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Enhanced Linear Active Disturbance Rejection Speed
Control of IPMSM Based on Interference Differential

Compensation and Cascaded Linear Extended
State Observer

Yangyang Cui , Zhonggang Yin , Member, IEEE, Xiaobo Cao, Yanqing Zhang , Member, IEEE,
and Yiqi Liu , Member, IEEE

Abstract—Due to the influence of bandwidth, the interior per-
manent magnet synchronous motor (IPMSM) control system based
on a traditional linear active disturbance rejection controller has
a coupling issue between tracking and interference compensation
capability. To deal with the above issue, an enhanced linear active
disturbance rejection controller (E-LADRC) combining interfer-
ence differential compensation and cascaded linear extended state
observer (IDC-C-LESO) is proposed in this article. Based on the
traditional LESO, the lumped interference differential signal is
introduced into the E-LADRC so that the scope observation of the
lumped interference is widened by LESO, and the system instability
caused by the oversized bandwidth of the observer is avoided.
C-LESO is used to reduce the observation error of LESO to the
lumped interference. The IPMSM outer loop controller based on
E-LADRC is established in this article, and its control character-
istic is analyzed. Finally, the control characteristic of E-LADRC is
verified through experiment.

Index Terms—Active disturbance rejection control, extended
state observer (ESO), permanent magnet synchronous motor
(PMSM), robust control, stability.

NOMENCLATURE

ωr, ω∗
r, ω̂r Actual value, given value, and observed value

of mechanical angular velocity, rad/s.
Te, TL Electromagnetic torque and load torque, N·m.
Br Damping coefficient.

Manuscript received 27 April 2024; accepted 22 June 2024. Date of pub-
lication 26 June 2024; date of current version 4 September 2024. This work
was supported in part by the National Natural Science Foundation of China
under Grant 52177194 and Grant 52107206, in part by the China Postdoctoral
Science Foundation under Grant 2020M683524, in part by the Natural Science
Basic Research Plan in Shaanxi Province under Grant 2022GY-016 and Grant
2022JQ-538, and in part by the Science and Technology Innovation Team in
Shaanxi Province under Grant 2023-CX-TD-23. Recommended for publication
by Associate Editor L. Iyer. (Corresponding author: Zhonggang Yin.)

Yangyang Cui, Zhonggang Yin, Xiaobo Cao, and Yanqing Zhang are with the
Department of Electrical Engineering, Xi’an University of Technology, Xi’an
710054, China (e-mail: 1211913014@stu.xaut.edu.cn; zhgyin@xaut.edu.cn;
1231910007@stu.xaut.edu.cn; zhangyanqing@xaut.edu.cn).

Yiqi Liu is with the College of Mechanical and Electrical Engineering, North-
east Forestry University, Harbin 150040, China (e-mail: ee_617@nefu.edu.cn).

Color versions of one or more figures in this article are available at
https://doi.org/10.1109/TPEL.2024.3419247.

Digital Object Identifier 10.1109/TPEL.2024.3419247

dr External interference.
ΔJ, J̄ , J, Ĵ Change in value, nominal value, actual value,

and observed value of moment of inertia, kg·m2.
x1, x2 State variables of system output and unknown

interference.
z1, z2, z3 Observed values of state variables for system

output, lumped interference, and lumped inter-
ference differential.

β1, β2, β3 Error feedback gain coefficients of IDC-
LESO1.

l1, l2, l3 Error feedback gain coefficients of IDC-
LESO2.

b0 Compensation factor.
kp Control gain of LSEF.
r Reference signal for LADRC.
u0, u Output of LSEF and LADRC.
ωc, ωo The LSEF and LESO bandwidth of LADRC,

rad/s.
f, f̂ , ḟ Actual value, observed value, and differential of

lumped interference for IDC-LESO1.
γ,γ̂,γ̇ Actual value, observed value, and differential of

lumped interference for IDC-LESO2.
PMSM Permanent magnet synchronous motor.
SPMSM Surface-mounted permanent magnet syn-

chronous motor.
IPMSM Interior permanent magnet synchronous motor.
MTPA Maximum torque per ampere.
FOC Field-oriented control.
PI Proportional integral.
ADRC Active disturbance rejection controller.
NLADRC Nonlinear active disturbance rejection con-

troller.
LADRC Linear active disturbance rejection controller.
LESO Linear extended state observer.
LSEF Linear state error feedback.
LTD Linear tracking differentiator.
T-LADRC Traditional linear active disturbance rejection

controller.
E-LADRC Enhanced linear active disturbance rejection

controller.
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IDC-LADRC Linear active disturbance rejection controller
based on interference differential compensated
linear extended state observer.

C-LADRC Linear active disturbance rejection controller
based on cascaded linear extended state ob-
server.

T-LESO Traditional linear extended state observer.
C-LESO Cascaded linear extended state observer.
IDC-LESO Interference differential compensation linear

extended state observer.
IDC-C-LESO Interference differential compensation and cas-

caded linear extended state observer.

I. INTRODUCTION

COMPARED with alternating current asynchronous mo-
tors, the PMSM has superiorities, such as dynamic charac-

teristics and energy conservation [1]. Its application fields have
expanded from electrical automation fields, such as substations
and petroleum smelting, to military fields, such as radar mon-
itoring and weapon equipment [2]. Compared to SPMSM, the
reluctance torque of IPMSM can be fully utilized by IPMSM to
further improve its load-bearing capacity, which has attracted
widespread attention. At present, the FOC based on MTPA
control is used by the IPMSM control system [3]. Among them,
the outer loop controller is taken as the reference signal of
the inner loop controller in the FOC system and has a pivotal
position. In the various characteristic indicators of IPMSM con-
trol systems, tracking and interference compensation capability
are considered the focus and difficulty of research in the field
of IPMSM control systems. The main reason is the diversity
of interference sources, rich frequency spectrum, and random
timing. The outer loop of the IPMSM control system is usually
influenced by both parameter mismatch and load interference.
Therefore, the mechanism and characteristics of interference
generation will be analyzed, and the theoretical and application
system of IPMSM interference suppression technology will be
improved, which is particularly urgent.

In response to the aforementioned interference types, the
traditional PI controller is held in an important position in
the IPMSM control system [4]. However, when the system is
affected by lumped interference, it is difficult for a traditional
PI controller to effectively control it. According to this issue,
two degrees of freedom PI control [5], sliding mode variable
structure control [6], backstepping control [7], dynamic fuzzy
neural network control [8], extended Kalman filter control
[9], robust adaptive model predictive control [10], and fuzzy
adaptive ADRC [11], [12] are adopted in the motor control
system. Among them, the concept of “model theory” in the
traditional control theory is abandoned by ADRC, and “en-
gineering cybernetics” is taken as the core. The parts of the
system that are different from the standard type are attributed to
the lumped interference. The lumped interference is observed
and compensated in real time through ADRC [13]. However,
nonlinear functions are mostly used by NLADRC, which are
complex in structure and numerous in parameters. This has to
some extent affected the promotion and application of ADRC.

Its stability boundary is difficult to determine by the commonly
used frequency domain analysis method. To deal with the issue
of parameter setting and theoretical analysis, the LADRC is
proposed by Gao [14]. The controller parameters of LADRC
are correlated with bandwidth frequency, thus clarifying the
actual engineering meaning of ADRC parameters. Meanwhile,
compared with NLADRC, the stability domain of LADRC can
be determined by frequency domain analysis methods. However,
the development of NLADRC to LADRC is only for the purpose
of better simplifying its application and promoting it to the
industrial field and does not necessarily mean that the control
characteristic of LADRC is superior to that of NLADRC. At
present, large time delay systems cannot be effectively regulated
by LADRC.

