown
in Fig. 6, where vgsave, vds, idave are the average values of
vgs1∼vgsn, vds1∼vdsn, id1∼idn, respectively. Iload is the load
current. Vdri(on) and Vdri(off) are the high and low driving
voltages, respectively. During t0–t4, the MOSFETs are turned ON.
The turn-ON period can be divided into three intervals.

1) During t0–t1, vgs begin to increase under Vdri(on). The
MOSFETs work in the cut-off region.

2) During t1–t3, vgs go above Vth. The MOSFETs work in the
saturation region. The drain currents id increase, and the
diode current iD is reduced, as vgs rise. When idave reaches
Iload at t2, iD is reduced to 0. Then, vds begins to reduce
fast, and vD is increased.

3) During t3–t4, vgs continue to increase, and the MOSFETs
work in the ohmic region. During t5∼t9, the MOSFETs are
turned OFF.

This period can also be divided into three intervals.
1) During t5–t6, vgs begin to decrease under Vdri(off). The

MOSFETs work in the ohmic region. At t6, the MOSFETs
enter the saturation region.

2) During t6–t8, the MOSFETs work in the saturation region.
vds is quickly increased, and ich and id decrease as vgs
decreases.



LV et al.: QUANTITATIVE ANALYTICAL MODEL OF PARALLELED SIC MOSFETS 16677

3) After t8, vgs are reduced below Vth. The MOSFETs go into
the cut-off region.

During t0–t3 and t6–t9, the MOSFETs work in the controlled
region, where the channel currents are controlled by vgs. The
MOSFETs are modeled by Fig. 1(b). During t3–t6, they work in
the ohmic region and are modeled by Fig. 1(c).

B. Simplified Circuit Model

The order of the nonsimplified circuit in Fig. 2 is 5n. To estab-
lish the model with reduced order and concise form, the circuit
model needs to be simplified first. The following assumptions
and equivalences are made during the turn-ON (t0–t4) and the
turn-OFF transients (t5–t9).

1) vgs of the MOSFETs can be expressed by

vgs =
1

Ciss

∫ (
ig + Cdg

dvds

dt

)
dt. (5)

Hence, as for the driving circuits, the change of vgs are caused
by the charge and discharge of Ciss through the gate currents ig.
Moreover, the effects ofCdgdvds/dt are equivalent to the current
sources ic controlled by vds, which can be expressed as

ic = −Cdgdvds/dt. (6)

As for the power loop, during the switching transients, the
drain-source voltages vds are mainly borne by the drain-gate
capacitances Cdg and Cds in a wide vds range, and Cgs is
considered a short circuit. Then, the circuit model is equivalent
to Fig. 7(a). The simplified MOSFET models are shown by red
color.

2) The black part in Fig. 7(a) has 2n + 1 external connec-
tion points: s1∼sn, s1’∼sn’, and dc-. Taking dc- as the
zero potential point, the potentials of other points can be
expressed as

vs=vs
′=Ls(

�
id+

�
ig −

�
ik)+M ds

�
id +M gs

�
ig−M ks

�
ik
(7)

where vs = [vs1 vs2 … vsn]T, vs’ = [vs1’ vs2’ … vsn’]T, id =
[id1 id2 … idn]T, ig = [ig1 ig2 … ign]T, ik = [ik1 ik2 … ikn]T,
and Ls, Mds, Mgs, Mks are the parasitic inductance matrices,
whose definitions are depicted in Section A of Appendix. Based
on (7), the circuit model can be equivalent to Fig. 7(b), where the
power-source inductance of jth MOSFET – Lsj – is equivalent to
a full-coupled inductor. In this way, the power loop and driving
loop are separated. The values of Lsj−1 and Lsj−2 are both equal
to Lsj. The magnetic couplings of Lsj−1 or Lsj−2 with other
branches are the same as that of Lsj. The voltage potentials of
s1∼sn and s1’∼ sn’ still satisfy (7).

3) Compared with the currents in the power loop, the cur-
rents in the driving loop are much smaller. Therefore,
the induced voltages in the power loop generated by the
driving-loop currents through the mutual inductances are
ignored. The power loop in Fig. 7(b) is simplified into
Fig. 8(a), where there are mutual inductances between
Ld1∼Ldn and Ls1-1∼Lsn−1. The driving loop in Fig. 7(b)
is simplified into Fig. 8(b), where there are mutual induc-
tances between Lgin1∼Lginn, Lk1∼Lkn, and Ls1-2∼Lsn−2.

Fig. 7. Equivalent dynamic circuit models. (a) Circuit with simplified
MOSFET models. (b) Circuit with equivalent power-source full-coupled
inductors.

Fig. 8. Simplified circuit models. (a) Power circuit. (b) Driving circuit.

The induced voltages in the driving loop generated by
id1∼idn through the power-driving mutual inductances are
equivalent to controlled voltage sources. vpg1∼vpgn repre-
sent the induced voltages in the gate branches through the
power-gate mutual inductances. vpk1∼vpkn represent that
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in the driving-source branches caused by power-driving
source mutual inductances. vps1∼vpsn represent the in-
duced voltages on Ls1-2∼Lsn−2. The controlled voltages
can be expressed as⎧⎪⎪⎨

⎪⎪⎩
vpg = M pg

�
id

vpk = M pk

�
id

vps = (M ds +Ls)
�
id

(8)

where vpg= [vpg1 vpg2 … vpgn]T, vpk= [vpk1 vpk2 … vpkn]T,
vps = [vps1 vps2 … vpsn]T; Mpg is the mutual inductance matrix
between the power and the gate branches, and Mpk is the mutual
inductance matrix between the power and the driving-source
branches. They can be expressed by{

M pg = M dg +M sg

M pk = M dk +M sk
(9)

where Mdg, Msg, Mdk, and Msk are the mutual inductance
matrices between the drain, power-source, gate, and driving-
source branches, respectively. Their definitions are also given in
Section A of Appendix. Based on the simplified circuit models,
the model calculating the current differences is established.
Combining with the average dynamic current and voltage, the
unbalanced switching currents and energy are obtained.

C. Model of the Induced Voltages

The key to calculating the dynamic current differences is to
calculate the vgs differences. In the driving circuit in Fig. 8(b),
the sources Vdri, ic, and the common values (average values)
of vpg1∼vpgn and vpk1∼vpkn will induce unbalanced vgs only
when the parasitic inductances of the paralleled driving branches
are unbalanced. It is proven that in SiC power modules or circuits
with small sizes, the differences in the driving inductances are
small, and the unbalanced driving inductances do not induce
unbalanced dynamic currents [6], [17], [19]. Thus, the influences
of these sources on the vgs differences are all neglected. It is
supposed that they only influence the average gate current igave
and the average gate-source voltage vgsave. Moreover, since the
power source branches are Y-connected, the common values
(average values) of vps1∼vpsn do not induce any currents, which
are also neglected. Therefore, it can be concluded that the
unbalanced vgs and ig are mainly induced by the unbalanced
values of vpg1∼vpgn, vpk1∼vpkn, and vps1∼vpsn, which can be
expressed as⎧⎪⎪⎨
⎪⎪⎩
Δvpg = vpg − vpgaveI1 = P 1 · vpg = P 1 ·M pg

�
id

Δvpk = vpk − vpkaveI1 = P 1 · vpk = P 1 ·M pk

�
id

Δvps = vps − vpsaveI1 = P 1 · vps = P 1 · (Ls +M ds)
�
id
(10)

where Δvpg = [Δvpg1 Δvpg2 … Δvpgn]T, Δvpk = [Δvpk1
Δvpk2 … Δvpkn]T, and Δvps = [Δvps1 Δvps2 … Δvpsn]T are
the unbalanced values of the induced voltages. vpgave, vpkave,
and vpsave are the average values of the voltages. The average

voltages, P1, and I1 are expressed by⎧⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎩

vpgave =
1
nI2 · vpg

vpkave =
1
nI2 · vpk

vpsave =
1
nI2 · vps

P 1 = (E − 1
nI3)

I1 = [11 . . . 1]T

(11)

where⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

E =

⎡
⎢⎢⎢⎣
1 0 · · · 0
0 1 · · · 0
...

