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Abstract—In this article, a cascade-free model predictive control
(MPC) scheme without the outer dc-link voltage control loop is
proposed for the back-to-back converter-fed permanent magnet
synchronous machine drive system. Specifically, the voltage regu-
lation term is integrated together with the power regulation term
into a newly constructed cost function so that the control of dc-link
voltage as well as power can be realized by a single cost function.
To predict accurately and to reduce the sensitivity to variable
parameters, the expressions of dc-link voltage and power are dy-
namically corrected, thus enhancing the robustness. In addition to
presenting no tracking deviation in steady state, the dc-link voltage
also presents smaller deviation from reference and faster recovery
time in dynamics. It is beneficial to enhancing the reliability of
system since the voltage surge on power switches and diodes has
been reduced. Besides, controllable power flow, sinusoidal phase
current, and well-regulated electromagnetic torque can be achieved
in the system as well. A series of experiments are carried out to test
the feasibility of the proposed scheme. Performance comparisons
with the classical proportional integration controller-based MPC
and the modified cascade-free quasi-centralized MPC validate the
improvements of the proposed control scheme.

Index Terms—Back-to-back converter, cascade-free model
predictive control (MPC), permanent magnet synchronous
machine (PMSM).

I. INTRODUCTION

OWING wing to the merits, such as bidirectional energy
flow, controllable power factor, sinusoidal grid-side cur-

rent, adjustable dc-link voltage, high energy conversion effi-
ciency, and full-variable speed operation, the permanent magnet
synchronous machine (PMSM)-based back-to-back converters
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have been an attractive drive topology for wind energy con-
version system [1], [2], [3] and industrial drive. The research
works of back-to-back converter-fed PMSM system mainly
focus on their open-switch fault diagnosis [4], [5], fault-tolerant
operation [6], [7], high-performance control scheme [8], [9], etc.
For a high-performance control scheme, a pulsewidth modula-
tion strategy is developed in [10] to cancel the common-mode
voltage by synchronizing the commutations between grid-side
converter (GSC) and machine-side converter (MSC). In [11], the
discontinuous space vector pulse width modulation (SVPWM)
is adopted to increase system efficiency by reducing the switch-
ing action of power devices, and the increased common-mode
and phase-to-ground voltages are reduced to values similar to
that of the general modulation method. In [12], a hysteresis
current controller is adopted to control MSC and GSC, but
power tracking errors exist due to the inaccurate model. The
proportional–integral (PI) controller-based double closed-loop
control method is the most classical. In this scheme, an outer
voltage PI controller is applied to generate power/current ref-
erence, and the inner feedforward decoupling controller is ap-
plied to achieve reference tracking [13]. However, this linear
controller has a limited bandwidth, which tends to present a
slow dynamic response. To accelerate the dynamic response,
direct power control and direct torque control, which directly
selects the optimal vector from a predefined switching table in
an intuitive way, are developed in [14] and [15] to replace the
inner feedforward decoupling controller for reference tracking,
but high power/torque ripple can be introduced into the system.

Considering its advantage of being able to reach a reference
value with a fast dynamic response while satisfying a set of
constraints, model predictive control (MPC) has been widely
studied [16]. By making use of the inherent discrete nature of
power converters, MPC evaluates the effect of each possible
switching vector on the concerned variables in a predefined
criterion and selects the optimal one that can minimize the dif-
ferences between the concerned variables and their references.
In [17], a long prediction horizon MPC is developed to control
the back-to-back converter-fed PMSM system. Although the
increased prediction horizon helps enhance the steady-state con-
trol performance, solving optimization problem is challenging
and time consuming since the associated computational burden
increases exponentially with the length of the prediction horizon.
Thus, the finite control set MPC is the most widely applied [18].
Predictive direct power control is a widely applied method in
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various drive systems. In [19], [20], and [21], it is adopted
to control the rotor-side converter in the doubly fed induction
generator drive system. In [22], instead of selecting a certain
switching vector, the developed scheme adopts the switching
time in addition to the switching vector to minimize the devi-
ations from reference for the regulation of a three-level T-type
inverter. Although an additional degree of freedom is enabled by
choosing a variable switching point, the method complexity is
also increased. In [23], a model predictive direct flux/power con-
trol is developed to reduce the computation burden by only eval-
uating the switching vectors selected from the newly designed
switching tables. However, most MPCs in literature, including
the references above, are adopted as an inner loop of the outer
PI controller, which constructs the conventional PI controller-
based model predictive control (PI-MPC). A dc-link voltage PI
controller is always necessary to generate reference for MPC to
control the back-to-back converter with PI-MPC [24]. This is a
typical cascaded control structure because MPC is nesting inside
the external voltage PI control loop [25], [26]. In order to further
enhance the dynamic response of the system, a cascade-free
method, which can remove the external dc voltage control loop,
was developed in [27]. In this method, the power reference inside
the cost function is directly obtained based on a power loss-less
conversion assumption, i.e., the grid-side active power reference
is computed by adding the desired load power and capacitor
power. The calculated active power reference, which does not
take the power converter losses, line losses, etc., into account,
will be lower than the value it should be, which leads to a negative
dc-link voltage bias. In addition, the voltage control performance
is limited by the predefined number of intervals to reach the
reference. If a faster tracking response on dc-link voltage is
desired, a small value should be chosen for that number, but it
will lead to large steady-state voltage ripple and large capacitor
current. Zhang et al. [28] extended the above concept into a
back-to-back converter by developing a quasi-centralized model
predictive control (QC-MPC) scheme in which the active power
reference inside the cost function is computed by assuming that
the newly-updated voltage reference is reached at the next time
instant. However, voltage tracking error still exists due to the
adoption of the power loss-less model. To provide a solution for
this problem, Zhang et al. [29] compensated for the voltage offset
by adding the accumulated error into the active power reference
in a revised QC-MPC. However, the response time of this scheme
is subject to the reference prediction horizon. A small reference
prediction horizon increases the dc-link currents and voltage
fluctuation, but a large one prolongs the dynamic response time.