Combining complex interference and different operating con-
ditions, numerous improvement methods for LADRC have been
proposed by many researchers and applied to the field of in-
dustrial control. In [15], to reveal the relationship between the
ten different ADRCs based on the fourth-order generalized PI
observer and the ADRC based on the third-order ESO, six
different third-order-ESO-based ADRC are present and com-
pared with the fourth-order-LESO-based ADRC. Thus, it can
be concluded that interference in different frequency bands can
be effectively observed and compensated using corresponding
controllers. At the same time, in LSEF, the proportional feedback
control is replaced by the PI feedback control, which improves
the low-frequency interference suppression ability of the system
and has a relatively small impact on other dynamic performance.
However, the oversaturation problem caused by the integrator
has not been effectively resolved. In [16], an adaptive ADRC
suitable for the current loop of IPMSM drive system is pro-
posed, aiming to suppress current ripple caused by periodic
and aperiodic interferences. In [17], to improve the control
performance of IPMSM sensorless control technology from
zero-speed to low-speed operating conditions, a high-frequency
voltage pulse injection method based on E-LADRC is proposed.
The C-LESO is established in this E-LADRC, ensuring that the
lumped interference is observed relatively timely and accurately.
In [18], a novel nonlinear active disturbance rejection speed
loop controller for PMSM drive system is proposed to expand
the observation range of lumped disturbance and improve the
robustness of the system. Due to the consideration of the ac-
curacy and dynamic performance of interference observation,
traditional linear function is replaced by nonlinear function in
this controller. To ensure relatively fast and accurate interference
observation and compensation, a cascaded nonlinear ESO is
also constructed. In [19], an improved LADRC is proposed. The
error proportion feedback term is added to LESO. Meanwhile, a
high-pass filter is used as the velocity compensator at the LSEF.
As a result, the ability of the PMSM drive system to observe load
interference during low-speed operation is greatly enhanced, and
speed fluctuations are reduced. The control method proposed
above has improved its ability to suppress lumped interference.
However, when influenced by the observer bandwidth ωo, the
coupling issue between tracking and interference compensation
capability brought by the system under complex interference
and different operating conditions still cannot be resolved by
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LADRC. The system instability will be caused by oversized
ωo. If ωo is too small, the lumped interference of the system
cannot be accurately observed. T-LESO has tracking errors for
rapidly changing interference. At the same time, the problem of
difficult parameter setting in the control methods proposed by
the aforementioned references (especially in the case of ADRC
with nonlinear functions) cannot be reasonably solved.

To deal with the above issues, an E-LADRC is proposed in this
article. This controller is introduced with a lumped interference
differential signal based on LESO. The IDC-LESO is embedded
into the LADRC in a cascade manner. The innovation and
contribution of this article can be included as follows.

1) In terms of interference observation compensation and
tracking performance, the IDC-C-LESO proposed in this
article is compared with the improved LADRC proposed
in [15], [17], [20], and [21]. First, a differential signal
with lumped interference is introduced into the LESO
in E-LADRC. Therefore, under the condition that ωo is
not increased, the observation range of LESO for lumped
interference is expanded, and the problem of system os-
cillation caused by excessive ωo is avoided. In this way,
the high-frequency interference received by the system
can be effectively observed and compensated without the
need to introduce other control methods, thereby reduc-
ing the complexity of the algorithm. Then, the C-LESO
based on IDC-LESO (IDC-C-LESO) is adopted so that the
high-order interference (such as acceleration interference)
experienced by the system can be effectively observed
and compensated. Meanwhile, the coupling problem be-
tween system traceability and anti-interference can also
be solved by IDC-C-LESO.

2) While the system control performance is improved, the
controller parameter setting problem is also taken into
account by the method proposed in this article. In terms of
parameter setting, the controller is closely combined with
IPMSM equations of motion, and the compensation factor
b0 is configured with the motor moment of inertia J. Mean-
while, the setting method for ωo and controller bandwidth
ωc is provided so that the final parameter that needs to be
set is only ωo. Compared with the controllers proposed
in [18], [22], and [23], this method not only solves the
coupling problem of anti-interference and tracking but
also greatly reduces the difficulty of parameter setting.

3) The E-LADRC proposed in this article is a universal con-
troller. This controller can be applied not only to IPMSM
drive systems but also to other alternating current/direct
current motor control systems, special operating condi-
tions (weak magnetic acceleration [24]) and electric ve-
hicle control systems to demonstrate its optimal control
performance (electric vehicles are single loop control sys-
tems with only a current inner loop [25], and the current
inner loop PI controller can be replaced by E-LADRC to
improve the dynamic characteristics of the entire system).

The rest of the article is organized as follows. In Section II, the
IPMSM outer loop controller based on T-LADRC is established.
In Section III, a detailed introduction is given to the E-LADRC,

and an IPMSM outer loop controller based on E-LADRC is pre-
sented. In Section IV, the stability, anti-interference and tracking
characteristics of the E-LADRC are certificated. At the same
time, the setting range of the controller parameters is provided. In
Section V, the control characteristic of the E-LADRC is proved
by 2-kW experimental platform. The work of the entire article
is summarized in the final section, and future work plans are
elaborated.

II. ESTABLISHMENT OF IPMSM MATHEMATICAL MODEL

BASED ON T-LADRC

The design of the IPMSM speed loop controller mainly
depends on the motion equation under rotating coordinates.
Therefore, an accurate mathematical model of IPMSM in a
rotating coordinate system should be established. At this point,
it is assumed that IPMSM is an ideal motor and the following
conditions must be met [26].

1) The saturation of the motor core is ignored.
2) The eddy current and hysteresis losses in the motor are

ignored.
3) The current in the motor is a symmetrical three-phase sine

wave motor.
While satisfying the above assumptions, it is necessary to en-

sure that the entire system is a three-phase symmetrical system.
By coordinate transformation, the IPMSM motion equation with
moment of inertia mismatch can be obtained as follows:{

ω̇r = 1
J̄
Te − 1

J̄
TL ∓ ΔJ

J̄
ω̇r − Br

J̄
ωr + dr

J = J̄ ±ΔJ
. (1)

From (1), the IPMSM control system will be controlled by the
first-order LADRC. Due to the noise signal in the system being
amplified by LTD in LADRC, it can cause system oscillation
and even instability. Therefore, the LTD is not used in this paper
[27]. About first-order controlled object ẏ = f(y,w,t)+b0u, y =
x1 and f = x2 are selected as state variables. The T-LADRC is
shown as follows:⎧⎪⎪⎪⎨

⎪⎪⎪⎩
ż1 = z2 − β1 (z1 − x1) + b0u

ż2 = −β2 (z1 − x1)

}
LESO

u0 = kp (r − z1) LSEF

u = u0−z2
b0

. (2)

Through pole configuration, β1 and β2 are configured at ωo

and kp is configured at ωc [28] as{
s2 + β1s+ β2 = (s+ ωo)

2

s+ kp = s+ ωc
. (3)

According to (3), β1 = 2ωo, β2 = ω2
o , and kp = ωc.

The control structure diagrams of T-LADRC and T-LESO can
be obtained from (2) and (3), as shown in Fig. 1.