...
. . .

...
0 0 · · · 1

⎤
⎥⎥⎥⎦ , I2 =

[
1 1 · · · 1

]
,

I3 =

⎡
⎢⎢⎢⎣
1 1 · · · 1
1 1 · · · 1
...

...
. . .

...
1 1 · · · 1

⎤
⎥⎥⎥⎦ .

(12)

D. Model of the Driving Circuit

To solve the vgs differences under Δvpg, Δvpk, and Δvps, the
state differential equations of the driving circuit are established.
The circuit order is only 3n −1, which is lower than that of
the nonsimplified circuit in Fig. 5. Δvgs1∼Δvgsn, Δig1∼Δign,
Δik1∼Δikn−1 are chosen as the state variables.

Under the unbalanced values of the induced voltages, the
Kirchhoff’s voltage law (KVL) equation of the gate and driving-
source branches in Fig. 8(b) can be written as

(RgI3 +Rgin)Δig + (LgI3 +Lgin −M gk)
�

Δig

+ (Lk −M kg)
�

Δik +(M sg −M sk)
�

Δis = Δvpk

−Δvpg −Δvgs (13)

where Δvgs = [Δvgs1 Δvgs2 …Δvgsn]T is the vector of the
unbalanced values of vgs1∼vgsn. Δig = [Δig1 Δig2 …Δign]T,
Δik = [Δik1 Δik2 …Δikn]T, and Δis = [Δis1 Δis2 …Δisn]T

are the vectors of the unbalanced currents. Rgin is the matrix of
the internal gate resistances, and Lgin, Lk, Mgk, Mkg, Msg, and
Msk are the parasitic inductance matrices of the driving circuit,
which are defined in Section A of Appendix.

Applying KVL to the driving-source and power-source
branches, there are

(Ls +M sk)
�

Δis +(M gs +M gk)
�

Δig +(−M ks −Lk)
�

Δik

+Δvpk +Δvps =
1

n
I3((Ls +M sk)

�
Δis

+ (M gs +M gk)
�

Δig −(M ks +Lk)
�

Δik

+Δvpk +Δvps). (14)

The current differences in the driving circuit satisfy

Δig −Δis = Δik (15)

I2Δis = 0. (16)
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The relationship between Δvgs and Δig can be expressed as

�
Δvgs =

1

Ciss
Δig. (17)

By (15), (13) can be rewritten as

Lg1

�
Δig +Lk1

�
Δik = −RgΔig −Δvpg +Δvpk −Δvgs

(18)
where ⎧⎨

⎩
Lg1 = LgI3 +Lg +M sg −M gk −M sk

Lk1 = Lk −M kg −M sg +M sk

Rg = RgI3 +Rgin.
(19)

By (15), (14) can be rewritten as

P 1Lg2

�
Δig −P 1Lk2

�
Δik = −P 1Δvpk − P 1Δvps (20)

where {
Lg2 = Ls +M gs +M gk +M sk

Lk2 = Ls +M ks +Lk +M sk
. (21)

By (15) and (16), it can be derived that

I2Δig = I2Δik. (22)

Combining (20) and (22), (23) can be derived

Lg3

�
Δig −Lk3

�
Δik = −TΔvpk − TΔvps (23)

where

⎧⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎩

Lg3 =

[
P 2 · P 1 ·Lg2[
1 1 · · · 1

]] ,Lk3 =

[
P 2 · P 1 ·Lk2[
1 1 · · · 1

]]

T =

[
P 2 · P 1[

0 0 · · · 0
]] ,P 2 =

⎡
⎢⎢⎢⎣
1 0 · · · 0 0
0 1 · · · 0 0
...

...
. . . 0 0

0 0 · · · 1 0

⎤
⎥⎥⎥⎦

.

(24)

Then, it can be solved by (18) and (23) that⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

�
Δig = −Lg4

−1Δvgs −Lg4
−1RgΔig −Lg4

−1Δvpg

+Lg4
−1(E −Lk1Lk3

−1T )Δvpk −Lg4
−1Lk1Lk3

−1TΔvps

�
Δik = −Lk3

−1Lg3Lg4
−1Δvgs −Lk3

−1Lg3Lg4
−1RgΔig

−Lk3
−1Lg3Lg4

−1Δvpg

+(Lk3
−1Lg3Lg4

−1(E −Lk1Lk3
−1T ) +Lk3

−1T )Δvpk

−(Lk3
−1Lg3Lg4

−1Lk1Lk3
−1T −Lk3

−1T )Δvps

(25)

where

Lg4 = Lg1 +Lk1Lk3
−1Lg3. (26)

Then, based on (17) and (25), the state differential equation
can be written as

�
X = A ·X +B · F (27)

where X= [Δvgs1 … Δvgsn Δig1 … Δign Δik1 … Δik(n−1)]T

are the state variables. F = [Δvpg1 … Δvpgn Δvpk1 … Δvpkn
Δvps1 …Δvpsn]T are the excitations. A and B are the coefficient
matrices and are expressed by (28) shown at the bottom of this
page. Based on (10), the induced voltages can be obtained, and
then Δvgs can be calculated using the state equation

E. Model of the Power Circuit

The power circuit model is established separately from the
driving circuit.

1) During t0–t3 or t6–t9, the MOSFETs work in the controlled
region. The channel currents ich = [ich1 ich2 …ichn]T are
obtained by the nonlinear transfer characteristic using vgs
= [vgs1 vgs2 … vgsn]T and Tj = [Tj1 Tj2 …Tjn]T, where
vgs is calculated by

vgs = vgsaveI1 +Δvgs. (29)

The unbalanced value of the channel currents Δich = [Δich1
Δich2 …Δichn]T are

Δich=ich − ichaveI1=P 1 · ich (30)

where ichave is the average channel current. Since the voltages
on the paralleled MOSFETs are approximately equal [12], the
currents on the paralleled Coss are supposed to be equal. Thus,

⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

A =

⎡
⎢⎢⎣

0 1
Ciss

E 0

−Lg4
−1 −Lg4

−1Rg 0

−P 2Lk3
−1Lg3Lg4

−1 −P 2Lk3
−1Lg3Lg4

−1Rg 0

⎤
⎥⎥⎦

B =

⎡
⎢⎢⎢⎢⎢⎣

0 0 0

−Lg4
−1 Lg4

−1(E −Lk1Lk3
−1T ) −(Lg4

−1Lk1Lk3
−1T )

−P 2Lk3
−1Lg3Lg4

−1 P 2(Lk3
−1Lg3Lg4

−1(E −Lk1Lk3
−1T ) +Lk3

−1T ) −P 2(Lk3
−1Lg3Lg4

−1Lk1Lk3
−1T

−Lk3
−1T )

⎤
⎥⎥⎥⎥⎥⎦ .

