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Abstract—LCL-filter interfaced three-level T-type converters
have been widely used in low-voltage applications due to their ele-
vated power quality. However, there exist several problems. To be-
gin with, the performance of the finite-control-set model predictive
control (FCS-MPC) controlled 3LT2C relies on an accurate system
model and measurement. Consequently, output performances will
be influenced when model parameter mismatches, grid impedance
variation, and the dead-time of power devices occur. In addition,
the robustness of the FCS-MPC controller may also encounter
challenges under disturbances and noise. Furthermore, LCL-filter
has the resonance problems in the grid currents, which may endan-
ger the system stability. To solve these problems, a passivity-based
partial sequential MPC (PSMPC) with dynamic-damping injection
method, which outperforms FCS-MPC and ensures the asymptotic
stability, is proposed. First, the passive output voltage based on
the Euler–Lagrange model is obtained using dynamic damping
injection. Second, by embedding passive output voltage into MPC,
a passivity-based PSMPC robust controller is designed to enhance
its anti-disturbance abilities and achieve resonance suppression.
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Finally, to avoid the time-consuming of weighting factor selection,
a PSMPC that allocates nonconflicting objectives in the same layer
is introduced. Experimental results on 10-kW prototype demon-
strates its excellent performance over existing techniques.

Index Terms—Passivity-based control, sequential-model pre-
dictive control, three-level T-type converter.

NOMENCLATURE

Vdc dc-link voltage.
Cdc dc-bus capacitor.
vp, vn Voltage of the upper- and lower-side dc-link

capacitors.
ua, ub, uc Switching state of phase-a, b, and c.
vN ,vg Converter-side and grid voltage.
i1, i2,vc Converter-side current, grid current, and filter

capacitor voltage.
vPBC
N , vcon

N Converter-side voltage with and without PBC
control.

R1, L1 Resistance and inductance of Converter-side in-
ductor.

Cf , vC Filter capacitance and its voltage.
L2 Grid-side inductance.
kd Droop coefficient.
ei1 , ei2 Tracking error of i1 , i2.
ia,b,c Three-phase grid current in abc-frame.
va,b,c Three-phase grid voltage in abc-frame.
io(t), idc(t) NP current.
Δvnp NP voltage difference.
i1a, i1b , i1c Converter-side current of phase-a, b, and c.
Ts Sampling time.
u(k) Switching sequence of the power transistors at

time instant k
fres Resonance frequency of the LCL-filter.
vNα, vNβ Converter-side voltage under the αβ stationary

frame.
vgα, vgβ Grid-voltage under the αβ stationary frame.
Rx Damping matrix.

I. INTRODUCTION

W ITH increasing proportion of distributed generation,
grid-connected converters (GCCs) play an increasingly

crucial role in energy conversion. Compared to two-level topolo-
gies, three-level converters have been widely used in low- and
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medium-voltage fields owing to their superior output voltage
qualities and current advantages [1], [2]. Among several ex-
isting three-level converter structures (e.g., diode-clamp and
flying-capacitor based three-level inverters), three-level T-type
converters (3LT2C) have been widely studied because of their
unique advantages (with fewer switching elements and higher
efficiency [3], [4]). The output current of 3LT2C converter
contains excess switching harmonics.

Recent literature shows that there are two main ways to
overcome resonance. The first is to include a physical resistance
to damp the resonance [9], [10]. However, this may incur addi-
tional costs and power loss. The second, active damping (AD),
employs control algorithms for resonance suppression. In [5],
Saïd-Romdhane et al. designed an AD of proportional-integral
control for LCL-GCCs, which ensured the system stability under
grid inductance variations. In [11], proportion-resonant con-
trol based on AD was used to overcome the resonant peak.
To deal with the conflict between resonance suppression and
harmonic-current amplification, Zhou et al. used inverter-side
current feedback control in [12], which eliminated additional
sensors. Based on offshore wind farm applications, in [13],
the control stability for internal and external resonances was
analyzed. Although the above methods can effectively overcome
the resonant peak, 3LT2C control requires a multiobjective op-
timization problem (MOOP) [e.g., output current quality and
neutral-point (NP) voltage balance]. If other control objectives
are used for optimizing, the controller design will become more
complicated. On the contrary, model predictive control (MPC)
can deal with MOOP simply by putting objectives into a cost
function.

Recently, MPC has been widely used owing to its multiobjec-
tive optimization and good dynamic response [14], [15], [16].
In [17] and [18], a dual-vector MPC controller is proposed to
minimize the total-harmonic-distortion (THD) of a single-phase
NP-clamped pulsewidth modulated rectifier and to provide iner-
tial support to a microgrid. However, it could achieve good robust
under disturbances. For LCL-GCCs, in [19], the converter-side
current, grid-side current, and filter capacitance voltage were
used as the optimization objectives to ensure the system stability.
However, the introduction of new feedback variables led to an
increased number of weighting factors, thereby complicating
their selection. In [20], the grid harmonic was solved by design-
ing a hybrid cost function, although calculating the modified
reference was complex. In [21], the power quality performance
with different state feedback was selected as control objective
in LCL-GCCs.

Although MPC is an embodiment of a simple multiobjective
control, some inherent problems must be discussed. First, MPC
implementation relies heavily on an accurate system model.
Consequently, when internal parameters change or external
disturbances occur, the control performance of the MPC con-
siderably deteriorates, hampering the tracking of the control
targets. To tackle the disturbance, an observer is usually used
to compensate the accuracy of the model in MPC. In [22], a
disturbance observer based on Extended-Kalman-Filter (EKF)
was used to improve the system robustness. In this method,
the grid voltage was calculated using EKF observer and the

performance was guaranteed under a weak grid to eliminate
internal disturbances (e.g., model parameter mismatch) in the
system. In [23], [24], and [25], an extended-state observer (ESO)
was designed to solve the model’s sensitivity-related problems.
However, the tuning parameters of ESO ought to have been
determined. Recently, active disturbance rejection control was
successfully introduced into MPC, thereby enhancing the dis-
turbance rejection capability of the system [26], [27]. However,
the additional nonlinear observer was introduced and multiple
parameters needed to be adjusted.

Second, traditional MPCs need to predetermine the weighting
factors, which are time-consuming and require repeated experi-
ments [28], [29], [30]. To solve this problem, sequential model
predictive control (SMPC) was proposed to achieve MOOP by
controlling the targets layer by layer [31]. However, in conven-
tional SMPC, the number of candidates in each layer should be
determined in advance, while each control object is allocated
to a single layer, which may cause sub-optimization problems
[32].

Recently, passivity-based control (PBC) was introduced to
improve the system stability and enhance its anti-disturbance
ability [33], [34]. Passivity-based control directly correlates the
state variables with the system energy, ensuring the convergence
of the energy storage function by means of damping injection
and power sharing. In [35], PBC was used for power decoupling
control regarding power quality improvement. In [36], PBC was
used to attenuate the influence of the time-delay in inverter
control.