In this manuscript, a cascade-free control scheme is proposed
for the back-to-back converter-fed PMSM system, and the main
contributions are as follows.

1) Achieve cascade-free control: In PI-MPC, a dc-link volt-
age PI controller is always essential to produce power
references for MPC in the back-to-back converter-fed
PMSM drive system. It is a cascaded structure because the
MPC is nesting inside the external voltage PI control loop.
In this manuscript, a cascade-free MPC scheme without
an additional voltage PI controller is proposed, which
realizes the well-regulated dc-link voltage, controllable

Fig. 1. Grid-connected PMSG system.

power flow, sine phase current, and near-unity power
factor.

2) Construct a new cost function: A cost function integrating
the dc-link voltage regulation term and power regulation
term together is constructed, so that the control of dc-link
voltage and power can be realized by a single cost function.
During the cost function assessment, the switching vector,
which is able to produce a smaller dc-link voltage error
at the future time instant and is able to simultaneously
produce an active power capable of further narrowing that
voltage error, is chosen for the next time instant.

3) Improve system robustness: To predict accurately under
variable parameters, the corrections for voltage and power
expressions based on Luenberger observer are added to the
proposed control scheme to remove the steady-state devi-
ation even under the variable parameters, thus improving
system robustness.

The rest of this article is organized as follows. First, the
dynamic models of each part of the system are introduced in
Section II. Then, the conventional PI-MPC, modified cascade-
free QC-MPC schemes, and the proposed control scheme are
presented in Section III. Afterward, experimental performance
comparisons of the schemes are illustrated in Section IV. Finally,
Section V concludes this article.

II. SYSTEM MODELINGS AND MPC PRINCIPLE

In this section, the back-to-back converter-fed PMSM drive
system illustrated in Fig. 1 is described in detail and the dis-
crete expressions are given. The variables in abc stationary

plane �ξ
abc

x , x ∈ {m, g} (m denotes machine-side variables and
g grid-side variables) can be mapped into αβ stationary plane
by the amplitude-invariant Clarke transformation matrix MC

and then mapped into dq rotating plane �ξ
dq

x = [ξdx, ξ
q
x]

T by Park
transformation matrix MP .

A. System Modelings

With the forward Euler discretization, the dynamic models of
PMSM can be converted into the discrete models at time instant
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k + 1 as follows:⎧⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎩

−→ı dqm [k + 1] =

[
1− Rm,sTs

Lm,s
wm,e[k]Ts

−wm,e[k]Ts1− Rm,sTs

Lm,s

]
−→ı dqm [k]

+ Ts

Lms
I2

−→u dq
m [k]−

(
0

Tsψr

Lm,s
wm,e[k]

)
τm,e[k + 1] = 1.5npψri

q
m[k + 1]

(1)

where um, im, Rm,s, Lm,s, ψr, Jm, τm,e, τm,m, ωm,m, ωm,e,
np, and Ts denote the stator voltage, stator current, stator
resistance, stator inductance, flux linkage, motor inertia,
electromagnetic torque, load torque, mechanical angular speed,
electrical angular speed, pole pairs of the generator, and
sampling period, respectively, and I2 = diag(1, 1). The stator
voltage −→u dq

m can be regulated through configuring the power
switches in MSC

−→u dq
m [k] = MPMC

⎛⎝−→S abc
m [k]− 1

3

∑
y=a,b,c

Sym[k]

⎞⎠udc[k]

(2)
where

−→
S abc
m = [Sam, S

b
m, S

c
m]T, udc denotes the dc-link volt-

age, and Sym, y ∈ {a, b, c} denotes the phase switching state of
PMSM.