For T-LADRC, as shown in (2), (3), and Fig. 1, it is mainly
composed of three parts: LSEF, LESO, and lumped interference
compensation link. Among them, the LSEF is mainly used to
control the generation of variables. The main function of LESO
is to observe the lumped interference received by the system. The
main function of the lumped interference compensation link is
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Fig. 1. Control structure diagrams of T-LADRC and T-LESO. (a) T-LADRC.
(b) T-LESO.

to combine the effect of LSEF to eliminate the system’s lumped
interference observed by LESO.

From (1), ωr is selected as the state variable, and the equation
of state of IPMSM is shown in as follows:⎧⎪⎨

⎪⎩
ω̇r = f + b0Te

b0 = 1
J̄

f = ∓ΔJ
J̄
ω̇r − 1

J̄
TL − Br

J̄
ωr + dr

. (4)

In (4), ∓ΔJ
J̄
ω̇r − Br

J̄
ωr is the internal interference of the

system, and − 1
J̄
TL + dr is the external interference of the

system. Among them, internal interferences include moment
of inertia mismatch and mechanical friction generated by the
motor during operation. External interferences mainly include
load interference and other external interferences imposed on
the system. Due to the uncertainty of each component in the
lumped interference, each interference component of the lumped
interference f will be observed and compensated as an unknown
interference.

From (1) to (4), the IPMSM outer loop controller based on
T-LADRC is shown as⎧⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

˙̂ωr = f̂ − 2ωo (ω̂r − ωr) + b0Te

˙̂
f = −ω2

o (ω̂r − ωr)

u0 = ωc (ω
∗
r − ω̂r)

Te =
u0−f̂
b0

. (5)

III. DESIGN OF ENHANCED LINEAR ACTIVE DISTURBANCE

REJECTION CONTROLLER

A. Interference Differential Compensation Linear Extended
State Observer

To broaden the observation scope of the lumped interference
by LESO without increasing ωo, so that the lumped interfer-
ence can be accurately observed by LESO. The IDC-LESO is

Fig. 2. Control structure diagram of IDC-LESO.

established as shown in the following equation:⎧⎪⎨
⎪⎩
ż1 = z2 − β1 (z1 − x1) + b0u

ż2 = z3 − β2 (z1 − x1)

ż3 = −β3 (z1 − x1)

. (6)

From (6), it can be concluded that the introduction of the
lumped interference differential ḟ is increased the order of
LESO.

The following equation can be obtained by Laplace transform
on (6):⎧⎪⎪⎨
⎪⎪⎩
Z1(s) =

β1s
2+β2s+β3

s3+β1s2+β2s+β3
Y (s) + b0s

2

s3+β1s2+β2s+β3
U(s)

Z2(s) =
β2s

2+β3s
s3+β1s2+β2s+β3

Y (s)− b0β2s+b0β3

s3+β1s2+β2s+β3
U(s)

Z3(s) =
β3s

2

s3+β1s2+β2s+β3
Y (s)− b0β3s

s3+β1s2+β2s+β3
U(s)

(7)

where Z1(s), Z2(s), Z3(s), Y(s), and U(s) are Laplace transform
of z1, z2, z3, y, and u, respectively.

According to (7), the characteristic polynomial of IDC-LESO
is shown as

P (s) = s3 + β1s
2 + β2s+ β3. (8)

Equation (8) is subjected to pole assignment. β1, β2, and β3

of IDC-LESO are configured at ωo as

s3 + β1s
2 + β2s+ β3 = (s+ ωo)

3. (9)

From (9), β1 = 3ωo, β2 = 3ω2
o , and β3 = ω3

o .
The control structure diagram of IDC-LESO can be obtained

from (6) and (9), as shown in Fig. 2.

B. Interference Differential Compensation and Cascaded
Linear Extended State Observer

From (6), the dynamic adjustment of the lumped interference
z2 is dependent on the differentiation of z1 and the compensation
of z3. If the value ofωo is set to be small, only x1 can be observed
by LESO. In this case, the observation error with large lumped
interference will be caused. If the value of ωo is set to a large
value, the instability of the system will also be caused. To further
enhance the observation accuracy of IDC-LESO for lumped
interference, the observation error is reduced. z2 is considered
a known part, and the second level IDC-LESO2 is constructed
to observe the remaining interference x2-z2, where (6) is used
as the first level IDC-LESO1. The IDC-LESO2 is shown in the
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following equation:⎧⎨
⎩
v̇1 = v2 + z2 − l1 (v1 − x1) + b0u
v̇2 = v3 − l2 (v1 − x1)
v̇3 = −l3 (v1 − x1)

. (10)

The following equation can be obtained by performing
Laplace transform on (10):⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

V1(s) =
l1s

2+l2s+l3
s3+l1s2+l2s+l3

Y (s) + b0s
2

s3+l1s2+l2s+l3
U(s)

+ s2

s3+l1s2+l2s+l3
Z2(s)

V2(s) =
l2s

2+l3s
s3+l1s2+l2s+l3

Y (s)− b0l2s+b0l3
s3+l1s2+l2s+l3

U(s)

− l2s+l3
s3+l1s2+l2s+l3

Z2(s)

V3(s) =
l3s

2

s3+l1s2+l2s+l3
Y (s)− b0l3s

s3+l1s2+l2s+l3
U(s)

− l3s
s3+l1s2+l2s+l3

Z2(s)

(11)

where V1(s), V2(s), and V3(s) are Laplace transform of v1, v2,
and v3, respectively.

According to the analysis method of IDC-LESO1, l1, l2, and
l3 of IDC-LESO2 are configured at ωo, i.e., l1 = 3ωo,l2 = 3ω2

o ,
and l3 = ω3

o .

C. E-LADRC Design for IPMSM

Based on the results of the above analysis, the E-LADRC
controller based on IDC-C-LESO is shown in the following
equation:⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

ż1 = z2 − 3ωo (z1 − x1) + b0u
ż2 = z3 − 3ω2

o (z1 − x1)
ż3 = −ω3

o (z1 − x1)︸ ︷︷ ︸
IDC−LESO1

v̇1 = v2 + z2 − 3ωo (v1 − x1) + b0u
v̇2 = v3 − 3ω2

o (v1 − x1)
v̇3 = −ω3

o (v1 − x1)︸ ︷︷ ︸
IDC−LESO2

u =
kp(r−z1)−(z2+v2)

b0

. (12)

According to the method of pole configuration in (3), kp is
configured at ωc, i.e., kp = ωc.

According to (12), the IPMSM outer loop controller based on
E-LADRC is shown as⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

˙̂ωr = f̂ − 3ωo (ω̂r − ωr) +
1
J̄
Te

˙̂
f =

ˆ̇
f − 3ω2

o (ω̂r − ωr)
˙̂
ḟ = −ω3

o (ω̂r − ωr)︸ ︷︷ ︸
IDC−LESO1

˙̂ωr = γ̂ + f̂ − 3ωo (ω̂r − ωr) +
1
J̄
Te

˙̂γ = ˆ̇γ − 3ω2
o (ω̂r − ωr)

˙̂
γ̇ = −ω3

o (ω̂r − ωr)︸ ︷︷ ︸
IDC−LESO2

Te =
ωc(ω

∗
r−ω̂r)−(f̂+γ̂)

1
J̄

. (13)

According to (13), the IPMSM dual closed-loop control block
diagram based on E-LADRC is shown in Fig. 3. The IDC-C-
LESO control structure diagram is shown in Fig. 4.

Fig. 3. IPMSM control block diagram based on E-LADRC.

Fig. 4. IDC-C-LESO control structure diagram.