From the above research, although MPC can directly solve
the MOOP of LCL-GCCs, its robustness remains poor. During
normal operations with MPC, owing to the aging phenomenon
and increase in ambient temperature, the filter parameters may
deviate from their desired values. Consequently, the model
mismatches and the dead-time of power device (also regarded
as internal disturbance) may lead to serious grid current distor-
tion. In addition, when external disturbances (e.g., grid voltage
distortion, voltage-drop) occur, MPC recovery is inadequate,
leading to an unstable system. Contrarily, PBC is robust to
system parameter variations and external perturbations from
the perspective of energy dissipation. Considering the merits
of MPCs and PBCs, a novel method called DDPB-PSMPC is
proposed herein. First, a dynamic damping injection strategy
is proposed to improve the input in the PBC. Based on the
prediction idea, the tracking error of the converter-side current
in a future instance is extrapolated and calculated. Furthermore,
the injected damping was determined following the average
prediction error. Second, based on the Euler–Lagrange (EL)
model of LCL-3LT2C, the converter voltage of PBC is calculated
and sent to the predictive controller as a reference. Finally,
considering the output performance and weight factor design,
a new partial SMPC (PSMPC), which groups the nonconflicting
objectives into the same layer, is proposed to optimize the control
objectives.

In summary, the main contributions of this study are as
follows:

1) Based on the prediction error, a novel PBC (DDPB)
method using dynamic damping injection is proposed.
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This proposed method can adjust the injected damping in
real-time following the prediction error, which considers
both the convergence time and steady-state error of the
system.

2) The output voltage, which was based on the DDPB
method, fed the predictive control as a reference to op-
timize the converter voltage. By embedding DDPB into
the MPC, the system has less steady-state error and is
more robust to parameter variations, noise, and external
perturbations.

3) To reduce the weighting factors and control objectives, a
new PSMPC that places nonconflicting objectives in same
layers is introduced. By using DDPB-PSMPC, the system
can maintain an excellent output and avoid suboptimal
problems caused by sequential optimization.

4) In the proposed DDPB-PSMPC method, the harmonic
resonance is successfully suppressed by converter-side
voltage control without including additional control ob-
jectives.

The rest of this article is organized as follows: In Section II,
the modeling of LCL-3LT2C GCC is presented. A prediction
equation was established and the inherent problems of LCL-
3LT2C were introduced. Section III presents the fundamental
PBC using the EL model and demonstrates the passivity of the
system. Moreover, the impact of the damping matrix on system
stability is also analyzed. In Section IV, a preliminary MPC
for LCL-3LT2C is introduced. In Section V, passivity-based
PSMPC control and its implementation are presented. To verify
the effectiveness of the DDPB-PSMPC, experimental results
under different scenarios are presented in Section VI. Finally,
Section VII concludes this article and provides suggestions for
future research.

II. MODELING AND PROBLEM DESCRIPTION OF 3LT2C GCCS

WITH LCL-FILTER

From this section, we first introduce the discrete prediction
model of LCL-3LT2C grid-connected converter, which is the
based for PMPC, then the discrete model of DDPB controller
will be introduced. Finally, the combination of DDPB and
partial SMPC controllers are introduced. The output voltage of
DDPB derived by EL model is embedded into the cost function
of PSMPC to achieve strong system robustness with smaller
steady-state errors, which inherits the advantages of two control
methods.

A. Topology Description

The topology of the LCL-3LT2C grid-connected converter
is illustrated in Fig. 1. Vdc is the dc-link voltage. The dc-bus
side uses two series capacitors Cdc to divide the high voltage.
The voltages of the two capacitors are vp and vn, respectively,
where P and N represent the positive and negative poles of the
dc bus, respectively. Each phase of LCL-3LT2C consisted of
four switching elements:Ti1, Ti2, Ti3, andTi4 (i = a, b, c).Ti1

and Ti4 are vertical switches, while Ti2 and Ti3 are horizontal
switches for midpoint clamping. An active damping technique
was used to reduce additional power losses.

Fig. 1. Topology of the 3LT2C GCC with an LCL-filter.

TABLE I
OUTPUT OF THE 3LT2C CONVERTER

Fig. 2. Space voltage vectors of the three-phase T-type converter.

According to different switching state, the output voltage is
given Table I.

B. Modeling of LCL-3LT2C Converter

As shown in Fig. 1, the 3LT2C consists of NP switches and
vertical half-bridge switches, followed by an LCL-filter. In each
phase of the three-level converter, there are three switching
states: [P], [O], and [N]. Thus, the 3LT2C has totally 27 switching
state combinations. These switching states can be represented
by space voltage vectors, which can be divided into four groups
based on their magnitudes: zero-, small-, medium-, and large-
voltage vectors.

The space voltage vectors of the T-type three-level converter
are shown in Fig. 2. The vector space is divided into six large
sectors, namely I, II, III, IV, V, and VI, and each large sector
is divided into four small sectors, namely, 1, 2, 3, and 4 (see
Fig. 2).

To establish the mathematical model of LCL-3LT2C, the
switching vector is defined as follows:

u = [ua, ub, uc]
T . (1)
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According to Table I,ua, ub, uc can be [−10, 1]. Assuming the
two dc-link capacitor voltage Vp and Vn are balanced, namely,
Vp=Vn , the relationship between the converter-side voltagevcon

N

and dc-link voltage Vdc can be expressed as follows:

vcon
N =

Vdc

2
u (2)

In practice, the voltage of the two dc-link capacitors may not
be equal, to solve this problem, the balance control of neutral-
point voltage is arranged in the first layer (highest priority) of
sequential model predictive control, which will be discussed
in the subsequent sections. According to Kirchhoff’s law, the
current and voltage equations of LCL-3LT2C can be derived as
follows: ⎧⎪⎨

⎪⎩
di1
dt = −R1

L1
i1 − 1

L1
vC + 1

L1
vcon
N

di2
dt = −R2

L2
i2 +

1
L2

vC − 1
L2

vPCC

dvC

dt = 1
Cf

i1 − 1
Cf

i2

(3)

where i1, i2, vc, and vg are the converter-side current, grid
current, filter capacitor voltage, and grid voltage, respectively.
The above three-phase vectors are defined as follows:⎧⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎩

i1(t) = [i1a, i1b, i1c]
T

i2(t) = [i2a, i2b, i2c]
T

vc(t) = [vca,vcb,vcc]
T

vPCC(t) = [vPCCa
,vPCCb

,vPCCc
]T .