(28)
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Fig. 9. Power circuit models in the ohmic region. (a) Simplified model. (b)
Simplified model for the unbalanced currents.

Δid = [Δid1 Δid2 …Δidn] = Δich. By (30), the unbalanced
drain currents are obtained as

id = idaveI1 +Δich = idaveI1 + P 1ich. (31)

By the driving circuit model, Δvgs can be obtained. The gate-
source voltage vgs is obtained by (29), ich is obtained by the
transfer characteristic, and id is calculated by (31). vgsave, ichave,
and idave can be obtained by calculating the average switching
transient.

2) During t3–t4 and t5–t6, the MOSFETs work in the ohmic
region. The effect of Coss is neglected. Thus, the power cir-
cuit is simplified into Fig. 9(a), where Rds(on)1∼Rds(on)n

are the resistances of the MOSFETs. They are given by
(2), where ich is obtained by the ohmic-region output
characteristic using vgs, vds, and Tj. vgs is calculated by
(29). And the average drain-source voltage vds is used,
which is obtained by calculating the average switching
transient. When only considering the unbalanced currents,
the circuit is simplified into Fig. 9(b), where the effects
of the common values of id1∼idn are equivalent to the
controlled voltages vd = [vd1 vd2 …vdn]T, expressed by

vd=(Ld +Ls +M ds +M sd)
�

idave I1 +Rds(on)idaveI1

(32)
where Ld is the drain inductance matrix defined in Section A

of Appendix, and Rds(on) is expressed as

Rds(on) =

⎡
⎢⎢⎢⎣
Rds(on)1 0 · · · 0

0 Rds(on)2 · · · 0
...

...
. . . 0

0 0 · · · Rds(on)n

⎤
⎥⎥⎥⎦ . (33)

The circuit equation of Fig. 9(b) can be written as

vd + (Ld +Ls +M ds +M sd)
�

Δid +Rds(on)Δid

=
1

n
I3((vd + (Ld +Ls +M ds +M sd)

�
Δid

+Rds(on)Δid)) (34)[
1 1 · · · 1

]
Δid = 0. (35)

Combining (34) and (35), it can be derived that

Lds

�
Δid = −RdsΔid − Tvd (36)

where⎧⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎩
Lds =

[
P 2P 1(Ld +Ls +M ds +M sd)[

1 1 · · · 1
]

]

Rds =

[
P 2P 1Rds(on)[
0 0 · · · 0

]
] . (37)

Choosing Δid1∼Δid(n−1) as the state variables, the state
equation of the simplified power circuit in the ohmic region
is derived by (36) and (37) as

�
Y = C · Y +D · vd (38)

where Y= [Δid1 Δid2 …Δid(n−1)]T, and C and D are expressed
as {

C = −P 2Lds
−1RdsP 3

D = −P 2Lds
−1T

(39)

where

P 3 =

⎡
⎢⎢⎢⎢⎢⎣

1 0 · · · 0
0 1 · · · 0
...

...
. . .

...
0 0 · · · 1
−1 −1 · · · −1

⎤
⎥⎥⎥⎥⎥⎦ . (40)

vd is calculated by (32), then Δid can be obtained by solving
(38), and then id and ich can be obtained by{

id = idaveI1 +Δid
ich = ichaveI1 +Δid

. (41)

F. Analytical Model and Calculation Method

By the above models, the analytical model for calculating the
unbalanced dynamic currents is shown in Fig. 10. The unbal-
anced power-driving mutual inductances, drain-source mutual
inductances, or power-source inductances cause unbalanced
induced voltages, causing unbalanced vgs, and then inducing
unbalanced id. The current id, in turn, influences the unbalanced
induced voltages.

The calculation flowchart is shown in Fig. 11. First, the param-
eter values are given as inputs, including the MOSFET characteris-
tic curves, the diode parameters, and the circuit parameters. The
MOSFET characteristics can be obtained by the datasheet or by
experimental tests. The circuit parasitic matrices can be obtained



LV et al.: QUANTITATIVE ANALYTICAL MODEL OF PARALLELED SIC MOSFETS 16681

Fig. 10. Analytical model for calculating the unbalanced dynamic currents.

Fig. 11. Calculation flowchart of the analytical model.

by electromagnetic simulation. Second, the initial values are
given, where Δid(0) is given by

Δidj(0) =

1
Rds(on)j

1
Rds(on)1

+ 1
Rds(on)2

+ · · ·+ 1
Rds(on)n

· nidave(0)

− idave(0). (42)

Δidj(0) is the jth element of Δid(0). During the turn-ON

period, Δidj(0) = 0, since idave(0) = 0. During the turn-OFF

period, idave(0) = Iload/n, and Δidj(0) is determined by the
initial Rds(on)1∼Rds(on)n. Then, the average switching transient
is calculated to obtain vgsave, ichave, idave, and vds for the
subsequent calculation. An analytical model is used for the
average calculation, which is detailed in Appendix. The average
model is based on the modeling method in [20] and [33] with
high calculating precision. The average waveforms can also be
obtained by experiments if the actual circuit is available. Finally,
the presented dynamic current sharing model is calculated by
time stepping. The time step is much lower than the switching
time.

During each time step [tcal, tcal+ΔT], the unbalanced induced
voltages Δvpg(Tcal), Δvpk(Tcal), Δvps(Tcal), and Ciss are cal-
culated first, where Ciss is obtained by linearly interpolating
the Ciss(vds) curve data using the latest calculated vds(Tcal).
Then, the state (27) is calculated to obtain Δvgs and vgs. The
unbalanced induced voltages and Ciss are considered constant
in this time step. Hence, the coefficients and excitation matrices
of the state equation are constant, making it easy and fast to solve.
Then, id and ich are calculated using the power circuit model.
When solving the power circuit model, the working region is
judged first. Different models are used for different working
regions

1) When the MOSFETs work in the controlled region, ich is
obtained by performing two- 2-D linear interpolation on
the curve data of the transfer characteristic ich(vgs, Tj)
using the calculated vgs waveform in this time step and
Tj. Then, id is obtained by (31) using the calculated ich.

2) When the MOSFETs work in the ohmic region, first,
the curve data of the ohmic-region output characteristic
ich(vds, vgs, Tj) is linearly interpolated using vds(Tcal), Tj,
and the latest calculated vgs(Tcal) to obtain ich(Tcal). Then,
ich(Tcal) is divided by vds(Tcal) to obtain the resistance
Rds(on)(Tcal) of the paralleled dies for calculation in this
time step. Then, vd(Tcal) is calculated by (32). Δid is
calculated by solving (38), and id is obtained by (41).
Rds(on) and vd are also considered constant to ensure fast
solution and convergence of the state equation.
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Fig. 12. Experimental power module.