According to Figs. 3 and 4, the core of the E-LADRC pro-
posed is still IDC-C-LESO. The known information that is
easily measurable by the system is utilized by the controller:
The system output (actual speed) and the system input (given
speed) to observe the lumped interference experienced by the
system. The lumped interference is fed back to the input of the
system in the form of a state variable f(t) and then compen-
sated by the LSEF and the lumped interference link. Therefore,
whether the lumped interference received by the system can
be accurately compensated depends on whether the lumped
interference received by the system can be accurately observed
by IDC-C-LESO.

Whether IDC-C-LESO can accurately observe the key fac-
tor of lumped interference is the precise adjustment of ωo. If
ωo is too large, it will cause system oscillation. If ωo is too
small, the interference suffered by the system (especially high-
frequency interference and high-order interference) cannot be
accurately observed. At present, the coupling problem between
anti-interference and tracking brought by ωo cannot be well
solved by T-LESO and other improved LESO.

Therefore, the maximum purpose of the IDC-C-LESO pro-
posed in this article is to broaden the observation range of
lumped interference by LESO under the condition that ωo is
not increased. In this way, the high-frequency and high-order
interferences experienced by the system can be accurately ob-
served and compensated, and the system oscillation problem
caused by excessive ωo can be solved.

IV. ANALYSIS OF E-LADRC CONTROL CHARACTERISTICS

The stability of the system is the primary condition for its
normal operation, and its dynamic characteristic and control
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accuracy are marked by its anti-interference characteristic and
tracking error. Therefore, the stability, interference compensa-
tion characteristic, and tracking error of the IPMSM control
system based on E-LADRC are analyzed, and the parameter
setting method is provided.

A. Proof of Stability

The IDC-C-LESO and the corresponding system equation of
state are expressed in the form of following equations:⎧⎨

⎩
ẋ1 = x2 + b0u
ẋ2 = x3

ẋ3 = f̈ (x,w)︸ ︷︷ ︸
state equation of the system

⇒
⎧⎨
⎩
ż1 = z2 − 3ωo (z1 − x1) + b0u
ż2 = z3 − 3ω2

o (z1 − x1)

ż3 = −ω3
o (z1 − x1) + f̈ (z, w)︸ ︷︷ ︸
IDC−LESO1

(14)⎧⎨
⎩
ẋ1 = x2 + z2 + b0u
ẋ2 = x3

ẋ3 = ḧ (x,w)︸ ︷︷ ︸
state equation of the system

⇒
⎧⎨
⎩
v̇1 = v2 + z2 − 3ωo (v1 − x1) + b0u
v̇2 = v3 − 3ω2

o (v1 − x1)

v̇3 = −ω3
o (v1 − x1) + ḧ (v, w)︸ ︷︷ ︸

IDC−LESO2

. (15)

Let the tracking errors of IDC-LESO1 and IDC-LESO2 be
z̃i = xi − zi and ṽi = xi − vi, respectively, where i = 1,2,3.
The differential tracking error values of IDC-LESO1 and IDC-
LESO2 can be obtained from (14) and (15), as shown in the
following equation:⎧⎨

⎩
˙̃z1 = z̃2 − 3ωoz̃1
˙̃z2 = z̃3 − 3ω2

o z̃1
˙̃z3 = f̈ (x,w)− f̈ (z, w)− ω3

o z̃1︸ ︷︷ ︸
IDC−LESO1⎧⎨

⎩
˙̃v1 = ṽ2 − 3ωoṽ1
˙̃v2 = ṽ3 − 3ω2

o ṽ1
˙̃z3 = ḧ (x,w)− ḧ (v, w)− ω3

o ṽ1︸ ︷︷ ︸
IDC−LESO2

. (16)

Let ε̇j = z̃j/ω
j−1
o and δ̇j = ṽj/ω

j−1
o , where j = 1,2,3. Then,

the following equation can be obtained:

(
ε̇

δ̇

)
= ωo

(
Aεε
Aδδ

)
+

1

ω2
o

⎛
⎝Bε

(
f̈ (x,w)− f̈ (z, w)

)
Bδ

(
ḧ (x,w)− ḧ (v, w)

)
⎞
⎠ (17)

where

ε̇ =

⎛
⎝ε̇1
ε̇2
ε̇3

⎞
⎠, ε =

⎛
⎝ε1
ε2
ε3

⎞
⎠, δ̇ =

⎛
⎝δ̇1
δ̇2
δ̇3

⎞
⎠, δ =

⎛
⎝δ1
δ2
δ3

⎞
⎠ (18)

Aε = Aδ =

⎛
⎝−3 1 0
−3 0 1
−1 0 0

⎞
⎠, Bε = Bδ =

⎛
⎝0
0
1

⎞
⎠ . (19)

According to |λE −A| = 0, the eigenvalues of Aε and Aδ

can be obtained as λ1 = λ2 = λ3 = −1. Therefore, the system
composed of Aε and Aδ is stable. According to the Lyapunov
stability criterion, the positive definite symmetric matrices Pε

and Pδ must exist so that Aε and Aδ are satisfied with the
following equation:(

AT
ε Pε

AT
δ Pδ

)
+

(
PεAε

PδAδ

)
= −

(
E
E

)
(20)

where E is the identity matrix.
From (20), the following equation can be obtained:

Pε = Pδ =

⎛
⎝ 1 − 1

2 −1
− 1

2 1 − 1
2−1 − 1

2 4

⎞
⎠ (21)

The Lyapunov function is defined as Γ(η) = ηTPηη, and the
following equation can be obtained from (17):(

Γ̇ (ε)

Γ̇ (δ)

)
= − ωo

(‖ε‖22
‖δ‖22

)

+
2

ω2
o

⎛
⎝εTPεBε

(
f̈ (x,w)− f̈ (z, w)

)
δTPδBδ

(
ḧ (x,w)− ḧ (v, w)

)
⎞
⎠ . (22)

Since f̈(x,w), f̈(z, w), ḧ(x,w), and ḧ(v, w) are satisfied
by Lipschitz continuity theorem conditions in the domain of
a function, then constants cε and cδ greater than zero must exist
so that all x, z, v, and w are satisfied by⎧⎪⎨

⎪⎩
∣∣∣f̈ (x,w)− f̈ (z, w)

∣∣∣ ≤ cε‖x− z‖2∣∣∣ḧ (x,w)− ḧ (v, w)
∣∣∣ ≤ cδ‖x− v‖2

. (23)

By combining (22) and (23), the following equation can be
obtained:⎧⎨

⎩
2εTPεBε|f̈(x,w)−f̈(z,w)|

ω2
o

≤ 2εTPεBε‖x−z‖2
ω2

o

2δTPδBδ|ḧ(x,w)−ḧ(v,w)|
ω2

o
≤ 2δTPδBδ‖x−v‖2

ω2
o

. (24)

When ωo≥1, the following equation is obtained:⎧⎨
⎩

‖x−z‖2
ω2

o
=

‖z̃‖2
ω2

o
=

√
ε21+ω2

oε
2
2+ω4

oε
2
3

ω2
o

≤ ‖ε‖2
‖x−v‖2

ω2
o

=
‖ṽ‖2
ω2

o
=

√
δ21+ω2

oδ
2
2+ω4

oδ
2
3

ω2
o

≤ ‖δ‖2
. (25)

Then, the following equation is obtained:{
‖PεBεcε‖22 − 2‖PεBεcε‖2 + 1 ≥ 0

‖PδBδcδ‖22 − 2‖PδBδcδ‖2 + 1 ≥ 0
. (26)