(4)

To simplify the equations, the three-phase vectors can be
transformed to αβ0 stationary frame by Clarke transformation,
given as follows:⎧⎪⎪⎪⎨

⎪⎪⎪⎩
i1αβ (t) = K3s/2s i1 (t)

i2αβ (t) = K3s/2s i2 (t)

vcαβ (t) = K3s/2s vc (t)

vPCCαβ (t) = K3s/2s vPCC (t)

(5)

where K3s/2s represents the Clarke transformation matrix
which is defined as follows:

K3s/2s =
2

3

[
1 − 1

2 − 1
2

0
√
3
2 −

√
3
2

]
.

In the αβ0 coordinate system, the state variable matrix is
selected as x(t) = [i1αβ , i2αβ , vcαβ ]

T , and the continuous-time
state equation and output equation are described as follows:{

ẋ (t) = Fx (t) +Gu (t) + P vPCC (t)

y (t) = Cx (t)
(6)

where state variable matrix F , input control matrix G , distur-
bance matrixP , and output control matrixC in (6) are expressed
as follows:

F =

⎡
⎢⎣

R1

−L1
· I2×2 O2×2

1
−L1

· I2×2

O2×2
R2

−L2
· I2×2

1
L2

· I2×2

1
Cf

· I2×2
1

−Cf
· I2×2 O2×2

⎤
⎥⎦ ,

G =
[
V D

2L1
· I2×2 O2×2 O2×2

]T
K3s/2s,

P =
[
O2×2 − 1

L2
· I2×2 O2×2

]T
K3s/2s,

C =

⎡
⎢⎣I2×2 O2×2 O2×2

O2×2 I2×2 O2×2

O2×2 O2×2 O2×2

⎤
⎥⎦ .

From (6) and matrix C, the output vector y are the output
currents of the converter-side and grid-side inductors needed to
be controlled. Using the Du Hamel formula [37] to discretize (6),
the discrete-time prediction model can be expressed as follows:{

x (k + 1) = Ax (k) +Bu (k) + Tvg (k)

y (k + 1) = Cx (k + 1)
(7)

where A = eFT s , B = −F−1(I −A)G, T = −F−1

(I −A)P .

C. Modeling of Neutral-Point Current

In Fig. 1, the capacitor voltagesVp andVn are controlled by the
currents that flow in and draw out. When the Vdc is provided by
direct-current (dc) voltage source, the only element that affects
the capacitor voltage is the neutral point current io. Because of
the possible mismatch between the capacitors’ voltages, Vp may
not be equal toVn, the dc-link capacitor voltage differenceΔvnp
can be expressed as follows [38]:

Cdc
d

dt
ΔVnp = Cdc

d

dt
(Vp − Vn) = io = −iT1abc · abs(u) (8)

where i1abc = [i1a i1b i1c ]
T

is the three-phase converter-

side current in the abc frame and abs (u) = [|ua| |ub| |uc| ]T .

D. Problem Description

1) Neutral-Point Voltage: 3LT2C faces NP voltage fluctua-
tions (vp �= vn). When the NP voltage is unbalanced, both series
capacitors encounter unbalanced charging and discharging pro-
cesses. Hence, it is important to control the NP voltage difference
caused by NP current io(t), the relationship between Δvnp and
io(t) can be written as follows:

− d

dt
Δvnp (t) =

1

Cdc
io (t) . (9)

The relationship between io(t) and the switching vectoru can
be established as follows:

io (t) = (1− |ua|) i1a + (1− |ub|) i1b + (1− |uc|) i1c.
(10)

The three-phase system are symmetrical, indicating that i1a +
i1b + i1c = 0. Consequently, io(t) can be rewritten as follows:

−io (t) = |ua| i1a (t) + |ub| i1b (t) + |uc| i1c (t) . (11)

Substituting (11) into (9), the relationship between Δvdc and
io(t) can be rewritten as follows:

d

dt
Δvnp (t) =

1

Cdc
(|ua| i1a (t) + |ub| i1b (t) + |uc| i1c (t)) .

(12)
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Equation (12) was discretized using the Euler forward method
and the prediction model of NP voltage difference can be ex-
pressed as follows:

Δvnp (k + 1) =
Ts

Cdc
|u (k)|T i1 (k) + Δvnp (k) (13)

where Ts represents the sampling time and u(k) represents the
switching sequence of the power transistors at time instant k.

2) Resonance of an LCL-Filter: The LCL-filter has an at-
tenuation rate of -60 dB in high-frequency range, which can
eliminate high-order harmonics of the switching power con-
verters and ensure high-quality integration of the grid current.
However, a resonance peak may destabilize the system. The
resonant frequency fres can be expressed as follows [9], [10]:

ωres =

√
L1 + L2

L1L2Cf
, fres =

ωres

2π
. (14)

Equation (14) shows that the grid current is easily resonated
because of the peak at the natural resonance frequency [ωres

expressed in (14)] [39], [40]. The state variables related to the
LCL-filter are inverter current i1, filter capacitor voltage vc, and
grid current i2. The high-frequency component of these state
variables is the excitation source for the resonance problem.
Thus, the AD algorithm usually dampens the resonance by
introducing the state feedback control from these state variables,
which does not need any additional hardware components.

III. PASSIVITY-BASED CONTROL

A. Preliminaries of PBC Theory

The PBC associates the state variables of the system with
energy. The PBC seeks the energy storage function E(x) and
calculated E(X0) (X0 is the expected equilibrium point of
the system), thus global stability and output performance are
achieved by converging E(x) to E(X0). The designing of the
PBC is involved in two steps, i.e., power shaping and damping
injection. Many systems, which do not contain energy sources,
can be described by the EL equation. Since there is no energy
source in LCL-3LT2C, its EL model is established.

Selecting i = [vPBC
Nα , v

PBC
Nβ ,−vPCCα,−vPCCβ , 00]

T as the
input vector, vPBC

Nα and vPBC
Nα are the converter-side voltage which

are passive, vgα and vgβ are the grid voltage. The EL model of
LCL-3LT2C can be expressed as follows:

Mẋ+ Jx+Rx = i (15)

where M and R are the positive-definite symmetric matrices
that reflect the energy storage and dissipation situations of the
system, respectively. Jis a skew-symmetric matrix (J = −JT ),
which reflects the couplings within the system. x is the system
variable. Here, M, R, and Jare expressed as follows:

M6×6 = diag [L1, L1, L2, L2, Cf , Cf ] ,R6×6

= diag [R1, R1, R2, R2, 0, 0]

J6×6 =

⎡
⎣O2×2

O2×2

−I2×2

O2×2

O2×2

I2×2

I2×2

−I2×2

O2×2

⎤
⎦ .