Finally, dΔid/dt(tcal + ΔT) is calculated for solving the
unbalanced induced voltages of the next time step. By reinter-
polating the curve data of the die characteristics within each
time step, their nonlinearities are involved. By interpolating the
curve data under different temperatures using Tj, the temperature
dependence of the die parameters is included.

When the calculation is finished, the unbalanced switching en-
ergy Eloss_model = [Eloss1_model Eloss2_model … Elossn_model]T

are calculated by

Eloss−model =

∫ Tend

0

idvdsdt. (43)

The calculation program is established in MATLAB and
solved by cyclic calculations of the state equations and expres-
sions according to the flowchart in Fig. 11. The ready-made
linear interpolating function and state equation solving function
in MATLAB are used. Moreover, the calculation program is suit-
able for different parallel numbers, circuit parameters, and die
temperatures. When used in different circuits, it is only needed
to update the chip characteristic curves, junction temperatures,
and parasitic inductance matrices.

IV. EXPERIMENTAL VERIFICATION

In this section, the presented model is verified by experiments
based on the SiC power module shown in Fig. 12. The module
layout is designed based on the commercial modules from
ROHM [34]. 8 ROHM S4661 (1200 V/13 mΩ) SiC MOSFETs
are used, where four MOSFETs are paralleled in each switch.
Moreover, there are 10 Ω gate resistors soldered on the substrate
and connected to each MOSFET to dampen the oscillations be-
tween the paralleled dies. Under 2Ω, 4.1Ω, and 6Ω external Rg,
the current rise and fall times are 43 ns–78 ns and 32 ns–63 ns,
which are reasonable for high-capacity SiC power modules. The
test circuit of the power module is shown in Fig. 13, where the
bill of the components is shown in Table I. A 120 A Rogowski
coil is used to test the drain currents of LQ1–LQ4. The coil
is simultaneously placed on the MOSFETs’ power-source and
driving bonding wires, as shown in Fig. 13(b), to obtain the drain
currents directly. As for the high-side MOSFETs, the driving and
power-source wires are on different sides. Due to the low area

Fig. 13. Test setups. (a) DPT test rig. (b) Measurement method of drain
currents. (c) Measurement method of drain-source voltage vds.

TABLE I
COMPONENT LIST OF THE TEST CIRCUIT

and the fragile driving wires, it is hard to place the coil on all the
bonding wires to measure the high-side drain currents. There-
fore, the experimental tests are based on the situation where
the low-side MOSFETs are used as the main switch, whose drain
currents are easy to measure. The id waveforms of LQ1–LQ4
are obtained by four repeated tests under the same conditions
using one coil. In this way, the measurement errors caused
by coil differences are avoided. The vds waveforms are tested
directly on the MOSFET dies by a 1000 V passive voltage probe
from Tektronix, as shown in Fig. 13(c). Though the accuracy
of the voltage probe is limited under several volts, the test
errors have little impact on the tested switching energy and the
experimental verifications. Since the module is not encapsulated
to facilitate the measurements, the dc bus voltage is 400 V to
prevent partial discharge. The equivalent test circuit diagram
is shown in Fig. 14. The black components in Fig. 14 are the
parameters inside the power module, where there are magnetic
couplings between the parasitic inductances. The blue parts are
the outside circuits. In addition, there are current coupling effects
caused by the common branch currents between the parallel
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Fig. 14. Equivalent circuit diagram of the DPT circuit.

Fig. 15. Transfer curves of the tested dies. (a) Transfer curves of the 70 tested
dies. (b) Transfer curves of the selected LQ1–LQ4.

chips, which is equivalent to parts of the parasitic inductances
and mutual inductances in Fig. 14. The low-side MOSFETs are
used as the main switch. The high-side driving terminals (HG
and HK) are shorted, and the driving board is connected to the
low-side driving terminals (LG and LK). The load inductance is
connected to the dc+ and ac terminals.

Before module manufacturing, the transfer curves of 70 dies
are tested by Agilent B1505A and screened to ensure the consis-
tency of the paralleled dies. The results are shown in Fig. 15(a).
The transfer curves of the selected LQ1–LQ4 are shown in
Fig. 15(b), which overlap with each other.

A. Circuit Parasitic Parameter Values

The parasitic inductance values need to be given first. As for
the circuit in Fig. 14, supposing the voltages on the freewheeling
diodes are equal, HQ1–HQ4 can be moved outside the paralleled
branches and equivalent to a single diode, as shown in Fig. 16(a).
VD0 of the diode takes the average value of the paralleled dies.
CD and RD takes the paralleled values. Moving the connection
point of the load inductor from ac to dc+’, and equivalenting the

Fig. 16. Equivalent models of the test circuit. (a) Circuit with simplified
freewheeling diodes. (b) Circuit after parasitic inductace equivalence.

parasitic inductances from dc+’ to the drains of LQ1–LQ4 into
four paralleled inductances (Ld1-L’∼Ld4-L’), the circuit is equiv-
alent to Fig. 16(b). The circuit is the same as the typical circuit in
Fig. 2 and is used for calculating. The parasitic inductance values
are obtained by Q3D simulation, which is precise and convenient
[18], [19], [20]. During the simulation, the high-side dies are
shorted, the electrodes of the low-side dies are set to sources,
and the terminals (dc+, dc-, LG, and LK) are set to sinks. Then,
four nets (Ld, Ls, Lk, Lg) with excitations are generated, as shown
in Fig. 17. The parasitic inductances in Fig. 16(b) are directly
solved based on this simulation setup. Based on the simulation,
the current coupling effects are included. Fig. 18 shows the
parasitic inductances under different frequencies. As shown in
Fig. 18, as the frequency increases, the absolute values of the
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Fig. 17. Q3D simulation nets. (a) Ld net. (b) Ls net. (c) Lk net. (d) Lg net.

Fig. 18. Parasitic inductances under different frequencies.

parasitic inductances gradually decrease due to the changes in
the skin and proximity effects. When the frequency is higher
than 1 MHz, because of the little variations in these two effects,
the parasitic inductances change little with frequency. During
the switching transients of the SiC power module, the current
rise and fall times are in the range of tens of nano seconds,
corresponding to an equivalent frequency range of a few MHz
to tens of MHz, where the inductances remain nearly constant
with frequency [9]. Thus, the inductances on 10 MHz are used
for model calculation. The parasitic inductances of the outside
circuits are also obtained by Q3D simulations, where Lbus =
6.65 nH and Lg = 38.1 nH.

B. Experimental Results Under Room Temperature

Under room temperature, the measured average ohmic-region
output characteristic curves, transfer characteristic curve, and
junction capacitances of LQ1–LQ4 are shown in Fig. 19, where
the curves of the die Spice model provided by the manufacturer
are compared. The parameters of the Spice model are different
from the measured practical values, which may be due to the
different die batches. This will reduce the accuracy of Spice
simulations. Based on the circuit parasitic inductances and the
tested MOSFET parameters, the presented model is solved.

Fig. 19. MOSFET characteristics from measurements and Spice model. (a)
Ohmic-region output characteristic. (b) Transfer characteristic. (c) Junction
capacitances.

Fig. 20. Calculation times and errors under different time steps ΔT. (a)
Calculation times. (b) Calculation errors of the maximum current differences.