The discrete power models of GSC of time instant k + 1 can
be described as⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

(
pg[k + 1]
qg[k + 1]

)
=

[
1− TsRg

Lg
−Tsωg

ωgTs 1− TsRg

Lg

](
pg[k]
qg[k]

)
+ 3Ts

2Lg

[
eαg [k] eβg [k]
eβg [k] −eαg [k]

](
eαg [k]− uαg [k]
eβg [k]− uβg [k]

)
︸ ︷︷ ︸

Γ[k]

udc[k + 1] = udc[k] +
Ts

C

{(−→
S abc
g [k]

)T −→ı abcg [k]

− (Sabcm [k]
)T −→ı abcm [k]

}
(3)

where eg, ug, ig, Rg, Lg, pg, qg , and C are grid-side voltage,
converter voltage, grid-side current, filter resistance, filter in-
ductance, active power, reactive power, and capacitance of dc-
link capacitor, respectively. The converter voltage −→u αβ

g can be
regulated through configuring the power switches in GSC

−→u αβ
g [k] = MC

⎛⎝−→S abc
g

⎛⎝[k]− 1

3

∑
y=a,b,c

Syg [k]

⎞⎠udc[k] (4)

where
−→
S abc
g = [Sag , S

b
g, S

c
g]

T, and Syg denotes the phase switch-
ing state of GSC. Shifting forward one Ts on (1) and (3) obtains
the discrete models at time instant k + 2.

B. MPC Principle

In MPC, the effect of each possible converter switching vector
on the concerned variables is calculated according to the predic-

tive model, and the optimal one, i.e., �S
opt
x [k], selected during

[k, k + 1] should be applied during the entire time interval of
[k, k + 1] in an ideal case. However, in a practical system, the

time delay in digital implementation makes �S
opt
x [k] cannot be

implemented to power switches at time instant k in time [30].
To address this problem, time delay compensation is considered

in MPC so that the optimal switching vector �S
opt
x [k] for interval

[k, k + 1] can be got during interval [k − 1, k] and applied at
time instant k. The cost function Jx, x ∈ {m, g}with time delay
compensation is defined as{

Jx
(
Sopt
x [k + 1]

)
= minSabc

x ∈Vx
Jx
(
Sabc
x [k + 1]

)
Jx

(−→
S abc
x [k + 1]

)
= λf ‖F ∗

x − fx[k + 2]‖2 + ζx
(5)

where fx[k + 2] denotes concerned variables predicted based

on the possible switching vector
−→
S abc
x [k + 1] of time instant

k + 1, �S
opt
x [k + 1] denotes the optimal switching vector of time

instant k + 1, F ∗
x denotes the references of the concemed vari-

ables, and ζx represents the system constraint. According to their
nature, the terms in the cost function can be sorted into differ-
ent groups to facilitate the adjustment procedure of weighting
factors λf , and the branch and bound method illustrated in [31]
is commonly used to tune λf in various cost functions (the cost
function with equally important terms, the cost function with
secondary term, etc.). Constraint ζx is introduced into the cost
function to limit the concerned system variables within a safe
range, and it is given by

ζx =

⎧⎨⎩0, if
∥∥∥hx (−→S abc

x [k + 1]
)∥∥∥ ≤ ‖hmax

x ‖
∞, if

∥∥∥hx (−→S abc
x [k + 1]

)∥∥∥ > ‖hmax
x ‖

(6)

where hx and hmax
x denote the mathematical expression and

maximum of the concerned system variables, respectively. The
following cost function is adopted for the selection of the optimal
switching vector for MSC:

Jm

(−→
S abc
m [k + 1]

)
= λT

∥∥τ ∗m,e − τm,e[k + 2]
∥∥2 + ∥∥idm∗ − idm[k + 2]

∥∥2
+

{
0, if ‖τm,e[k + 2]‖ ≤ ∥∥τmax

m,e

∥∥
∞, if ‖τm,e[k + 2]‖ > ∥∥τmax

m,e

∥∥︸ ︷︷ ︸
ζm,τme

+

⎧⎨⎩0, if
∥∥∥−→i dqm [k + 2]

∥∥∥ ≤ ‖imax
m ‖

∞, if
∥∥∥−→i dqm [k + 2]

∥∥∥ > ‖imax
m ‖︸ ︷︷ ︸

ζm,idq

(7)

where ζm,τme
and ζm,idq denote the constraints for torque and

current limitation, respectively.