Defining the error matrix xe = x∗ − x , the EL model of
LCL-3LT2C based on error analysis can be expressed as follows:

M︸︷︷︸
6×6

ẋe︸︷︷︸
6×1

+ J︸︷︷︸
6×6

xe︸︷︷︸
6×1

+ R︸︷︷︸
6×6

xe

= M ẋ∗︸︷︷︸
6×1

+J x∗︸︷︷︸
6×1

+Rx∗ − i︸︷︷︸
6×1

. (16)

The error energy function is selected as E = 0.5xT
e Mxe,

to ensure that the state variable reaches the desired equilibrium
point and the system should satisfy the following constraints:

xe → 0, E → 0, Ė ≤ 0. (17)

To ensure that LCL-3LT2C satisfies (17), it is important to
inject damping so that it rapidly attains the reference state
variable. The injection-damping term is expressed as follows:

(R+Rx)xe = Rdxe (18)

where Rx is the damping matrix, and Rx = diag[rx1, rx1,
rx2, rx2, rx3, rx3]6×6, substituting (18) for (16), the EL model
of 3LT2C can be rewritten as follows:

Mẋe + Jxe +Rdxe = Mẋ∗ + Jx∗ +Rx∗ − i+RXxe.
(19)

To guarantee the system stability, the left term of (19) should
attain zero. Thus, the input vector i and Ė(x) can be calculated
as follows:{

i = Mẋ∗ + Jx∗ +Rx∗+RXxe (a)

Ė(x) = −xT
e (R+Rx)xe = −xT

e Rdxe ≤ 0 (b).
(20)

This indicates that the convergence speed of the system is
related with the injected damping RX . Consequently, (20.a)
provides the passive input of PBC for LCL-3LT2C and the
switching signal based on (20) can improve both the power
quality of the grid current and system robustness. It is needed
to note that the input i guarantees the passivity of the 3LT2C
converter. Considering LCL-filter is a passive network, thereby,
according to the passivity characteristic theorem, when two
passive circuit networks are series connected, the while system
would also be passive.

For digital implementation, the discrete model of (20) with
the sampling time Ts by backward Euler can be derived

i(k)=M
x∗(k)−x∗(k − 1)

Ts
+Jx∗(k)+Rx∗(k)+RXxe(k)

(21)
where xe(k) = x∗ (k)− x(k).

B. Passivity Analysis of 3LT2C Converter

If the PBC controller is used in the 3LT2C, it must be guar-
anteed that the inverter is strictly passive. In other words, the
energy stored inside the LCL-3LT2C inverter should not be
greater than the energy supplied to the inverter at any given
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time. The following formula should be satisfied:

H(x(T ))−H(x(0)) ≤
∫ T

0

uT ydτ−
∫ T

0

Q(x)dτ , T > 0

(22)

Or Ḣ(x) ≤ uTy −Q(x) (23)

where x(t), u(t), and y(t) represent the system state, input,
and output vectors, respectively, H(x(T ))−H(x(0)) repre-

sents the energy stored inside the 3LT2C,
T

∫
0
uT ydτ represents

the external energy supplied to the inverter , and
T

∫
0
Q(x)dτ

represents the total dissipated energy in the 3LT2C.
If the 3LT2C converter is passive, it must be internal stable,

thus the dissipated energy will make the stable variable x(t)
converge to the desired equilibrium point. The term here is used
to describe the dynamics of the control system

L1i1α
di1α
dt

+ L1i1β
di1β
dt

+ L2i2α
di2α
dt

+L2i2β
di2β
dt

+
1

2
cf

(
v2cα + v2cβ

)
= udcidc − vPCCαi2α − vPCCβi2β

− (i21α + i21β)R1 − (i22α + i22β)R2. (24)

Then, (24) can be written as follows:

d

dt

(
L1(i

2
1α + i21β)

2
+

L2(i
2
2α + i22β)

2

)
+

1

2
cf

(
v2cα + v2cβ

)
= udcidc − (vPCCαi2α + vPCCβi2β)

− (i21α + i21β)R1 − (i22α + i22β)R2 (25)

when define H(x), uTy, and Q(x) as

H(x) =
L1(i

2
1α + i21β)

2
+

L2(i
2
2α + i22β)

2
+

1

2
cf

(
v2cα + v2cβ

)

uT y = udcidc − (vPCCαi2α + vPCCβi2β)Q(x)

= (i21α + i21β)R1 + (i22α + i22β)R2 > 0.

Based on the above analysis, the LCL-3LT2C system is passive
when implementing PBC controller. The key to implementing
PBC control is that the passive input i can be strictly satisfied,
since the elements −vPCCαβ and 0 cannot be controlled, so
the followings will explain how to apply i and ensure that the
components of i are equal to the theoretical calculation (20.a).

Defining vectors vPBC
N = [vPBC

Na , v
PBC
Nb , v

PBC
Nc ]

T and vPBC
Nαβ =

[vPBC
Nα , v

PBC
Nβ ]

T , then we havevPBC
Nαβ = K3s/2s v

PBC
N . According

to (20.a), the passive input i is calculated as follows:⎧⎪⎪⎨
⎪⎪⎩
vPBC
Nαβ = L1

di∗1αβ

dt + vcαβ +R1i
∗
1αβ + rx1αβ(i

∗
1αβ − i1αβ)

−vPCCαβ=L2
di∗2αβ

dt −vcαβ+R2i
∗
2αβ+rx2αβ(i

∗
2αβ−i2αβ)

0 = Cf
dv∗

cαβ

dt − i∗1αβ + i∗2αβ + rx3αβ(v
∗
cαβ − vcαβ).

(26)

If six components of the vector iare applied, then the LCL-
3LT2C system would be passive. For the elements vPBC

Nαβ , it is
possible to impose{

vPBC
Nαβ = L1

di∗1αβ

dt + v∗cαβ +R1i
∗
1αβ + rx1αβΔi1αβ

vcon
Nαβ

= Vdc
2 K3s/2su.

(27)

As shown in (27), in the proposed method, vPBC
Nαβ is calculated

according to DDPB algorithm, and then vPBC
Nαβ is regarded as

the reference of vcon
Nαβ in PSMPC. By controlling the switching

vector, vPBC
Nαβ is tracked with vcon

Nαβ , so vPBC
Nαβ can be controlled.

As shown in (26), the injection damping term rx1αβ affects
the calculation of vPBC

N , setting rx1α = rx1β = rx1 , the design
of rx1 will be discussed in the next section, while rx2αβ and
rx3αβ are independent of vPBC

Nαβ . Therefore, when designing the
dynamic damping rules, only rx1 is adjusted. In (26), rx2αβ and
rx3αβ are not used for computing vPBC

Nαβ but related to the
components of i: vPCCαβ and 0.

For vPCCαβ , the common-coupling-point voltage cannot be
controlled. However, to guarantee the passivity of LCL-3LT2C,
vPCCα and vPCCβ should be equal to the values i [3] and i [4]
(vPCCα = i[3], vPCCβ = i[4]), and the following equations
should be existed:

−vPCCαβ=L2

di∗2αβ
dt

− v∗
cαβ+R2i

∗
2αβ+rx2αβ(i

∗
2αβ−i2αβ).