Fig. 20(a) shows the model-calculation times under different
time steps ΔT during the turn-ON period, when Iload = 230 A.
Fig. 20(b) shows the influence of ΔT on the calculation errors
of the maximum current differences |Δid(max)| ( = | max(id1
− id4) |). It can be seen that the larger the time step ΔT, the
shorter the calculation time but the larger the calculation errors.
The time steps equal to 0.5% of the current rise or fall time
are used for calculation, which can simultaneously ensure fast
calculation speed and high calculation accuracy. In practical
applications, the current rise and fall times can be obtained
from the die/module datasheet, and the required calculation time
step can be determined proportionally. Alternatively, obtain the
results quickly with a large time step, read the switching time
according to the calculated waveforms, and then readjust the
time step to 0.5% of the current rise or fall time to get a higher
precision.

Under the same conditions, the model calculated, LTSpice
simulated, and experimentally tested waveforms are shown in
Figs. 21–23. In the LTSpice simulation, the die Spice model
provided by the manufacturer and the same parasitic inductances
are used. Figs. 21–23 show the results when Rg = 2 Ω, 4.1 Ω,
and 6 Ω, respectively. It can be concluded that the turn-ON

currents on LQ1–LQ4 decrease in sequence, and their turn-OFF
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Fig. 21. Turn-ON and turn-OFF waveforms when Rg = 2 Ω and Iload =
230 A.

Fig. 22. Turn-ON and turn-OFF waveforms when Rg = 4.1 Ω and
Iload = 230 A.

currents increase in sequence. The model-calculated waveforms
match the tested waveforms well. However, the errors of the
simulated waveforms are large, especially when Rg = 2 Ω and
4.1 Ω. The deviations of the simulation results are caused by the
nonaccurate parameters of the MOSFET Spice model.

Table II summarizes the tested, model calculated,
and Spice simulated maximum unbalanced currents
(Δid1(max)∼Δid4(max)) during the turn-ON and turn-OFF

periods. The maximum unbalanced current Δidj(max) on the
jth MOSFET represents the maximum deferences between idj
and idave, and can be expressed as

Fig. 23. Turn-ON and turn-OFF waveforms when Rg = 6 Ω and Iload =
230 A.

Δidj(max)

=

{
max(Δidj) = max(idj − idave), ifΔidj > 0
−max(|Δidj |) = −max(|idj − idave|), ifΔidj < 0

.

(44)

Since Δid1(max)∼Δid4(max) do not appear at the same time,
their sums are not equal to 0. The errors of the model calculated
results are defined as

error = |(Δidj(max)_mod −Δidj(max)_exp)/(Iload/n)| (45)

where Δidj(max)_mod is the calculated value and Δidj(max)_exp

is the tested value. The errors of the simulated results are defined
in the same way. Under different gate resistances, the errors of
the calculated turn-ON maximum unbalanced currents are within
8%, and the errors of the turn-OFF results are within 6%. The
errors of the simulated turn-ON and turn-OFF results are below
8% and 5%, respectively. Both the presented model and LTSpice
simulation can predict dynamic current differences well.

Table III shows the errors of the calculated and simulated
vds waveforms relative to the tested results. Since the accuracy
at a single point does not reflect the accuracy of the entire vds
waveform, we define the errors of the calculated vds waveforms
as

error =
1

Tend

∫ Tend

0

|vds_model − vds_exp|dt (46)

where vds_model and vds_exp are the model-calculated and tested
vds waveforms, respectively. The definition contains the error
information of all points in the calculated vds waveforms. The
same definition is used for the simulated errors. As shown in
Table III, the maximum error of the model-calculated results
is 6.40 V during the turn-ON transients and 12.6 V during the
turn-OFF transients. The maximum turn-ON and turn-OFF errors
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TABLE II
MAXIMUM UNBALANCED CURRENTS ON THE PARALLELED MOSFETS (Iload = 230 A)

TABLE III
ERRORS OF THE MODEL-CALCULATED AND LTSPICE-SIMULATED VOLTAGE WAVEFORMS (Iload = 230 A)

TABLE IV
SWITCHING ENERGY ON THE PARALLELED MOSFETS (Iload = 230 A)

of the simulated results are large, which are 24.0 V and 21.9 V,
respectively.

Table IV shows the tested, model-calculated, and Spice-
simulated unbalanced switching energy during the turn-ON and
turn-OFF periods. The switching energy of the jth MOSFET is
defined as

Elossj =

∫ Tend

0

idjvdsdt. (47)

Since the ich waveforms cannot be measured in the exper-
iments, id is used here for switching energy calculation. The
errors of the model-calculated switching energy are defined as

error = |(Elossj_model − Elossj_ exp)/(Elossj_ exp)| (48)

where Elossj_model is the calculated value and Elossj_exp is the
tested value. The errors of the simulated energy are defined in the
same way. It can be concluded that the turn-ON switching energy

on LQ1–LQ4 decrease in sequence, and the turn-OFF switching
energy increase in sequence. Under different gate resistances,
the errors of the calculated turn-ON switching energy are within
10%, and the errors of the calculated turn-OFF switching energy
are within 9%. It can be concluded that the presented model
predicts unbalanced switching energy well. As for the simulated
results, the errors of the turn-ON switching energy are higher than
8% and reach 36% on LQ4 under 4.1 Ω Rg. This is because of
the large errors in the simulated turn-ON voltage waveforms. The
errors of the simulated turn-OFF switching energy are relatively
small, and the maximum value is 13.6%. It can be concluded
that the errors of the Spice simulated waveforms and switching
energy are large due to the errors in the die parameters of the
Spice model. If the die parameters can be modified based on
the measured curves, Spice simulation can also achieve high
calculation accuracy [28]. However, the output characteristic in
the spice model is expressed by a complex multidimensional
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Fig. 24. Maximum current differences under different gate resistances and
load currents. (a) Turn-ON results. (b) Turn-OFF results.

Fig. 25. Turn-ON and turn-OFF switching energy on the paralleled MOSFETs
under different load currents when Rg = 2Ω. (a) Turn-ON results. (b) Turn-OFF
results.

fitting function, and the parameters’ specific physical meanings
are unclear. Thus, modifying the complex fitting curve in the
spice model is difficult. Compared to Spice simulation, the
presented model is calculated directly by inputting the tested
die characteristics without the model modification process.

Under different Iload and gate resistances, the maximum
current differences |Δid(max)| ( = | max(id1 − id4) |) are shown
in Fig. 24. The presented model can accurately calculate the
current differences under different conditions. The maximum
error of the turn-ON and turn-OFF results is lower than 8%.
Fig. 24 also shows that the current differences increase as the
load current increases. However, they only slightly decrease with
the increased Rg during the turn-ON transients, and almost do not
change with Rg during the turn-OFF transients. This is because
under an increased Rg, the switching time increases, and the
current slope decreases. The unbalanced induced voltages in the
driving circuit are reduced, but the effect time is increased. The
two effects cancel each other out, making the change of the
current differences small.