By combining (24)–(26), the following equation can be ob-
tained:⎧⎨
⎩

2εTPεBε|f̈(x,w)−f̈(z,w)|
ω2

o
≤

(
‖PεBεcε‖22 + 1

)
‖ε‖22

2δTPδBδ|ḧ(x,w)−ḧ(v,w)|
ω2

o
≤

(
‖PδBδcδ‖22 + 1

)
‖δ‖22

. (27)

The following equation can be obtained from (22) and (27):{
Γ̇ (ε) ≤ −ωo ‖ε‖22 + (‖PεBεcε‖+ 1) ‖ε‖22
Γ̇ (δ) ≤ −ωo ‖δ‖22 + (‖PδBδcδ‖+ 1) ‖δ‖22

. (28)
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When (29) is satisfied, the following equation is established:{
ωo ≥ ‖PεBεcε‖22 + 1

ωo ≥ ‖PδBδcδ‖22 + 1
(29)

{
Γ̇ (ε) < 0

Γ̇ (δ) < 0
. (30)

According to the Lyapunov stability criterion, the following
equation is described:{

lim
t→∞ z̃i = 0

lim
t→∞ ṽi = 0

i = 1, 2, 3. (31)

According to (31), when time approaches infinity, the es-
timation error of IDC-C-LESO tends to zero. Therefore, the
IDC-C-LESO is converged.

Assuming that the input and output of the system are bounded,
the following equation can be obtained from (12):

ẏ = f − z2 − v2 + ωc (r − z1) + ṙ. (32)

Let α = r-x1. The following equation can be obtained from
(32):

α̇ = Dα+Qe (33)

where D = (−ωc), Q = (−ωc −1), and e = (z̃1 z̃2 + ṽ2)
T

.
Since the IDC-C-LESO has achieved stable output, (33) is

solved, and the expression of the solution is shown as

δ (t) = eDtδ (0) +

∫ t

0

eD(t−τ)Qedτ. (34)

Due to the correlation between the stability of the system
and the coefficient matrix of the system, matrix D is assigned
to poles to obtain |λE −D| = λ + ωc. Therefore, the charac-
teristic root of D is λ = −ωc. According to the principle of
similar diagonalization, the invertible matrix T must exist so
that D = Tdiag(λ)T−1 is established.

According to norm theory, ‖eDt‖2 ≤ ‖T‖2‖T−1‖2e−λt can
be obtained. Let a = ‖T‖2‖T−1‖2, then ‖eDt‖2 ≤ ae−λt, i.e.,
lim
t→∞‖eDt‖2 = 0. Similarly, when ‖eD(t−τ)‖2 ≤ ae−λ(t−τ), the

following equation is established:∥∥∥∥
∫ t

0

eD(t−τ)Qedτ

∥∥∥∥
2

≤ ‖Q‖2
(∥∥∥∥

∫ t0

0

eD(t−τ)edτ

∥∥∥∥
2

+

∥∥∥∥
∫ t

t0

eD(t−τ)edτ

∥∥∥∥
2

)
. (35)

Since lim
t→∞ e(t) = 0, the 2-norm of e(t) has an upper bound.

If its upper bound is ρ, then ‖e‖2 ≤ ρ. Similarly, the following
equation is established:∥∥∥∥

∫ t

0

eD(t−τ)Qedτ

∥∥∥∥
2

≤ aρ

λ
‖Q‖2e−λt

(
1− e−λt

)
. (36)

From the above analysis, it can be concluded that
lim
t→∞

aρ
λ
‖Q‖2e−λt(1− e−λt) = 0, i.e., ‖∫ t

0 eD(t−τ)Qedτ‖
2
= 0

is established. It can be concluded that the following equation

Fig. 5. Control structure diagram of C-LESO.

is established:

lim
t→∞α (t) = 0. (37)

Based on the results of the above analysis, the closed-loop
system based on E-LADRC is stable.

B. Analysis of Tracking Error

The transfer function ΦIDC−Cz2(s) of IDC-C-LESO based
on the lumped interference observation value and the transfer
function ΦIDC−Ce2(s) of the lumped interference observation
value error can be obtained from (7) and (11), respectively, as
shown in the following equations:

ΦIDC−Cz2 =
Z2IDC−C(s) + V2IDC−C(s)

F (s)

=

(
3ω2

os+ ω3
o

) (
2s3 + 6ωos

2 + 3ω2
os+ ω3

o

)
(s3 + 3ωos2 + 3ω2

os+ ω3
o)

2

(38)

ΦIDC−Ce2(s) =
F (s)− (Z2IDC−C(s) + V2IDC−C(s))

F (s)

=
s6 + 6ωos

5 + 9ω2
os

4

(s3 + 3ωos2 + 3ω2
os+ ω3

o)
2 . (39)

The transfer function ΦIDCz2(s) of IDC-LESO based on the
lumped interference observation value and the transfer function
ΦIDCe2(s) of the lumped interference observation error can be
obtained from (7), as shown in the following equations:

ΦIDCz2(s) =
Z2IDC(s)

F (s)
=

3ω2
os+ ω3

o

s3 + 3ωos2 + 3ω2
os+ ω3

o

(40)

ΦIDCe2(s) =
F (s)− Z2IDC(s)

F (s)
=

s3 + 3ωos
2

s3 + 3ωos2 + 3ω2
os+ ω3

o

.

(41)

According to [28], the time-domain expression and control
structure diagram of C-LESO can be obtained as shown in the
following equation and Fig. 5, respectively:⎧⎪⎪⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎪⎪⎩

ż1 = z2 − 2ωo (z1 − x1) + b0u
ż2 = −ω2

o (z1 − x1)︸ ︷︷ ︸
T−LESO1

v̇1 = v2 + z2 − 2ωo (v1 − x1) + b0u
v̇2 = −ω2

o (v1 − x1)︸ ︷︷ ︸
T−LESO2

. (42)
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According to (42) and Fig. 5, the transfer function ΦCz2(s)
of C-LESO based on the lumped interference observation value
and the transfer function ΦCe2(s) of the lumped interference
observation error are shown in the following equations:

ΦCz2(s) =
Z2C(s) + V2C(s)

F (s)
=

ω2
o

(
2s2 + 4ωos+ ω2

o

)
(s2 + 2ωos+ ω2

o)
2

(43)

ΦCe2(s) =
F (s)− (Z2C(s) + V2C(s))

F (s)

=
s2 (s+ 2ωo)

(s2 + 2ωos+ ω2
o)

2 . (44)

Similarly, the transfer function ΦIDC−Cz2(s) of T-LESO
based on the lumped interference observation value and the
transfer function ΦIDC−Ce2(s) of the lumped interference ob-
servation error can be obtained from (2) and (3), respectively, as
shown in the following equations:

ΦTz2(s) =
Z2T (s)

F (s)
=

ω2
o

s2 + 2ωos+ ω2
o

(45)

ΦTe2(s) =
F (s)− Z2T (s)

F (s)
=

s2 + 2ωos

s2 + 2ωos+ ω2
o

. (46)