(28)
Although vPCCαβ cannot be controlled, rx2αβ can be designed

to ensure the left- and right-side of the equation are equal. After
discretizing the assumption (28), rx2αβ can be calculated as
follows:

With the rx2αβ in (29), the assumption (28) can be available,
it should be noted that i∗2αβ(k) = i2αβ (k) is the most ideal case
of the LCL-3LT2C system. At this time, rx2αβ can be set to 0,
and the controller will not be affected.

As for the components i [5] and i [6], to guarantee the
passivity of LCL-3LT2C, i [5] and i [6] should be equal to 0.
The assumption is listed as follows:

0 = Cf

dv∗
cαβ

dt
− i∗1αβ + i∗2αβ + rx3αβ(v

∗
cαβ − vcαβ). (30)

Similar to the derivation steps of (29), shown at the bottom of
the next page. after discretizing (30), rx3αβ can be calculated as
follows:

With the rx3αβ in (31) shown at the bottom of the next page,
the assumption (30) can be available, it also should be noted that
v∗
cαβ (k) = vcαβ (k) is the most ideal case of the LCL-3LT2C

system. At this time, rx3αβ can be set to 0, and the controller
will not be affected.

In summary, vPBC
Nαβ can be controlled by switching vectors,

the assumption (28) and (30) be can realized by setting rx2αβ ,
rx3αβ according to (29) and (31), as the result, the uncontrolled
components −vPCCα,−vPCCβ , 00 can be equal to i [3], i [4],
i [5], i [6], respectively. Then, passive input i can be applied
completely. As a result, LCL-3LT2C system is passive.

When the energy of the 3LT2C satisfies (22) and passive input
i can be strictly satisfied. The three-phase LCL-3LT2C is strictly
passive, and the PBC controller can be used.
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C. Analysis of Damping Matrix Rx

For PBC control, additional damping matrix Rx in (18) is
injected to accelerate the convergence speed of the system and
boost the system stability. In this section, the impact of Rx on
the state variables is analyzed to assist in designing the dynamic
damping law.

According to (20), the EL model is described as follows:⎧⎪⎨
⎪⎩
vPBC
N = L1

di∗1
dt + vc +R1i

∗
1 + rx1(i

∗
1 − i1)

−vPCC = L2
di∗2
dt − vc +R2i

∗
2 + rx2(i

∗
2 − i2)

0 = Cf
dv∗

c

dt − i∗1 + i∗2 + rx3(v
∗
c − vc)

(32)

where i∗1, i∗2, and v∗
c are the references of i1, i2, and vc,

respectively.
Substituting (2) and (3) into (32), (32) can be rewritten as

follows:⎧⎨
⎩

L1

(
di∗1
dt − di1

dt

)
+ (R1 + rx1)(i

∗
1 − i1) = 0

L2

(
di∗2
dt − di2

dt

)
+ (R2 + rx2)(i

∗
2 − i2) = 0.

(33)

Defining the state variable error ei1 = i∗1 − i1, ei2 = i∗2 −
i2, (33) can be simplified to the following:{

L1
dei1

dt + (R1 + rx1)ei1 = 0

L2
dei2

dt + (R2 + rx2)ei2 = 0.
(34)

Equation (34) is the first-order linear differential equation
group. Under ideal continuous-time conditions, the general so-
lution of (34) is expressed as follows:

ei1 = ce−
R1+rx1

L1
t, ei2 = ce−

R2+rx2
L2

t. (35)

Equation (35) shows that once the parameters of LCL-filter
are determined, the bigger the damping injected and faster the
convergence of the state error to 0. However, existing research
has revealed that excessive damping may increase the steady-
state error of the system. In addition, the damping element rx1
affects the calculation of vPBC

N in PBC, and vPBC
N will be sent to

PSMPC as the modified reference, excessive damping may affect
the optimization of other objectives in PSMPC at the same layer
as vPBC

N . Consequently, in this study, we propose an adaptive
damping injection scheme as seen in Section V.

IV. ANALYSIS OF EXISTING MPC FOR LCL-3LT2C

For MPC-controlled LCL-GCCs, it is important to solve the
resonance problem. Additional control objectives associated
with the filter are optimized to ensure the system stability. Owing

to the coupling characteristics of the LCL-filter, the quality of
grid current i2 is affected by the converter current i1 and filter
capacitance voltages vc, i1, and vc. They are usually selected
as the control objectives for resonance suppression. To balance
the NP voltage simultaneously, two existing MPC methods for
LCL-3LT2C are elaborated.

A. i1i2Δvnp-MPC

It has been shown in [21] that with proper LCL-filter parame-
ters, resonance can be mitigated when considering the optimiza-
tion of i1. To achieve high-quality control of grid current and NP
voltage balance in LCL-3LT2C, the cost function of i1i2Δvnp
method is as follows:

Ji1i2Δvnp
= ‖i∗2(k + 1)− i2(k + 1)‖22

+ λ1 ‖i∗1(k + 1)− i1(k + 1)‖22

+ λ2

∣∣∣∣ Ts

Cdc
|u(k)|T i1(k) + Δvnp(k)

∣∣∣∣ (36)

where λ1 and λ2 are the weighting factors for resonance mitiga-
tion and NP voltage balance, respectively.
i1i2Δvnp on its part suppresses the harmonics of i1 and i2

to ensure that the output current is not affected before and after
passing the LCL-filter. However, the high-order harmonics of the
filter capacitor voltage will lead to resonance energy oscillation,
which is not considered in i1i2Δvnp , thereby limiting its res-
onance suppression capabilities. In addition, i1i2Δvnp method
has a poor robustness. Thus, once there is disturbance, the grid
current will considerably be distorted.

B. i1vci2Δvnp-MPC

Since the high-order harmonic components of i1 , vc, and i2
can be regarded as the excitation source of resonance, reference
[19] considered the predictive control of these three state vari-
ables. In LCL-3LT2C, the cost function of i1vci2Δvdc-MPC is
expressed as follows:

Ji1vci2Δvnp
= ‖i∗2(k + 1)− i2(k + 1)‖22

+ λ1 ‖i∗1(k + 1)− i1(k + 1)‖22

+ λ2

∣∣∣∣ Ts

Cdc
|u(k)|T i1(k) + Δvnp(k)

∣∣∣∣
+ λ3 ‖v∗

c(k + 1)− vc(k + 1)‖22 (37)

rx2αβ =
1

(i∗2αβ(k)− i2αβ(k))

[
−L2

i∗2αβ(k + 1)− i∗2αβ(k)
Ts

+v∗
cαβ(k)−R2i

∗
2αβ(k)− vPCCαβ(k)

]
, if :i∗2αβ(k) �= i2αβ(k).