The turn-ON and turn-OFF switching energy under different
Iload and Rg are shown in Figs. 25 –27, which shows the results
when Rg = 2 Ω, 4.1 Ω, and 6 Ω, respectively. The model-
calculated results fit the tested results well. The maximum error
during the turn-ON and turn-OFF periods is lower than 11%.
The switching energy and their differences increase with the
increased Iload. To further verify the model accuracy, the total
turn-ON and turn-OFF switching energy results when Rg_on =
4.1 Ω, Rg_off = 2 Ω are shown in Fig. 28(a), and the results
when Rg_on = 6 Ω, Rg_off = 2 Ω are shown in Fig. 28(b). The

Fig. 26. Turn-ON and turn-OFF switching energy on the paralleled MOSFETs
under different load currents when Rg = 4.1 Ω. (a) Turn-ON results. (b) Turn-
OFF results.

Fig. 27. Turn-ON and turn-OFF switching energy on the paralleled MOSFETs
under different load currents when Rg = 6Ω. (a) Turn-ON results. (b) Turn-OFF
results.

Fig. 28. Total switching energy on the paralleled MOSFETs when (a) Rg_on
= 4.1 Ω, Rg_off = 2 Ω, and (b) Rg_on = 6 Ω, Rg_off = 2 Ω.

model still has high accuracy, with a maximum error of 5.7%.
Thus, it can be concluded that the model can accurately predict
the maximum switching energy on the paralleled MOSFETs.

C. Experimental Results Under Higher Temperatures

First, to perform accurate calculation, the ohmic-region output
and transfer curves under different temperatures are measured
using Agilent B1505A. Because the dies are already soldered on
the direct bonded copper (DBC), the parameters of a single die
cannot be individually tested. Since the dies are screened before
soldering, their characteristic differences are ignored. Thus, the
entire switch with four paralleled dies is measured, and the
measured currents are divided by four to obtain the characteristic
curves of a single die. The module is attached to a hot plate with
silicon thermal grease, and the die temperatures are checked
by an infrared thermal imager. To accurately monitor the die
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Fig. 29. (a) Power moduel with black paint. (b) Temperature distribution under
100 °C heat plate temperature.

Fig. 30. Measured characteristic curves under different junction temperatures.
(a) Ohmic-region output characteristic. (b) Transfer characteristic. (c) Third
quadrant characteristic.

temperatures, the power module is covered with black paint to
avoid the influence of reflected lights, as shown in Fig. 29(a).
The temperature distribution is depicted in Fig. 29(b), when
the hot plate temperature is 100 °C. The maximum temperature
difference on LQ1–LQ4 is only 1.7%. Therefore, this heating
method can ensure the consistency of the temperatures between
the paralleled dies, and the die characteristic curves are tested
accurately. Giving different temperatures, the measured curves
of the low-side dies are shown in Fig. 30(a)–(b). The measured
third quadrant characteristic curves of the high-side freewheel-
ing dies are shown in Fig. 30(c). The calculations of the presented
model under different junction temperatures are based on these
measured curves.

DPT tests are performed to obtain the switching waveforms
and energy under elevated temperatures. The test setup under the
higher, balanced temperatures is shown in Fig. 31. The module is
also attached to the hot plate. The temperature distribution is also
tested by the infrared thermal imager. The signal test methods are
the same as the experiments under room temperature. A 100 °C
hot plate temperature is giving, and the module temperature
distribution is the same as Fig. 29(b). The switching waveforms
and energy under the higher balanced temperatures are tested.
The model-calculated and tested waveforms are compared in
Fig. 32. They are matched well. The calculated and tested

Fig. 31. Test setup under higher, balanced temperaturs.

Fig. 32. Switching waveforms under balanced, higher die temperatures when
Rg = 4.1 Ω and Iload = 230 A.

Fig. 33. Test setup under unbalanced die temperatures. (a) Module with
thermal grease. (b) Temperature distribution.

maximum unbalanced currents and switching energy are shown
in Table V. The calculation errors are within 10%. Thus, the
presented model enables accurate calculation of the unbalanced
dynamic currents and switching energy under balanced, elevated
die temperatures.

To verify the accuracy of the presented model under unbal-
anced junction temperatures, the thermal grease is only added to
the 1/2 area of the module, as shown in Fig. 33(a). Under 100 °C
hot plate temperature, the temperature distribution is shown in
Fig. 33(b). The temperatures on LQ1–LQ4 are 60.8 °C, 69.2 °C,
76.2 °C, and 79.4 °C, where the maximum difference is 40.1%
of the average temperature rise. The model-calculated and tested
waveforms are shown in Fig. 34. They are also matched well.
The calculated and tested maximum unbalanced currents and
switching energy are shown in Table VI. The calculation errors
are within 10.4%. Thus, the presented model enables accurate



LV et al.: QUANTITATIVE ANALYTICAL MODEL OF PARALLELED SIC MOSFETS 16689

TABLE V
MAXIMUM UNBALANCED CURRENTS AND SWITCHING ENERGY UNDER BALANCED HIGHER TEMPERATURES (Iload = 230 A, Rg = 4.1 Ω)

TABLE VI
MAXIMUM UNBALANCED CURRENTS AND SWITCHING ENERGY UNDER UNBALANCED TEMPERATURES (Iload = 230 A, Rg = 4.1 Ω)

Fig. 34. Switching waveforms under unbalanced die temperatures when Rg

= 4.1 Ω and Iload = 230 A.

calculation of the unbalanced dynamic currents and switching
energy under unbalanced die temperatures.

D. Calculation Error Analysis

The errors between the model-calculated and the experimental
results may come from the following aspects.

1) The errors of the parasitic inductances used in the model
calculation.

2) The errors of the die parameters used in the model calcu-
lation.

3) The errors introduced by the step calculation.

4) The errors induced by the assumption that the voltages on
the freewheeling diodes are equal.

5) The chip screening is carried out at room temperature.
Differences in the die parameters at high temperatures can
introduce calculation errors.

6) Experimental measurement errors. However, the experi-
mental verifications show that these errors are within the
acceptable range.

In practical applications, to ensure and improve the accuracy
of the model, the following points need to be noted.

1) Using Q3D simulation to extract parasitic inductances has
been proven with high accuracy. On this basis, investigat-
ing the principles of high-precision extraction can further
reduce the errors of the presented model.

2) Accurately measuring the ohmic-region output curves,
transfer curves, and junction capacitances is the key
to achieving high-precision calculation. The smaller the
measurement errors, the more accurate the model will be.

3) Calculation time step selection: It can be concluded that
when selecting 0.5% of the current rise or fall time, short
calculation time, and high accuracy can be guaranteed
simultaneously. When the time step exceeds 0.5% of the
current rise or fall time, the calculation error will be large.

4) Screening the paralleled dies considering the temperature
dependence can also help to reduce the errors.

V. CONCLUSION

This article presents a quantitative analytical model of paral-
leled MOSFETs for calculating the unbalanced dynamic currents
and switching energy.

First, the equivalent circuit models of MOSFETs are established
based on the different working regions. Then, the circuit with n
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paralleled MOSFETs is simplified, separating the power and driv-
ing circuits. Based on the simplified circuit model, decoupled
modeling between the power and driving circuits and reduced
orders are achieved. The order of the state equations is only 3n
− 1, which is lower than 5n of the unsimplified circuit. The
parasitic self and mutual inductances, nonlinear die parameters,
and their temperature dependence are considered to ensure cal-
culation accuracy. The nonlinear parameters are integrated by
interpolating in each time step without the high-precision curve
fitting process. The model can be directly used in circuits with
any parallel number and parameters. When used for different
circuits, it only needs to update the parameter inputs without
remodeling and reprogramming. Moreover, during each time
step, the elements in the coefficient and excitation matrices of
the state equations are constants, which is easy and fast to solve.
The model is more user-friendly than Spice simulation.