When the lumped interference f(t) is the step interference
K, slope interference Kt, and acceleration interference Kt2/2,
respectively (K is the interference gain coefficient). The time-
domain expressions of IDC-C-LESO, IDC-LESO, C-LESO, and
T-LESO based on the lumped interference tracking error can
be obtained from (39), (41), (44), and (46), as shown in the
following equations:⎧⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎩

e21IDC−C (t) = Ke−ωot +Kωote
−ωot − 5

2Kω2
ot

2e−ωot

− 1
6Kω3

ot
3e−ωot + 1

3Kω4
ot

4e−ωot − 1
30Kω5

ot
5e−ωot

e22IDC−C (t) = Kte−ωot +Kωot
2e−ωot − 1

2Kω2
ot

3e−ωot

− 1
6Kω3

ot
4e−ωot + 1

30Kω4
ot

5e−ωot

e23IDC−C (t) = 1
2Kt2e−ωot + 1

2Kωot
3e−ωot

− 1
30Kω3

ot
5e−ωot

(47)⎧⎪⎨
⎪⎩
e21IDC (t) = Ke−ωot +Kωote

−ωot −Kω2
ot

2e−ωot

e22IDC (t) = Kte−ωot +Kωot
2e−ωot

e23IDC (t) = 3
ω2

o
− 3

ω2
o
Ke−ωot − 3

ωo
Kte−ωot −Kt2e−ωot

(48)⎧⎪⎪⎪⎨
⎪⎪⎪⎩
e21C (t) = Kte−ωot − 1

6Kω2
ot

3e−ωot

e22C (t) = 1
2Kt2e−ωot + 1

6Kωot
3e−ωot

e23C (t) = 2K
ω3

o
− 2

ω3
o
Ke−ωot − 2

ω2
o
Kte−ωot − 1

ωo
Kt2e−ωot

− 1
6Kωot

3e−ωot

(49)⎧⎪⎨
⎪⎩
e21T (t) = Ke−ωot +Kωote

−ωot

e22T (t) = 2K
ωo

− 2K
ωo

e−ωot −Kte−ωot

e23T (t) = − 3K
ω2

o
+ 2K

ωo
t+ 3K

ω2
o
e−ωot + K

ωo
te−ωot

(50)

TABLE I
OBSERVATION ERRORS OF IDC-C-LESO, IDC-LESO, C-LESO, AND T-LESO

FOR DIFFERENT INTERFERENCES

Fig. 6. Bode plots of IDC-C-LESO, IDC-LESO, C-LESO, and T-LESO based
on lumped interference observation value and lumped interference observation
error. (a) Bode plot of the observed lumped interference. (b) Bode plot of the
lumped interference observation error.

where e21 , e22 , and e23 are the observation errors when K, Kt,
and Kt2/2 are affected in the system, respectively.

The observation errors of IDC-C-LESO, IDC-LESO,
C-LESO, and T-LESO for different interferences can be obtained
by calculating the limits of (47)–(50), as shown in Table I.

From Table I, when f(t) is a step interference, the observa-
tion error of all four observers is zero. When f(t) is a slope
interference, there is an observation error for T-LESO, whereas
the observation error for IDC-C-LESO, IDC-LESO, and C-
LESO are zero. When f(t) is an acceleration interference, only
the observation error of IDC-C-LESO is zero. This indicates
that IDC-C-LESO can eliminate observation errors caused by
slope and acceleration interferences compared to IDC-LESO,
C-LESO, and T-LESO.

C. Analysis of Anti-Interference and Coupling Characteristics

From (38) to (45), the transfer functions of IDC-C-LESO,
IDC-LESO, C-LESO, and T-LESO based on the lumped inter-
ference observation value and the lumped interference obser-
vation error are only associated with ωo. Therefore, when ωo

of different observers is taken as the same parameter, the Bode
plots of four types of observers based on the lumped interference
observation value and the lumped interference observation error
can be obtained, as shown in Fig. 6.

From Fig. 6(a), when ωo is taken as the same value, the
observation scope of IDC-C-LESO for lumped interference is
widened and its interference compensation capability is im-
proved compared to IDC-LESO, C-LESO, and T-LESO. Thus,
the stability of the system caused by magnifying ωo is solved.
From Fig. 6(b), in the low-frequency range, the observation
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Fig. 7. Bode plots of G(s) under different conditions. (a) Comparison perfor-
mance analysis of four types of observes. (b) Bode plot of IDC-C-LESO as ωo

changes.

error gain of IDC-C-LESO for the lumped interference is lower
than that of IDC-LESO, C-LESO, and T-LESO. Thus, the
IDC-C-LESO has stronger interference compensation capability
compared to IDC-LESO, C-LESO, and T-LESO and the impact
of phase lag on the system has been improved.

For the tracking performance of four types of observers, the
frequency domain expressions of the observed system output
values for the four types of observers can be obtained from (2),
(3), (7), (11), and (42), as shown in the following equation:⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

V1IDC−C(s) =
3ωos

5+15ω2
os

4+20ω3
os

3+15ω4
os

2+6ω5
os+ω6

o

(s3+3ωos2+3ω2
os+ω3

o)
2 Y (s)

+ b0s
5+3b0ωos

4

(s3+3ωos2+3ω2
os+ω3

o)
2U(s)

V1C = 2ωos
3+6ω2

os
2+4ω3

os+ω4
o

(s2+2ωos+ω2
o)

2 Y (s) + b0s
3+2b0ωos

2

(s2+2ωos+ω2
o)

2U(s)

Z1IDC(s) =
3ωos

2+3ω2
os+ω3

o

s3+3ωos2+3ω2
os+ω3

o
Y (s)

+ b0s
2

s3+3ωos2+3ω2
os+ω3

o
U(s)

Z1T (s) =
2ωos+ω2

o

s2+2ωos+ω2
o
Y (s) + b0s

s2+2ωos+ω2
o
U(s)

.

(51)

According to (51), the transfer function G(s) between the
observed system output value and the actual system output value
for the four types of observers is shown in as⎧⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎩

GIDC−C(s) =
3ωos

5+15ω2
os

4+20ω3
os

3+15ω4
os

2+6ω5
os+ω6

o

(s3+3ωos2+3ω2
os+ω3

o)
2

GC(s) =
2ωos

3+6ω2
os

2+4ω3
os+ω4

o

(s2+2ωos+ω2
o)

2

GIDC(s) =
3ωos

2+3ω2
os+ω3

o

s3+3ωos2+3ω2
os+ω3

o

GT (s) =
2ωos+ω2

o

s2+2ωos+ω2
o

.

(52)

From (52), G(s) of the four types of observers is only related
to ωo. Therefore, when ωo is taken as the same value, the Bode
plot of the performance comparison between the four types of
observers can be obtained, as shown in Fig. 7(a). The Bode plot
of IDC-C-LESO with ωo variation is shown in Fig. 7(b).

From Fig. 7(a) and (b), under the condition that ωo is taken
as the same value, the IDC-C-LESO has a better observation
ability for system output than the other three observers, and
its observation ability increases with the increase of ωo. This
indicates that IDC-C-LESO has stronger tracking characteristics
compared to the other three controllers.

Next, the anti-interference characteristic of E-LADRC and
the coupling characteristic between its tracking ability and anti-
interference ability will be further analyzed.

For E-LADRC, according to (12), the frequency domain
expression of the system output including input and interference
terms is expressed as

YE(s) =
ωc

s+ ωc
R(s)

+

s6 + (6ωo + ωc)s
5 + (9ω2

o + 3ωcωo)s
4

+3ωcω
2
os

3 + ωcω
3
os

2

(s+ ωc) (s3 + 3ωos2 + 3ω2
os+ ω3

o)
2 F (s). (53)

For IDC-LADRC, the same LSEF and interference compen-
sation forms as T-LADRC are adopted, as shown in (2) and
Fig. 1(a). The frequency domain expression of the system output
containing both input and interference terms can be obtained by
combining (7), as shown in the following equation:

YIDC(s) =
ωc

s+ ωc
R(s)

+
s3 + (3ωo + ωc) s

2

(s+ ωc) (s3 + 3ωos2 + 3ω2
os+ ω3

o)
F (s).