III. CONVENTIONAL AND PROPOSED CASCADE-FREE

CONTROL SCHEMES

A. Modified QC-MPC Schemes

For conventional PI-MPC, a dc-link voltage PI controller is al-
ways necessary for the regulation of back-to-back converter [24],
[28]. The control structure is cascaded, as the inner MPC is
nesting inside the outer voltage PI control loop.
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Without outer dc-link voltage PI control loop, the QC-MPC
scheme achieves voltage regulation according to the dynamic
reference generation concept [27]. In this concept, the dc-link
voltage set point u∗dc,∞ is not fully given to the controller at one
time, and a reference prediction horizonNs is adopted to specify
the actual dc-link voltage reference of each time instant u∗dc[28]

u∗dc = udc[k] +
1

Ns

(
u∗dc,∞ − udc[k]

)
. (8)

To reach u∗dc at the next time instant, the grid-side active power
reference p∗g can be estimated by [29]

p∗g =
3
(
edg
)2

4Rg
−

√√√√9
(
edg
)4

16R2
g

− 3
(
edg
)2

2Rg
p∗g,dc (9)

where pg,dc denotes instantaneous power of the MSC and dc-
link capacitor, and edg denotes the d-axis component of grid-side

voltage. Then,
−→
S opt
g [k + 1] can be selected by evaluating

Jg,QC
(
Sabc
g [k + 1]

)
=
∥∥p∗g − pg[k + 2]

∥∥2︸ ︷︷ ︸
Fg,p

+ λq
∥∥q∗g − qg[k + 2]

∥∥2︸ ︷︷ ︸
Fg.q

+ λudc ‖u∗dc − udc[k + 2]‖2︸ ︷︷ ︸
Fg,u

+

⎧⎨⎩ 0, if
∥∥∥�Sg[k + 2]

∥∥∥ ≤ ∥∥smax
g

∥∥
∞, if

∥∥∥�Sg[k + 2]
∥∥∥ > ∥∥smax

g

∥∥︸ ︷︷ ︸
ζa

(10)

where�sg = [pg, qg]
T and q∗g denotes the grid-side reactive power

references.
In this QC-MPC scheme, the dc-link voltage tracking per-

formance heavily depends on Ns, and Ns serves as a tradeoff
between response time in dynamics against dc-link voltage rip-
ple in steady state [27]. To improve the dynamic performance of
the QC-MPC, a modified QC-MPC is proposed. In the proposed
modified QC-MPC, a dynamic reference prediction horizon is
adopted for (8) to compute the actual dc-link voltage reference
of each time instant

Ns = Ns,st − cTe
∥∥u∗dc,∞ − udc[k]

∥∥ (11)

where Ns,st represents the reference prediction horizon used in
steady state, and cre ∈ R+represents the regulation coefficient.
It aims to reduce the dynamic response time by reducing Ns
while achieving a satisfying steady-state dc-link voltage control
performance. However, tracking dc-link voltage set point by
strictly specifying the actual reference for each time instant is
still the core of QC-MPC.

B. Proposed Cascade-Free Control Scheme

Ideally, actual inductance and resistance (Lg andRg), should
be used in the discrete power expression in (3) for prediction to
get an accurate result. However, it is a condition that cannot be
met easily in reality. In the practical system, it is the nominal

inductance and resistance (Lg,n and Rg,n) that are used for
prediction, and the actual inductance and resistance will change
in different operating conditions, which results in steady-state
deviations in power. In addition, since the voltage expression
in (3) ignores the equivalent resistances of semiconductors and
diodes, it is a rough prediction and the steady-state deviation on
dc-link voltage will be produced if it is directly used for voltage
prediction.

Luenberger observer not only can be used to enhance the
robustness of the system against mismatched parameters but can
be used to improve the performance affected by measurement
noise. To eliminate the steady-state deviations on power, the
uncertainties caused by parameter variations are regarded as
dynamic disturbances, then the power expression of (3) can be
rewritten as(

pg[k + 1]
qg[k + 1]

)
=

[
1− TsRg,n

Lg,n
−Tsωg

ωgTs 1− TsRg,n

Lg,n

](
pg[k]
qg[k]

)

+
3Ts
2Lg,n

Γ[k]− Ts
Lg,n

(
δg,p[k]
δg,q[k]

)
(12)

where δg,p and δg,q are the disturbances in active power and
reactive power expression, respectively. The grid-side input
power is the sum of the power of PMSM and dc-link capacitor
in an ideal case because of the power balance

udc(t)C
dudc(t)

dt
=
C

2

du2dc(t)

dt
= pg(t)− τ ∗m,cωm,m(t). (13)

Since power converter loss, line loss, etc., in the realistic case are
not considered in (13), steady-state deviation on dc-link voltage
will be generated if it is used for voltage prediction. To predict
accurately, the unconsidered power converter loss is regarded
as a disturbances δudc, then the discrete form of (13) can be
modified into

u2dc[k + 1] =
2Ts
C

(
pg[k]− τ ∗m,cωm,m[k] + δudc[k]

)
+ u2dc[k].