(29)

rx3αβ =
[
v∗
cαβ(k)− vcαβ(k)

] [−Cf

v∗
cαβ(k + 1)− v∗

cαβ(k)

Ts
+i∗1αβ(k)− i∗2αβ(k)

]
, if :v∗

cαβ(k) �= vcαβ(k) (31)
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TABLE II
COMPARISON BETWEEN i1i2Δvnp, i1vci2Δvnp, AND DDPB-PSMPC

where λ3 is the weighting factor of the filter capacitance.
i1vci2Δvnp-MPC introduces more objectives for improving res-
onance suppression ability. However, its robustness is preferable
to i1i2Δvnp-MPC.

C. Analysis and Comparison

To analyze the merits and demerits of both methods, the
comparisons between i1i2Δvnp and i1vci2Δvnp are summa-
rized in Table II. i1i2Δvnp is very simple and can mitigate
the resonance if proper LCL-filter parameters are set. However,
when the filter parameter deviates from its nominal value, the
resonance-suppression performance will become worse. More-
over, the robustness under i1i2Δvnp is poor, meaning that the
system stability may not be guaranteed if internal and external
disturbances occur. The i1vci2Δvnp method comprehensively
considers state variables without affecting the power quality
of the grid current. Hence, the resonance suppression ability
and robustness are excellent. However, the number of control
objectives increases, which offers a heavy computation burden
and makes the selection of the weighting factor becoming more
time-consuming. Additionally, when external disturbances oc-
cur, the anti-disturbance ability of i1vci2Δvnp gets limited.

To effectively enhance the system anti-disturbance capability
while minimizing the number of weighting factors, based on
PBC with dynamic damping, a novel robust control called
DDPB-PSMPC which has only three control objectiveness
(e.g., Δvnpi2v

con
N ) is proposed in this study. The characteristics

of DDPB-PSMPC are also listed in Table II. Different with
i1i2Δvnp and i1vci2Δvnp methods. DDPB-PSMPC improves
the quality of the grid current and robustness while reducing
weighting factors and control objectives.

V. PASSIVITY SMPC WITH DYNAMIC DAMPING INJECTION

To solve the problem of MPC being sensitive to disturbances
and considering resonance suppression, PBC is considered in
MPC to enhance the system robustness. To begin with, this
section presents the integrated cost function of the proposed
method. Furthermore, to obtain the output voltage of the PBC as
modified reference in MPC, a detailed law for dynamic damping
is designed. Finally, a PSMPC that assembles nonconflicting
objectives in the same layer is introduced to reduce the weighting
factor.

A. Integrated Cost Function of DDPB-PSMPC

MPC is advantageous in dealing with MOOP. Hence, it is
convenient to embed the PBC into MPC. In this study, the con-
verter voltage vN is selected as the optimization objective of the
MPC and the PBC output voltage vPBC

N regarded as its reference.
The disturbance is dampened by tracking the trajectory of vPBC

N .
Assuming vPBC

N (k) = vPBC
N (k + 1), the cost function of the

proposed DDPB-PSMPC is expressed as follows:

JvN i2Δvn
= ‖i∗2(k + 1)− i2(k + 1)‖22

+ λ2

∣∣∣∣ Ts

Cdc
|u(k)|T i1(k) + Δvnp(k)

∣∣∣∣
+ λ4

∥∥vPBC
N (k + 1)− vcon

N (k + 1)
∥∥2
2

(38)

where λ4 is the weighting factor of vN . In (38), vPBC
N replace i1 to

be tracked in the cost function, because vPBC
N has included the op-

timization of ei1(i
∗
1 − i1), so the term (i∗1(k + 1)− i1(k + 1))

has been removed from (38). Since the converter-side current i1
is indirectly controlled, the designed cost function (38) can also
mitigate the resonance of LCL-filter.

Unlike existing MPC, DDPB-MPC considers energy dissi-
pation and controls vcon

N instead of i1 and vc to improve per-
formance. However, when calculating vPBC

N , the damping term
Rx in the EL model could affect both the stability and steady
error. In the next section, following the influence of Rx on state
variables, the dynamic damping rule is designed to obtain vPBC

N .

B. Dynamic Damping Injection Law in PBC

According to the analysis in Section III, the damping matrix
has conflicting effects on the convergence time and steady-state
error. Thus, a new dynamic damping law is designed. The
proposed method calculates the converter voltage vPBC

N from the
PBC as a reference for MPC. In (26), only the damping term rbx1
has an impact on vPBC

N , while damping network Rx is briefly
rewritten as follows:

Rx = diag [rx1, rx1, 0, 0, 0, 0] . (39)

Since vcon
N couples with i1, the converter-side current error

ei1 distorted vcon
N , and the proposed method uses the predicted

error of i1 to adjust the damping. First, the basic value of
rbx1 is determined experimentally and Rb

x is obtained (Rb
x =

diag[rbx1, r
b
x1, 00, 00]). With Rb

x, the grid current maintains high
quality without disturbance. Second, In DDPB-PSMPC, the
error of converter-side current ei1 need to be extrapolated. In
the n-order Lagrange-Extrapolation [41] the error ei1(k + 1) in
the next period can be expressed as follows:

ei1(k + 1) =

n∑
l=0

(−1)n−l (n+ 1)!

l!(n+ 1− l)!
ei1(k + l − n).

(40)
In general, the estimation error is large whenn = 1 is applied.

Hence, n = 2 is applied and the average error ei1_avg(k + 1) is
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obtained as follows:⎧⎪⎪⎪⎨
⎪⎪⎪⎩
ei1α(k + 1) = 3ei1α(k)− 3ei1α(k − 1) + ei1α(k − 2)

ei1β (k + 1) = 3ei1β (k)− 3ei1β (k − 1) + ei1β (k − 2)

ei1_sum(k + 1) = ei1α(k + 1) + ei1β (k + 1)
ei1a_avg(k + 1) = ei1_sum(k + 1)/2.

(41)
Finally, if the average prediction error exceeds the threshold,

dynamic damping Ra
x is added to Rx to overcome the distur-

bances. The integrated damping Rx is expressed as follows:

Rx =

{
Rb

x,whenei1_avg(k + 1) ≤ 5

Rb
x +Ra

x,whenei1_avg(k + 1) > 5
(42)

where Ra
x is calculated by the following:

Ra
x = diag [ei1_sum(k + 1), ei1_sum(k + 1), 0, 0, 0, 0] . (43)

The output voltagevPBC
N of PBC is coupled with the converter-

side current errors and injected damping. Considering the influ-
ence of above two variables onvPBC

N , the elements of the dynamic
damping matrix Ra

x are quantified by errors of i1. According
to (42), if ei1_avg(k + 1) ≤ 5 (here “5” is a tested value, which
is used to evaluate whether the prediction error has been kept
within the requirements), indicating that the average prediction
error is small, the basic damping is enough to help LCL-3LT2C
maintain good performance. When ei1_avg(k + 1) > 5, Ra

x is
required to dampen the disturbance. It should be noted that
damping affects both the convergence time and steady error.
When ei1_avg(k + 1) exceeds the threshold, damping will be in-
creases dynamically to ensure that the system converges quickly.
Subsequently, the steady-state error is considered.