The model is verified by a SiC power module with a conven-
tional layout. Under different gate resistances, load currents,
and die temperatures, the errors of the calculated maximum
current differences are within 8%, and the errors of the switching
energy are within 11%. The model is accurate for designing and
evaluating the current sharing performances or calculating the

maximum switching losses of paralleled MOSFETs. Moreover,
the sources of the calculation errors are analyzed, and guidance is
given to improve model accuracy. The precision of the model can
be further improved by increasing the accuracy of the parasitic
inductances and die characteristic curves, and by screening
the dies considering the temperature dependence. Moreover,
attention needs to be paid to the selection of the calculation
time step.

APPENDIX

A. Definitions of Circuit Parameter Matrices

The parasitic inductance matrices and the matrix of the inter-
nal gate resistances Rgin are defined as (A1) shown at the bottom
of this page

B. Analytical Model for Calculating Average Waveforms

Under the effect of the average current idave, the induced
voltage vd’ on Ld1∼ Ldn and Ls1-1∼Lsn−1 in Fig. 8(a) can be
written as

vd
′ = (Ld +M sd +Ls +M ds)

�
idave I1. (A2)

⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

Ls =

⎡
⎢⎢⎢⎢⎣

Ls1 Ms12 · · · Ms1n

Ms12 Ls2 · · · Ms2n

...
...

. . .
...

Ms1n Ms2n · · · Lsn

⎤
⎥⎥⎥⎥⎦ ,Ld =

⎡
⎢⎢⎢⎢⎣

Ld1 Md12 · · · Md1n

Md12 Ld2 · · · Md2n

...
...

. . .
...

Md1n Ms2n · · · Ldn

⎤
⎥⎥⎥⎥⎦

Lgin =

⎡
⎢⎢⎢⎢⎣

Lgin1 Mgin12 · · · Mgin1n

Mgin12 Lgin2 · · · Mgin2n

...
...

. . .
...

Mgin1n Mgin2n · · · Lginn

⎤
⎥⎥⎥⎥⎦ ,Lk =

⎡
⎢⎢⎢⎢⎣

Lk1 Mk12 · · · Mk1n

Mk12 Lk2 · · · Mk2n

...
...

. . .
...

Mk1n Mk2n · · · Lkn

⎤
⎥⎥⎥⎥⎦

Rgin = Rgin

⎡
⎢⎢⎢⎢⎣
1 0 · · · 0

0 1 · · · 0

...
...

. . .
...

0 0 · · · 1

⎤
⎥⎥⎥⎥⎦ ,M ds =

⎡
⎢⎢⎢⎢⎣
Md1s1 Md2s1 · · · Mdns1

Md1s2 Md2s2 · · · Mdns2

...
...

. . .
...

Md1sn Md2sn · · · Mdnsn

⎤
⎥⎥⎥⎥⎦

M gs =

⎡
⎢⎢⎢⎢⎣
Mg1s1 Mg2s1 · · · Mgns1

Mg1s2 Mg2s2 · · · Mgns2

...
...

. . .
...

Mg1sn Mg2sn · · · Mgnsn

⎤
⎥⎥⎥⎥⎦ ,M ks =

⎡
⎢⎢⎢⎢⎣
Mk1s1 Mk2s1 · · · Mkns1

Mk1s2 Mk2s2 · · · Mkns2

...
...

. . .
...

Mk1sn Mk2sn · · · Mknsn

⎤
⎥⎥⎥⎥⎦

M gk =

⎡
⎢⎢⎢⎢⎣
Mg1k1 Mg2k1 · · · Mgnk1

Mg1k2 Mg2k2 · · · Mgnk2

...
...

. . .
...

Mg1kn Mg2kn · · · Mgnkn

⎤
⎥⎥⎥⎥⎦ ,M dg =

⎡
⎢⎢⎢⎢⎣
Md1g1 Md2g1 · · · Mdng1

Md1g2 Md2g2 · · · Mdng2

...
...

. . .
...

Md1gn Md2gn · · · Mdngn

⎤
⎥⎥⎥⎥⎦

M dk =

⎡
⎢⎢⎢⎢⎣
Md1k1 Md2k1 · · · Mdnk1

Md1k2 Md2k2 · · · Mdnk2

...
...

. . .
...

Md1kn Md2kn · · · Mdnkn

⎤
⎥⎥⎥⎥⎦

M sd = M ds
T ,M kg = M gk

T ,M sg = M gs
T ,M sk = M ks

T .

(A1)
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Under the average currents igave = ikave, the voltage vgk’ on
Lgin1∼Lginn and Lk1∼Lkn can be expressed as

vgk
′ = (Lgin +Lk −M kg −M gk)

�
igave I1 +RginigaveI1.

(A3)
The induced voltages vpg’ and vpk’ in the driving circuit

caused by idave can be written as⎧⎨
⎩vpg

′ = M pg

�
idave I1

vpk
′ = M pk

�
idave I1

. (A4)

idave and igave can be expressed by

idave =
idtol

n
, igave =

igtol

n
(A5)

where idtol and igtol are the total drain current and gate current.
By (A2)–(A5), the average values of vd’, vgk’, vpg’, and vpk’
can be obtained as⎧⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎩

vdave =
1
nI2vd

′= 1
n2 I2(Ld +M sd +Ls +M ds)I1

�
idtol

vgkave=
1
nI2vgk

′ = 1
n2 I2(Lgin +Lk −M kg −M gk)I1

�
igtol

+ 1
n2 I2RginI1igtol

vpgave =
1
nI2vpg

′ = 1
n2 I2M pgI1

�
idtol

vpkave =
1
nI2vpk

′ = 1
n2 I2M pkI1

�
idtol.

(A6)

Defining⎧⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎩

Ldeq = 1
n2 I2 (Ld +Ls +M ds +M sd) I1

Lgkeq = 1
n2 I2(Lgin +Lk −M kg −M gk)I1

Rgineq = 1
nI2RginI1

Mpgeq = 1
n2 I2M pgI1

Mpkave =
1
n2 I2M pkI1.

(A7)

Equation (A6) can be written as⎧⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎩

vdave = Ldeq

�
idtol

vgkave = Lgkeq

�
igtol +Rgineqigtol

vpgave = Mpgeq

�
idtol

vpkave = Mpkeq

�
idtol.

(A8)

Based on (A8), the average circuits are obtained, as shown in
Fig. 35(a) and (b). The average model can be established based
on the average circuits. The equations of the driving circuit are
written as⎧⎪⎪⎨

⎪⎪⎩
Vdri = (Rg +Rgineq)nigave + (Lg + Lgkeq)

�
nigave

+ vpgave − vpkave + vgsave

nCiss
�

vgsave = nCdg
�
vds +nigave.