(14)
After combining (12) and (14), the system state-space equation
can be obtained as follows:

Λ[k + 1] =

[
E H

03×3 I3

]
︸ ︷︷ ︸

MA

Λ[k]

+
3Ts
2Lg,n

[
Z[k]
03×3

]
︸ ︷︷ ︸
MB [k]

⎛⎝eαg [k]− uαg [k]
eβg [k]− uβg [k]
τ ∗m,c∗ωm,m[k]

⎞⎠ (15)

where

Λ = (pg, qg, u
2
dc, δg,p, δg,q, δudc)

T

H =

⎡⎢⎣−
Ts

Lg,n
0 0

0 − Ts

Lg,n
0

0 0 2Ts

C

⎤⎥⎦
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Fig. 2. Control structure of the proposed cascade-free control scheme.

E =

⎡⎢⎣1−
TsRg,n

Lg,n
−Tsωg 0

Tsωg 1− TsRg,n

Lg,n
0

2Ts

C 0 1

⎤⎥⎦

Z[k] =

⎡⎣eαg [k] eβg [k] 0
eβg [k] −eαg [k] 0

0 0 − 4Lg,n

3C

⎤⎦ .
Then, the state-space equation based on Luenberger observer,

which is used to remove the voltage and power deviations under
variable parameter, can be obtained as follows:

Λ̂[k + 1] = MAΛ̂[k] +
3Ts
2Lg,n

MB [k]

⎛⎝eαg [k]− uαg [k]
eβg [k]− uβg [k]
τ ∗m,eωm,m[k]

⎞⎠
+ML(X[k]− X̂[k]) (16)

where X = (pg, qg, u
2
dx, pg, qp, u

2
d2)

T, X̂ represents the esti-
mated variable of X , the coefficient diagonal matrixML can be
determined by the pole placement method [30], and Â represents
the estimated variable of A. Then, the obtained δ̂g,p, δ̂g,q , and
δ̂udc can be used to correct the prediction model. The following
term is used for dc-link voltage regulation:

Fg,u

(−→
S abc
g [k + 1]

)
=
∥∥u∗dc,∞ − udc[k + 2]

∥∥2︸ ︷︷ ︸
Eg,u

+
∥∥(u∗dc,∞

2 − u2dc[k + 2]
)
+ cp
(
p∗g − pg[k + 2]

)∥∥2︸ ︷︷ ︸
Rg,u

(17)

where Rg,u and Eg,u are used to control dc-link voltage and
active power of time instant k + 2, cp ∈ R+is for active power
regulation, and p∗g is the power of PMSM, namely τ ∗m,cωm,m[k].
Then, the cost function of the proposed control scheme is defined
as

Jg,CF

(
�S

abc
g [k + 1]

)
= Fg,u + Fg,q + ζs. (18)

The control structure of the proposed cascade-free control
scheme is presented in Fig. 2.

Since the terms in the cost function can be controlled by
MPC to approach zero to realize the reference track, assume
thatRg,u and Eg,u in (17) are equal to zero in the interpretation
below. Besides, the generator mode of PMSM corresponding
to a negative p∗g is taken as an example for description. In the

proposed control scheme, the voltage set point u∗dc,∞ is directly
adopted in Eg,u as the reference to compare with the dc-link
voltage produced by every switching vector at time instantk + 2,
so the switching vector that leads to the smaller dc-link voltage
error tends to be chosen. If a switching vector will produce a
dc-link voltage smaller than its reference u∗dc,∞ at time instant
k + 2 inEg,u, this switching vector is the optimal one only when
it also will transmit less power back to the grid than the produced
PMSM power due to Rg,w. It means if u∗dc,∞

2 > u2dc[k + 2]
for a switching vector, not all the power produced by PMSM
should be transmitted to grid by that switching vector (i.e., p∗g <
pg[k + 2]). In this way, the dc-link capacitor can be charged by
the remained power produced by PMSM, thereby reducing the
voltage error. When udc[k + 2] reaches u∗dc,∞, pg[k + 2] equals
p∗g , which means all the power produced by PMSM is transmitted
to the grid in steady state. As can be found above, the switching
vector, which is able to produce a dc-link voltage closer to the
reference and is able to simultaneously produce an active power
capable of further narrowing that voltage error, is chosen for the
next time instant.