After the injection damping is determined, the converter-side
voltage vPBC

N based on the EL model is obtained as follows:

vPBC
Nαβ = CPBCi (44)

where CPBC = [I2×2,O2×2,O2×2] , and the input vector i is
defined as i = [vPBC

Nα , v
PBC
Nβ ,−vPCCα,−vPCCβ , 00]

T , and is
calculated by (20).

The calculation steps for the output voltage in the PBC using
the dynamic damping law are summarized in Algorithm I.

C. Design of PSMPC Controller

For the DDPB-MPC, there are two weighting factors in the
cost function (38). The objective variables in (38) have different
magnitudes, which means that it is time consuming to determine
λ2 and λ4. To simplify the controller design, a new partial
sequential model predictive control (PSMPC) is used to reduce
the weighting factors. If there are s objectives in the MOOP, the
general expression of the PSMPC can be written as follows:

min f(x) = min [f1(x), f2(x), · · · , fn(x)]T (45)

s.t.

{
x ∈ X,X ⊆ Rm

n < s
(46)

where fi(x) (i = 12, . . . , n) represents the division of MOOP
into n-layer subproblems by PSMPC, subscript i is the opti-
mization order and s is the number of control objectives. The

Algorithm I: PBC-Based on Active Damping Rejection.
Input: state variables and reference
Output: vPBC

N

Predict: ei1αβ
(k + 1)

for i = 1; i < 2; i++
delay ei1αβ

(k)
ei1αβ

(k − i) = ei1αβ
(k)

end for
calculate: ei1αβ

(k + 1), ei1_avg
(k + 1) → (41)

Active damping rejection:Rx → (42)
If ei1_avg

(k + 1) ≤ 5
Rx = Rb +Ra

else Rx = Rb

end if
EL model stablishes → (20)

calculate:vPBC
N → (44)

TABLE III
CANDIDATE SWITCHING WITH ABSOLUTE VALUE IN LAYER 1

constraint (n < s) shows that the number of control layers in
the PSMPC is less than the number of control objectives. This is
because PSMPC optimizes nonconflicting control objectives in
the same layer. This constraint (n < s) ensures that the PSMPC
overcomes the suboptimization problem caused by traditional
SMPC.

In summary, different traditional SMPCs and proposed PSM-
PCs are not necessary to design an integrated cost function or
layer for each objective. The proposed DDPB-PSMPC controls
the nonconflicting targets in the same layers, thereby improving
control performances and reduce the control objectives.

In LCL-3LT2C, the control objectives are grid current i2,
converter voltage vcon

N and NP voltage Δvnp. DDPB-PSMPC
inserts Δvnp into the first layer (Layer 1) for the following
reasons: First, the prediction (13) of Δvnp has absolute value
characteristics. Hence, the number of switching vectors are sub-
stantially reduced, thereby increasing the computational burden.
In addition, the NP voltage balance impedes the unbalanced
charges and discharges of the device, protecting the hardware
setup.

When the NP voltage is arranged in the first layer of the
SMPC, the switching vectors reduces from 27 to 8. The absolute
switching vectors are listed in Table III.

Taking (13) as the cost function forΔvnp in layer 1 to balance
the NP voltage, Jlayer1 can be expressed as follows:

Jlayer1(|uk|) = Ts

Cdc
|uk|T i1(k). (47)
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Fig. 3. Compensation of a time-delay of two sampling intervals, using an
initial state prediction.

The implementations of Layer 1 and 2 in PSMPC are illus-
trated in Fig. 3 and explained as follows:

Layer 1: Jlayer1 represents the change in Δvnp in one sam-
pling period. In Table III, the cost of free candidates equals
0. Consequently, the free candidates avoid the cost function
calculation in (38), which further alleviates the computational
burden. Contrarily, the cost of limited candidates varies. Based
on this rule, the candidate-reservation law in layer 1 is as follows:

1) After removing the absolute value, the free candidates
that comprise set ufwill be sent to the next layer directly
without cost calculation.

2) The cost of the limited candidates is calculated and classi-
fied according to (47). If Jlayer1(|uk|) ≥ 0, after removing
the absolute value, candidates belonging touk are added to
the positive set u+. If Jlayer1(|uk|) < 0, uk would belong
to negative set u−.

3) Sampling and calculating the voltage difference signal
Δvnp(k), if Δvnp(k) ≥ 0, the set uf ∪ u− is saved.
Conversely, the set uf ∪ u+ is applied to the next layer.
(Note that the number of reserved candidates in Layer 1 is
changeable, assuming N represents the reserved vectors).

Layer 2: In PSMPC, the optimization of vcon
N suppresses

the resonance and improved the anti-disturbance ability of grid
current i2. Thus, vcon

N and i2 are placed in the second layer (layer
2) for simultaneous optimization. Since both control objectives
has different units and reference levels, a correction factor λc is
assigned to vcon

N . The integrated cost function for i2 and vcon
N is

designed as follows:

Jlayer2 = ‖i∗2(k + 1)− i2(k + 1)‖22
+ λc

∥∥vPBC
N (k + 1)− vcon

N (k + 1)
∥∥2
2

(48)

where λc is the weighting factor for vcon
N , which should be

properly selected to guarantee the tracking errors of i2 and vcon
N

are in the same order of magnitude. Then it can also be used as
a tradeoff between robustness and output current quality.

In (48),N candidates are inputted into layer 2, which simulta-
neously considered the anti-disturbance ability and quality of the

Algorithm II: DDPB-PSMPC Method.
Input: variables and references
Output: uopt(k)
Initialization: Uf , ui(k) ∈ |U1| −Uf

for (i = 1; i < 6; i++)
J i
layer1 = Jlayer1 (|ui(k)|)

Revivification |ui(k)| → U i(k)
if J i

layer1 ≥ 0 U i(k) ⊆ U+

else U i(k) ⊆ U−

end if
end for

if Δvdc ≥ 0 U2 = U+ ∪ Uf

else U2 = U− ∪ Uf

end if
for (i = 1, i < N, i++)

J i
layer2 = Jlayer2 (U

i
2)

end for

uopt(k) = argmin
u(k)

{J i
layer2(u(k))|

u(k) ∈ U2

i = 1 · · ·N}

grid current. The final optimal vector ensures the performance
of the output current when disturbance occurred.