(54)

Similarly, for C-LADRC and T-LADRC, the system output
frequency domain expressions including input and interference
terms can be obtained from [29], (2) and (3), which are respec-
tively represented as

YC(s) =
ωc

s+ ωc
R(s)

+
s4 + (4ωo + ωc)s

3 + (4ω2
o + 2ωcωo)s

2 + ωcω
2
os

(s+ ωc) (s2 + 2ωos+ ω2
o)

2 F (s)

(55)

YT (s) =
ωc

s+ ωc
R(s) +

s2 + (2ωo + ωc) s

(s+ ωc) (s2 + 2ωos+ ω2
o)
F (s).

(56)

According to (53), the closed-loop transfer function YE(s)
R(s)

of the system output relative to the input term and the closed-
loop transfer function YE(s)

F (s) of the system output relative to the
interference term based on E-LADRC are shown in the following
equations:

YE(s)

R(s)
=

ωc

s+ ωc
(57)

YE(s)

F (s)
=

s6 + (6ωo + ωc) s
5 +

(
9ω2

o + 3ωcωo

)
s4

+3ωcω
2
os

3 + ωcω
3
os

2

(s+ ωc) (s3 + 3ωos2 + 3ω2
os+ ω3

o)
2 . (58)

From (57), YE(s)
R(s) of E-LADRC is only related to ωc and has

the same tracking characteristics as the other three controllers
(IDC-LADRC, C-LADRC, and T-LADRC). The Bode plot of
YE(s)
R(s) changing with ωc is shown in Fig. 8(a). From the figure,

the tracking ability of the system for input items is enhanced with
the increase ofωc. From (58), YE(s)

F (s) of E-LADRC is related toωc



CUI et al.: ENHANCED LINEAR ACTIVE DISTURBANCE REJECTION SPEED CONTROL OF IPMSM BASED ON IDC-C-LESO 13591

Fig. 8. Bode plots of tracking, anti-interference, and coupling characteristics
of E-LADRC. (a) Bode plot for tracking characteristics. (b) Bode plot of
anti-interference characteristic (only ωc is changed). (c) Bode plot of anti-
interference characteristic (only ωo is changed). (d) Bode plot of coupling
characteristic.

and ωo. The Bode plots of YE(s)
F (s) with changes in ωc and ωo are

shown in Fig. 8(b) and (c). From the figure, the anti-interference
characteristic of E-LADRC is mainly influenced by ωo, and its
anti-interference ability is enhanced with the increase ofωo. The
anti-interference ability of E-LADRC will not be significantly
altered by changes in ωc.

The Bode plot of the coupling between the tracking ability
and anti-interference ability of the four controllers under the
same ωc and ωo conditions is shown in Fig. 8(d). At the same
time, combined with Fig. 7(a), under the condition that ωo is
taken as the same value, the tracking characteristic of E-LADRC
is enhanced while its anti-interference characteristic is also
improved. It can be concluded that the coupling problem be-
tween tracking capability and anti-interference capability can be
directly solved by E-LADRC. Other controllers can only solve
this problem by increasing ωo. Thus, under the condition that
ωo is not increased, the coupling between the system tracking
ability and anti-interference ability can be reduced by E-LADRC
while also avoiding the problem of system oscillation caused by
the increase of ωo.

D. Parameter Setting of the Controller

The selection of LADRC order should match the order of
the controlled object, i.e., the order of LADRC is equal to the
order of the controlled system. From (1), the motion equation
of IPMSM is a first-order differential equation, therefore the
first-order LADRC is chosen as the outer loop controller of the
IPMSM drive system. The reason for using a controller with the
same order as the system is mainly determined by the number of
state variables that need to be selected in the system. According

to (5) and (13), the introduction of interference differential com-
pensation signal into IDC-C-LESO, the order of LESO has been
changed from the original second-order to the third-order, LSEF
is still controlled by first-order feedforward control. Moreover,
the observer feedback gain coefficient of C-LESO has been in-
creased to six. However, according to the pole allocation method,
the feedback gain coefficients of IDC-LESO1 and IDC-LESO2
are all configured asωo. Therefore, theωo values of IDC-LESO1
and IDC-LESO2 are taken as the same parameter values during
parameter setting.

From (5) and (13), the parameters that need to be set include
ωo,ωc, and b0. Among them, b0 = 1/J̄ (b0 is set as the reciprocal
of the nominal value of J). But in actual engineering parameter
setting, b0 is usually maintained within the ±5% error range of
the theoretical value, i.e., b0 ∈ [(1− 5%) 1

J̄
, (1 + 5%) 1

J̄
] [30].

For the motion equation of IPMSM, it can also be expressed as

ω̇r =
1

Ĵ
Te +

JĴ − JJ̄ ±ΔJĴ

JJ̄Ĵ
Te ∓ ΔJ

J̄
ω̇r

− 1

J̄
TL − Br

J̄
ωr + dr. (59)

For (59), the expressions for f and b0 are shown as

{
f = JĴ−JJ̄±ΔJĴ

JJ̄Ĵ
Te ∓ ΔJ

J̄
ω̇r − 1

J̄
TL − Br

J̄
ωr + dr

b0 = 1
Ĵ

. (60)

According to (60), b0 is configured as the observed value of J
and needs to be adjusted online, thereby increasing the difficulty
of parameter setting. The observed value of Ĵ usually needs to
be adjusted within a certain range [J − ε, J + ε] (ε is a positive
real number) of its actual value. According to the configuration
method shown in (4), when b0 is configured as J̄ , the differ-
ence ΔJ between it and the actual value is directly included
in the range of lumped interference, and then compensated by
LADRC. This not only clarifies the physical meaning of b0 but
also reduces the difficulty of parameter setting.

For most industrial control systems, ωo and ωc are satisfied
by the relationship ωo = (3–5)ωc [31]. Whether it is T-LADRC
or E-LADRC, only ωo needs to be set.

In addition, due to the delay characteristic present in most
industrial control systems,ωo needs to be smaller than 2/Ts (Ts is
the sampling time). For (29), ‖PεBεcε‖22 + 1 = ‖PδBδcδ‖22 +
1 = 5.25c2 + 1 (where cε = cδ = c) can be obtained. It can
be concluded that the parameter setting scope of ωo is ωo ∈
[5.25c2 + 1, 2/Ts).

V. EXPERIMENTAL VERIFICATION

To further prove the validity and availability of the E-LADRC
proposed in this article, a 2-kW FOC experimental platform
of IPMSM is built. Among them, the experimental platform is
shown in Fig. 9. The program flowchart based on E-LADRC
is shown in Fig. 10. The design and execution process of the
proposed method is shown in Fig. 11. The nominal values of the
identified motor parameters are shown in Table II.
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Fig. 9. FOC experimental platform of IPMSM.

Fig. 10. Program flowchart based on E-LADRC.

TABLE II
NOMINAL VALUE OF MOTOR PARAMETERS

TABLE III
CONTROLLER PARAMETERS

The IDC-LADRC based on IDC-LESO and E-LADRC are
compared in this section. The LSEF and interference compen-
sation links of IDC-LADRC are designed according to (2) and
(3).

To ensure that E-LADRC and IDC-LADRC are compared
and analyzed under the same ωo, according to Section IV-C
and in combination with [30] and [31], ωo in IDC-LADRC and
E-LADRC will be configured with equal optimal parameter
value, as shown in Table III.

Fig. 11. Design process of the proposed method.