C. Stability Analysis

According to Kirchhoff’s voltage law, the following state
equations can be obtained (the models are eventually derived
in discrete-time format by applying the forward Euler method
of d

dtx(t) =
x[k+1]−x[k]

Ts
):

xy[k + 1] = Ay[k]− xy[k] +By[k] · uy[k] +Hy[k]
(19)

where y ∈ {m, g} represents the variables of machine (m) and
grid (g) sides, respectively.

It can be seen that the inductance is involved in the state, input,
and feed-through matrices, i.e., Ay[k], By[k], and Hy[k]. The
nominal inductance used in the controller is denoted as L̃y while
the actual inductance value is denoted asLy . The predicted value
of the state variables based on the nominal value can be obtained
as

xpy[k + 1] = Ãy[k] · xy[k] + B̃y[k] · upy[k] + H̃y[k] (20)

wherexpy andupy stand for predicted values of the state and input
variables, respectively. As the control period of the current loop
is 50 μs, both the inductance and resistance in the system are
small enough to ignore. Thus, the system matrix Ãy used here
is simplified as I2 = diag(1, 1). Then, the input voltage vectors
up[k] can be calculated by

upy[k] = B̃y[k]
−1
(
xpy[k + 1]− H̃y[k]− Ãy[k] · xy[k]

)
.

(21)
Applying (21) into (19) gives

xmy [k + 1] = Ay[k] · xmy [k] +M [k]
(
xpy[k + 1]− H̃y[k]

−Ãy[k] · xmy [k]
)
+Hy[k] (22)

where xmy stand for measured values of state variables, and

M [k] = By[k]− B̃y[k]
−1. Since xpy[k + 1] will approach
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Fig. 3. Laboratory setup. (a) TMS320F28335-based control board. (b) GSC
and MSC. (c) Voltage and current transducers. (d) Power modules. (e) PMSM
and its load motor. (f) Yokogawa DL850. (g) Yokogawa WT1800.

x∗y[k + 1], so the following expression holds:

xmy [k + 1] =
�Ly
Ly

x∗
y[k + 1] +

(
1− L̃y

Ly

)
xmy [k]. (23)

The closed-loop transfer function in discrete format becomes

xmy (z)

x∗y(z)
=

L̄y

Ly
z

z − 1 + L̄v

Lv

. (24)

Based on the “bounded-input bounded-output” stability criteria
from the classic control theory, the system in this work is stable
if and only if all roots of F (z) = z − 1+

τy
Ly

are inside the unit

circle [32]. Thus, when �Ly ∈ (0, 2Ly), the system will be stable.

|z| =
∣∣∣∣∣1− L̃v

Lv

∣∣∣∣∣ < 1. (25)

IV. EXPERIMENTAL EVALUATION

The proposed cascade-free control scheme is evaluated on a
practical laboratory setup shown in Fig. 3, and its experimental
comparisons with PI-MPC, modified QC-MPC, and PI control
scheme with modulator are presented. The scheme calculation
time of PI-MPC, modified QC-MPC, proposed control scheme,
and PI control with modulator are 14.7, 14.1, 15.4, and 14.4 μs,
respectively. It can be found that the control schemes consume
similar calculation time in the microcontroller. The calculation
time of around 15 μs indicates the time of the core code con-
trol program, namely, the duration related to how to calculate
their respective switching vector in different control schemes.
The core code is the main difference between different control
methods, but for the whole interrupt, it takes around 43 μs for
each control scheme to complete a whole interrupt. Table I lists
the hardware configurations of several main components in the
laboratory setup. The experimental parameters concerning the
MSC, GSC, and control data are itemized in Table II.

The experimental results of the proposed cascade-free control
scheme at the rated speed of 1500 r/min are presented in Fig. 4
to show the steady-state regulation performance. For the PMSM
side, the electromagnetic torque is set to −12N ·m (the yellow
dash on the upper left of the torque curve denotes 0N ·m),
and the sinusoidal stator current of around 4.3A (rms value)

TABLE I
HARDWARE CONFIGURATIONS OF MAIN COMPONENTS

TABLE II
EXPERIMENTAL SYSTEM PARAMETERS

Fig. 4. Experimental results of the proposed control scheme at rated operating
condition (1500 r/min, −12 N ·m).