(A9)

In many circuits, there are multiple paralleled ceramic de-
coupling capacitors. The decoupling branch’s equivalent series
inductance (ESL) is small, making the total equivalent ESL of
Clink small, which can be neglected [35]. The equivalent series
resistance (ESR) of the decoupling branch is also small. It only

Fig. 35. Average circuits. (a) Average power circuit. (b) Average driving
circuit.

affects the loop oscillation after the switching transients and
does not impact the transient current waveforms and switching
energy. Therefore, the ESL and ESR of Clink are neglected.
Moreover, the voltage change on Clink in Fig. 35(a) is neglected,
and the equation of the power circuit can be written as

VDD = (Lbus + Ldeq)
�

idtol +vD + vds. (A10)

Based on the working region, Kirchhoff’s current law (KCL)
equations of the MOSFETs can be written.

1) When the MOSFETs work in the ohmic region

nCoss
�
vds = nidave − vds

Rds(on)ave

/
n

(A11)

where Rds(on)ave is the average resistance of the MOSFETs,
which is equal to ichave/vds. ichave is obtained by the average
ohmic-region output characteristic using vds and vgsave.

2) When the MOSFETs work in the controlled region

nCoss
�
vds = nidave − nichave (A12)

where ichave is determined by vgsave and the average transfer
characteristic.

Based on the working region, the KCL of the diode can be
written.

1) When vD < − VD0, the diode is conducting

CD
�
vD = nidave +

−vD − VD0

RD
− Iload. (A13)

When the freewheeling diode is composed of n dies connected
in parallel, VD0 takes the average value of the paralleled dies,
and RD takes the paralleled value.

2) When vD > − VD0, the diode is cut off

CD
�
vD = nidave − Iload. (A14)
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Choosing vD, vds, vgsave, idave, and igave as the state variables,
the state equation can be written as

�
Z = G ·Z +H ·K (A15)

where Z= [vD vds vgsave idave igave]T, and K= [VD0 VDD Vdri

Iload ichave]T. G and H are different under different conditions
of the MOSFETs and diode and are derived from (A9)–(A14).

1) When the MOSFETs work in the ohmic region and the diode
is conducting, G and H are expressed as (A17), where{

α = 1
CD

, β = 1
Coss

, γ = 1
Ciss

δ = 1
n(Lbus+Ldeq)

, ε = 1
Lg+Lgkeq

, ϕ = Mpgeq −Mpkeq.

(A16)

2) When the MOSFETs work in the ohmic region and the diode
is cut off, G and H are expressed as (A18).

3) When the MOSFETs work in the controlled region and the
diode is conducting, G and H are expressed as (A19).

4) When the MOSFETs work in the controlled region and the
diode is cut off. G and H are expressed as (A20)⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

G=

⎡
⎢⎢⎢⎢⎢⎣

− α
RD

0 0 nα 0

0 − β
Rds(on)

0 β 0

0 − βγCdg

Rds(on)
0 βγCdg γ

−δ −δ 0 0 0
εδϕ εδϕ − ε

n 0 −ε(Rg +Rgineq)

⎤
⎥⎥⎥⎥⎥⎦

H =

⎡
⎢⎢⎢⎢⎣
− α

RD
0 0 −α 0

0 0 0 0 0
0 0 0 0 0
0 δ 0 0 0
0 −εδϕ ε

n 0 0

⎤
⎥⎥⎥⎥⎦

(A17)⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

G=

⎡
⎢⎢⎢⎢⎢⎣

0 0 0 nα 0

0 − β
Rds(on)

0 β 0

0 − βγCdg

Rds(on)
0 βγCdg γ

−δ −δ 0 0 0
εδϕ εδϕ − ε

n 0 −ε(Rg +Rgineq)

⎤
⎥⎥⎥⎥⎥⎦

H =

⎡
⎢⎢⎢⎢⎣
0 0 0 −α 0
0 0 0 0 0
0 0 0 0 0
0 δ 0 0 0
0 −εδϕ ε

n 0 0

⎤
⎥⎥⎥⎥⎦

(A18)⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

G =

⎡
⎢⎢⎢⎢⎣
− α

RD
0 0 nα 0

0 0 0 β 0
0 0 0 βγCdg γ
−δ −δ 0 0 0
εδϕ εδϕ − ε

n 0 −ε(Rg +Rgineq)

⎤
⎥⎥⎥⎥⎦

H =

⎡
⎢⎢⎢⎢⎣
− α

RD
0 0 −α 0

0 0 0 0 −β
0 0 0 0 −βγCdg

0 δ 0 0 0
0 −εδϕ ε

n 0 0

⎤
⎥⎥⎥⎥⎦

(A19)

Fig. 36. Calculation flowchart of the average model.

⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

G =

⎡
⎢⎢⎢⎢⎣

0 0 0 nα 0
0 0 0 β 0
0 0 0 βγCdg γ
−δ −δ 0 0 0
εδϕ εδϕ − ε

n 0 −ε(Rg +Rgineq)

⎤
⎥⎥⎥⎥⎦

H =

⎡
⎢⎢⎢⎢⎣
0 0 0 −α 0
0 0 0 0 −β
0 0 0 0 −βγCdg

0 δ 0 0 0
0 −εδϕ ε

n 0 0

⎤
⎥⎥⎥⎥⎦ .

(A20)

The calculation flowchart of the average model is shown in
Fig. 36. First, the circuit parameters and the initial values are
given. During the turn-ON period, the initial values can be written
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as ⎧⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎩

vD(0) = −(RDIload+VD0)
vds(0) = VDD − vD(0)
vgsave(0) = Vdri(off)

idave(0) = 0
igave(0) = 0.

(A21)

During the turn-OFF period, they can be written as⎧⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎩

vds(0) = IloadRds(on)ave(0)/n
vD(0) = VDD − vds(0)
vgsave(0) = Vdri(on)

idave(0) = Iload/n
igave(0) = 0.

(A22)

Then, the average circuit parameters are calculated by (A7).
The transfer and output characteristic curves of the paralleled
dies are obtained by interpolating using Tj and then averaged
to obtain the average characteristic curves. Then, the average
model is solved by time stepping.

During each time step [Tcal0, Tcal0+ΔT]: First, the curve data
of Ciss(vds), Cdg(vds), and Coss(vds) are linearly interpolated by
the latest calculated vds(Tcal0), and the curve data of CD(vD) is
linearly interpolated by vD(Tcal0). The obtained Ciss, Cdg, Coss,
and CD values are used for calculation in this time step. Then,
the working conditions of the MOSFETs and diode are judged
first, and the corresponding models are used for calculation.

1) When the MOSFETs work in the ohmic region, ichave(Tcal0)
is calculated by interpolating the average output curve data
using vgsave(Tcal0) and vds(Tcal0). Then, Rds(on)ave(Tcal0)
is calculated and used for calculation in this time step.

2) When the MOSFETs work in the controlled region,
ichave(Tcal0) is obtained by linearly interpolating the
curve data of the average transfer characteristic using
vgsave(Tcal0). Then, ichave(Tcal0) is used for calculation
in this time step.

By reinterpolating the curve data of the average transfer
characteristic, the average ohmic-region characteristic, and the
capacitance curves within each time step, the nonlinearities of
the characteristics are involved. Finally, the corresponding state
equations are solved to obtain the average waveforms.
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