Fig. 12. Speed waveform of the motor under +1000 r/min no-load operation.
(a) IDC-LADRC. (b) E-LADRC.

Fig. 13. n waveform of the motor under −1000 r/min no-load operation. (a)
IDC-LADRC. (b) E-LADRC.

A. Verification of Traceability

The speed n waveform of the motor under no-load operation
at +1000 r/min and −1000 r/min are shown in Figs. 12 and 13,
respectively.
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Fig. 14. n̂ and n waveforms of the motor during loading and unloading at
+1000 r/min. (a) IDC-LADRC. (b) E-LADRC.

Fig. 15. Te and U-phase current waveforms of the motor during loading and
unloading at +1000 r/min. (a) IDC-LADRC. (b) E-LADRC.

According to Fig. 12, when controlled by IDC-LADRC, the
overshoot of the motor when accelerating to +1000 r/min is
5.1%, and the settling time is 0.4 s. When controlled by E-
LADRC, there are no overshoot and oscillation of the speed.
According to Fig. 13, when controlled by IDC-LADRC, the
overshoot of the motor when accelerating to −1000 r/min is
also 5.1%, and the settling time is 0.35 s. When controlled
by E-LADRC, there are also no overshoot and oscillation of
the speed. This indicates that E-LADRC has better tracking
characteristics compared to T-LADRC.

B. Analysis of Interference Compensation Capability

To effectively verify the anti-interference characteristic of
the control method proposed in this article, the loading and
unloading experiments of the IPMSM drive system at different
speeds will be analyzed in this section. The observed speed n̂
and actual speed n waveforms of the motor under +1000 r/min
operating conditions, as well as the output torque Te and U-phase
current waveforms, are shown in Figs. 14 and 15, respectively.

From Fig. 14, under +1000 r/min operating conditions, the
speed drop of the motor controlled by IDC-LADRC is 7%, and
the settling time is 0.2 s. The speed overshoot is 7.9%, and the
settling time is 0.19 s. The speed drop of the motor controlled
by E-LADRC is 5%, and the settling time is 0.11 s. The speed
overshoot is 5.7%, and the settling time is 0.12 s. From Fig. 15,
the output torque pulse controlled by IDC-LADRC is 0.52 N·m,
whereas the torque pulse of the motor controlled by E-LADRC
is 0.4 N·m. This indicates that E-LADRC has better interference
compensation capability than IDC-LADRC at +1000 r/min.

The n̂ and n waveforms of the motor under operating condi-
tions of+500 r/min and+100 r/min are shown in Figs. 16 and 17,
respectively. At the same time, the changes in speed drop, speed
overshoot, and settling time when the motor is controlled by two
different controllers under different speed operating conditions
are shown in Tables IV and V, respectively.

Fig. 16. n̂ and n waveforms of the motor during loading and unloading at
+500 r/min. (a) IDC-LADRC. (b) E-LADRC.

Fig. 17. n̂ and n waveforms of the motor during loading and unloading at
+100 r/min. (a) IDC-LADRC. (b) E-LADRC.

TABLE IV
COMPARISON OF SPEED DROP AND SPEED OVERSHOOT

TABLE V
COMPARISON OF SPEED ADJUSTMENT TIME

According to Tables IV and V, under three different speed
operating conditions of low, medium, and high speeds, the
motor controlled by E-LADRC has a smaller speed drop, over-
shoot, and settling time compared to the situation controlled by
IDC-LADRC. Especially under low-speed operating conditions,
due to the increase in friction torque, the anti-interference and
tracking capabilities of the motor are further reduced. There-
fore, under low-speed operating conditions, the motor speed
drop, overshoot, and settling time are much higher than those
under medium to high-speed operation. When controlled by
E-LADRC, the drop, overshoot, and settling time of the motor
speed can still maintain small values. It can be concluded that
E-LADRC can better solve the coupling problem between anti-
interference and tracking compared to IDC-LADRC, especially
under low-speed operating conditions.

To verify that E-LADRC still has good control performance
under negative speed command signal. n, Te, and U-phase
current waveforms during motor loading and unloading under
operating conditions of −1000 r/min are shown in Fig. 18.

From Fig. 18, under the operating conditions of -1000 r/min,
the speed overshoot of the motor controlled by IDC-LADRC
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Fig. 18. n, Te, and U-phase current waveforms of the motor during loading
and unloading at −1000 r/min. (a) IDC-LADRC. (b) E-LADRC.

Fig. 19. n and U-phase current waveforms during loading and unloading at
+1000 r/min operations (J is increased to 2J). (a) IDC-LADRC. (b) E-LADRC.

Fig. 20. n and U-phase current waveforms during loading and unloading at
+1000 r/min operations (J is reduced to 0.5J). (a) IDC-LADRC. (b) E-LADRC.

is 8%, and the settling time is 0.19 s. The speed drop of the
motor during unloading is 9.5%, and the settling time is 0.2 s.
The torque ripple during load operation is 0.53 N·m. The speed
overshoot of the motor controlled by IDC-LADRC is 6%, and
the settling time is 0.18 s. The speed drop of the motor during
unloading is 6%, and the settling time is 0.2 s. The torque ripple
during load operation is 0.41 N·m. This indicates that even under
a negative speed command signal, the E-LADRC still has better
anti-interference and tracking characteristics compared to IDC-
LADRC.

C. Verification of Robustness

To prove the robustness of the E-LADRC proposed to param-
eter changes in this article, the comparative experiment under
inertial mismatch conditions is conducted in this section, where
the motor is operating at+1000 r/min. The n and U-phase current
waveforms when controlled by two different controllers under
the conditions of increasing and reducing the J are shown in
Figs. 19 and 20.

When J is mismatched, the comparative analysis results of
the changes in speed and settling time are shown in Figs. 21
and 22. According to Figs. 19–22, when J is mismatched, the
speed overshoot and drop of the motor under E-LADRC control

Fig. 21. Comparison results when the speed changes. (a) Load. (b) Unload.

Fig. 22. Comparison results when settling time changes. (a) Load. (b) Unload.

are smaller than those under IDC-LADRC control. Similarly,
when controlled by E-LADRC, the speed settling time during the
loading and unloading processes is also smaller than when con-
trolled by IDC-LADRC. In conclusion, the E-LADRC proposed
in this article can suppress the control characteristic degradation
caused by model mismatch compared to IDC-LADRC.

VI. CONCLUSION

To deal with the coupling issue between tracking and inter-
ference compensation capability of the IPMSM control system
based on T-LADRC under the influence of ωo, an E-LADRC
based on IDC-C-LESO is proposed in this article. In E-LADRC,
an interference differential signal is introduced, and the scope of
LESO observation for lumped interference is expanded without
increasing ωo. Thus, the issue of system instability caused by
oversized ωo is avoided. The lumped interference observation
error of LESO is also reduced using C-LESO. The stability,
lumped interference compensation capability, and tracking error
of E-LADRC are analyzed theoretically in this article, whereas
the principle of controller parameter setting is given. Finally,
the validity and availability of E-LADRC are verified by ex-
periment. The analysis results indicate that the robustness and
anti-interference issues caused by a moment of inertia mismatch
and load interference can be solved by E-LADRC. Especially
in the case of low-speed and parameter mismatch, it can solve
the coupling problem between tracking and anti-interference of
the system affected by ωo, thus having a certain engineering
application value. However, the method proposed in this article
still has certain defects. The parameter setting scheme provided
in the article can only determine ωo within the stable scope of
the system, and this scheme is not the optimal setting scheme.
Next, parameter setting and optimization will be studied.
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