is obtained to reach the reference torque. For the grid side, the
energy produced by PMSM has been continuously transmitted
into the grid to keep a stable dc-link voltage under the proposed
scheme. The dc-link voltage has been boosted to 500V, and
the difference between the actual and reference dc-link voltage
(i.e., eu = udc − u∗dc,∞) is defined to evaluate the regulation
quality of dc-link voltage, and it is observed that the dc-link
voltage ripple has been regulated within ±3V. In this process,
the sinusoidal grid-side current in the opposite phase with the
grid-side voltage is obtained because the reactive power has been
kept around 0 Var. The switching frequency of the finite control
set-model predictive control (FCS-MPC) is almost fixed in a
steady state. In the system with the proposed control scheme,
the equivalent switching frequency is around 3 kHz at the rated
operating condition.
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The dynamic performances of PI-MPC, modified QC-MPC,
and the proposed cascade-free control scheme in different oper-
ating conditions are tested and compared. Besides, for a better
comparison, the dynamic performances of PI control scheme
with modulator are also added, and its switching frequency is
set to be the same (3 kHz) as that of the proposed control scheme.
In the implementation of the aforementioned four schemes, the
grid-side voltage, grid-side inductor, dc-link capacitor, operating
state of PMSM, semiconductors, etc., are kept the same.

The experimental results under abrupt torque change at rated
speed are shown in Fig. 5. The dc-link voltage increases at the
moment when torque decreases from 12 to −12N ·m since
PMSM suddenly starts to produce power instead of consuming
power. Although the direction of active power flow is reversed
under these abrupt torque changes, the dc-link voltage can be
pulled back to its reference by transmitting the active power to
the grid in time under the controls of the four schemes. As can
be seen from the curves, the peak errors of dc-link voltage eu are
20, 18, 12, and 22V for PI-MPC, modified QCMPC, proposed
scheme, and PI scheme with modulator, respectively, and the
recovery times of dc-link voltage are around 200, 100, 50, and
300ms, respectively. The proposed scheme has a better dynamic
regulation performance compared with the other three schemes
since it presents the smaller peak error and faster recovery time.

The experimental results under abrupt reactive power changes
at the rated operating state are presented in Fig. 6. The change
of grid-side reactive power reference from −1000 to 1000 Var
affects the dc-link voltage due to the coupling between reactive
power and active power. The dc-link voltage in the proposed con-
trol scheme presents a smaller decrease of −3 V, in comparison
with −5 V of the modified QC-MPC, −6.5 V of the PI-MPC,
and −7 V of the PI scheme with modulator. Since the dc-link
voltage in the proposed control scheme is least affected, it is also
the fastest to return back to the reference. The recovery times
of dc-link voltage in the proposed control scheme, modified
QC-MPC, PI-MPC, and PI scheme with modulator are around
20, 50, 200, and 350 ms, respectively.

Experimental results under abrupt speed changes are pre-
sented in Fig. 7. At −12 N ·m, the operating status of the
PMSM changes from generating mode to motoring mode as
the speed changes from 1500 to −1500 r/min. Correspondingly,
the phase of grid-side current changes from being in the opposite
direction to being in the same direction as the grid-side voltage.
It indicates that the operating status of GSC is changed from
transmitting power in the machine-to-grid direction to providing
power in the grid-to-machine direction to keep a constant dc-link
voltage. Speed, unlike electromagnetic torque, is a mechani-
cal parameter, so the change of speed direction results in a
slower operating change for the system, which gives the control
schemes more time to respond. It can be seen from the curves
that the modified QC-MPC and the proposed control scheme
present satisfying dc-link voltage regulation performance since
both of them are hardly affected during this regulation. But,
compared with modified QC-MPC, the proposed control scheme
has a slightly smaller voltage peak error during this dynamic
regulation, and both of their peak errors are smaller than that of
the PI-MPC and PI scheme with modulator. The peak errors

Fig. 5. Experimental results under abrupt torque change (from 12 to −12 N ·
m) at rated speed. (a) PI-MPC. (b) Modified QC-MPC. (c) Proposed control
scheme. (d) PI control scheme with modulator.
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Fig. 6. Experimental results under abrupt reactive power changes (from−1000
to 1000 Var) at rated speed. (a) PI-MPC. (b) Modified QC-MPC. (c) Proposed
control scheme. (d) PI control scheme with modulator.

Fig. 7. Experimental results under abrupt speed changes (from 1500 to
−1500 r/min) at −12 N ·m. (a) PI-MPC. (b) Modified QC-MPC. (c) Proposed
control scheme. (d) PI control scheme with modulator.
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TABLE III
COMPARISON DATA UNDER VARIOUS TEST CONDITIONS

Fig. 8. Power analyzer screenshots at different speeds (from left-hand side to
right-hand side: 1000, 1100, 1200, 1300, 1400, and 1500 r/min). (a) PI-MPC.
(b) Modified QC-MPC. (c) Proposed control scheme. (d) PI control scheme with
modulator.

of dc-link voltage are around 6, 4, 3, and 6 V for PI-MPC,
modified QC-MPC, proposed control scheme, and PI scheme
with modulator, respectively.

The experimental data of PI-MPC, modified QC-MPC, pro-
posed control scheme, and PI control scheme with modulator in
the aforementioned dynamic tests, which reflects their transient
performances, are summarized in Table III. It can be found that
the dynamic regulation performances of all three MPC-based
control schemes (PI-MPC, modified QC-MPC, and proposed
control scheme) are obviously better than that of the PI control
scheme with modulator. Furthermore, compared with the other
two MPC-based control schemes, the proposed control scheme
presents a faster dynamic response during the transients of the
abrupt changes of torque, reactive power, and speed since it
presents smaller peak errors and shorter recovery time.

The experimental data of the four control schemes from
the power analyzer screenshots (Yokogawa WT1800E), which
reflect their steady-state performances at different operating
speeds, are presented in Fig. 8. As can be seen from the
current total harmonic distortions (THDs) (Ithd1) and power
factors (λ

∑
A) in Fig. 8, the PI scheme with modulator has

a slightly better steady-state regulation performance than the
three MPC-based schemes at the same switching frequency,

Fig. 9. Experimental waveforms of proposed control strategy under mis-
matched inductances.

but it has the slowest regulation performance in transients (as
presented in Table I). However, the steady-state performances
of the MPC-based schemes are comparable to that of the PI
scheme with modulator since the MPC-based schemes can also
control the current THDs below 3.5% and keep the grid-side
power factors above 0.99 at the rated operating condition.

Considering that the model accuracy is more affected by the
changes in inductance than resistance, the case of mismatched
inductances is adopted to test the control performance of the
proposed control scheme, and experimental results are presented
in Fig. 9. Without the disturbance estimation, steady-state de-
viations would appear on the power curves when there is a
difference between the inductance adopted for prediction in the
discrete model and the actual inductance. It will intuitively be
reflected on the power factors since the reactive power can no
longer be controlled to near zero due to the mismatched induc-
tances. The nominal values of grid-side inductorLg,n and PMSG
inductor Lm,n are set to linearly increase from 50% to 150% of
their actual values at the same time inside the controller. The
grid-side current THDs are around 3.5% and the PMSM current
THDs are around9.5% ifLg,n andLm,n are adopted. WhenLg,n
and Lm,n are set to 50% and 150%, grid-side current THDs are
around 9.06% and 3.96%, respectively, and the PMSG current
THDs are around 15.34% and 11.03%, respectively. As can be
seen from Fig. 10, the reactive power, whose 0Var is indicated
by the “T” on the left-hand side of it, is always maintained
to near 0Var without deviation. The control performance does
degrade as the inductances deviate from their actual values, but
the system remains stable. Besides, there is no steady-state error
in the reactive power even though the mismatched parameters
are adopted for prediction.

V. CONCLUSION

In this manuscript, a cascade-free control scheme is proposed
for the back-to-back converter-fed PMSM drive system. Instead
of using the nested control structure with an outer voltage PI con-
troller, the proposed control scheme regulates the dc-link voltage
and power flow directly via one cost function by reconstructing



HE et al.: CASCADE-FREE MPC SCHEME FOR BACK-TO-BACK CONVERTER-FED PMSM DRIVE SYSTEM 4599

Fig. 10. Experimental results of proposed control scheme with mismatched
inductances. (a) Lg,n and Lm,n is set to 50%(Lg,n = 6 mH and Lm,n =
6 mH). (b)Lg,n andLm,n are adopted (Lg,n =12 mH and Lm,n = 12 mH).
(c) Lg,n and Lm,n are set to 150%(Lg,n = 18 mH and Lm,n = 18 mH).

its regulation terms. To predict accurately and to improve system
robustness under variable parameters, the online corrections
for voltage and power expressions are added to remove the
steady-state deviation. A series of experimental comparisons
against the conventional PI control scheme with modulator,
PI-MPC, and modified QC-MPC has confirmed the effectiveness
of the proposed control scheme. On the one hand, the proposed
control scheme can realize a steady-state performance compa-
rable to that of the PI control scheme with modulator at the
same switching frequency. At its rated operating condition, the
dc-link voltage ripple is within ± 3 V and the current THDs are
below 3.5 %. On the other hand, the proposed scheme presents a
better dynamic response on voltage regulation during the abrupt
changes of torque, reactive power, and speed, compared with the
other three control schemes. In addition, the proposed control
scheme has no steady-state power deviation, which indicates
good robustness, even if the mismatched parameters are adopted.
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