D. Implementation of DDPB-PSMPC Controller

Fig. 4 shows the control block diagram of the DDPB-SMPC
method, which includes the following modules: Clarke trans-
form, Kalman filter, prediction model, PBC with dynamic damp-
ing injection, and new SMPC module. The algorithm for the
DDPB-PSMPC is shown in Algorithm II.

It is needed to note that revivification here indicates removing
the absolute symbol of (13) and restoring all the available
candidate vectors. For instance, the switching sequence (11 0)
has the same results in Jlayer1 calculation with the switching
sequences (–1 –10), (–11 0), and (1 –10). After revivification,
the candidate vectors from layer 1 to 2 for the switching sequence
(11 0) will be restored to four candidate vectors [i.e., (–1 –10),
(–11 0), (1 –10), and (11 0)].

In summary, the implementation of DDPB-PSMPC is ex-
plained as follows:

1) Grid current i2 and grid voltage vg are sampled at instance
k. Then, to reduce the number of sampling sensors, the
converter-side current i1 and voltage of the filter capac-
itance vc are estimated using the Kalman filter. Subse-
quently, the prediction model of LCL-3LT2C is obtained
using (7).

2) By calculating the tracking error ei1(k)using the
Lagrange-extrapolation method, the prediction error
ei1(k + 1) is obtained. Based on the damping injection
law in (42), Rx is determined and the output voltage vPBC

N

based on the EL models (20) and (44) is calculated. vPBC
N

is sent to the SMPC as a modified reference of vN .
3) According to NP voltage Δvnp(k) in (13), the N candi-

dates saved in layer 1 are all inputted into layer 2. Since
the optimization of i2 and vN focuses on the quality of the
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Fig. 4. Flowchart of the proposed two-layer PSMPC controller.

Fig. 5. Block diagram of the DDPB-PSMPC control for LCL-3LT2C GCC.

grid current, both objectives are arranged in layer 2. By
tracking vPBC

N , the robustness of the LCL-3LT2C GCCs is
improved by PSMPC. Finally, the optimal vector with the
minimum Jlayer2 is selected.

E. Time-Delay Analysis

So far, we have assumed an ideal discrete-time setup without
any time delay between the sampling of the measurements and
the application of the new switch position. In a practical setting
of the T-type converter, however, physical limitations cause a
time-delay between the sampling of the measurements and the
application of the new switch position. The most prominent and
commonly encountered sources of delays contain: measurement
delay, uplink communication delay, computation delay, down-
link communication delay, and actuation delay.

To compensate the time-delay in practice, as shown in Fig. 5,
we add Step 0 to the control algorithm. Step 0 performs the
initial state prediction and projects the stator current sample
from time step k-1 to k. Also, the grid current reference needs
to be projected one time-step forward. With the given grid
current reference. At time step k − 1, the predictive current
control algorithm computes uopt (k|k − 1), which is applied at
time-step k. This procedure is repeated at the next time step.

1) The grid current at time step k – 1 is sampled, and the
current at time step k is predicted using the initial state
prediction (7).

2) Given the switch position u (k − 1|k − 2) and consider-
ing the constraints on the switching transitions, the set of
admissible switch positions at time step k, U(k|k − 1), is
determined.

3) For each switch position u(k|k − 1) ϵ U(k|k − 1), the
grid current at time step k+1, is (k + 1), is predicted using
the model (7).

4) The switch position uopt(k|k − 1) with the minimum cost
is determined and applied to the inverter.

F. Stability Analysis

Considering that the contribution of this article is to combine
dynamic damping injection of PBC control with model predic-
tive. Therefore, the stability analysis here aims to demonstrate
the stability of LCL-interfaced grid-connected converter with
MPC controller. Assume that the description of a state-space
model considering the model uncertainty is

{
x (k + 1) = Ax (k) +Bu (k) + Td (k)

yc (k) = λc x (k)
(49)
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Wherex(k) ∈ Rnx is the state variable,u(k) ∈ Rnu is the input
control variable, yc(k) ∈ Rnc is the output control variable, and
d(k) is equal tovg(k). Note that, here, the grid voltage is defined
as the disturbance.

To reduce the steady-state error, we can rewrite the system of
(49) as an increment model as follows:

Δx (k + 1) = AΔx (k) +BΔu (k) + TΔd (k) (50)

where Δx (k) = x(k)− x(k − 1), Δu (k) = u(k)−
u(k − 1), Δd (k) = d(k)− d(k − 1). The system prediction
error at instant k + 1 can be expressed as follows:

EP (k + 1|k) = R (k + 1)− Y (k + 1)

=R (k + 1)−Sx Δx (k)−�yc (k)

− SdΔd (k)− SuΔu (k) (51)

where

Sx =
[
λA λA2 λA3 . . . λAN

]T
� = [Inc×nc Inc×nc . . . Inc×nc ]

T

Sd =

⎡
⎢⎢⎢⎣

λB 0 · · · 0
λAB λB · · · 0

...
...

. . .
...

λAN−1B λAN−2B · · · λB

⎤
⎥⎥⎥⎦

Su =

⎡
⎢⎢⎢⎣

λT 0 · · · 0
λAT λT · · · 0

...
...

. . .
...

λAN−1T λAN−2T · · · λT

⎤
⎥⎥⎥⎦ .

Based on the principle of MPC, only the first element of the
open-loop optimal control sequence acts on the T-type converter,
i.e.

Δu =
[
Inc×nc 0 · · · 0

]
ΔU∗ (k) (52)

where ΔU∗ is the optimal control sequence, expressed as fol-
lows:

ΔU∗ (k) =
(
ST

uΓ
T
y ΓySu + ΓT

uΓu

)−1
ST

uΓ
T
y EP (k + 1|k) .

(53)
Defining the control gain Kmpc of the prediction controller as

follows:

Kmpc =
[
Inc×nc 0 · · · 0

]
1×m

(ST
uΓ

T
y ΓySu

+ ΓT
uΓu)

−1ST
uΓ

T
y EP (k + 1|k) . (54)

Δu(k) can be derived using (47) and (48) as follows:

Δu (k) = Kmpc EP (k + 1|k)
= Kmpc (R (k + 1)− SxΔx (k)

− �λcx (k) − SdΔd (k)

= Kmpc R (k + 1)−Kmpc (Sx + �λc)Δx (k)

−Kmpc�λcx (k − 1)−Kmpc SdΔd (k) . (55)

Fig. 6. Experiment platform and designed 3LT2C.

Thus, the closed-loop system can be expressed as follows:

Δx (k + 1) = (A−BKmpc (Sx + �λc)) Δx (k)

+ BKmpcR (k + 1) + (T −BKmpcSd)

Δd (k)−BKmpc�λcx (k − 1) . (56)

Therefore, when all the characteristic roots of the matrix
A−BKmpc(Sx + �λc) are located within the unit circle, the
closed-loop control system is stable. For an LCL-interfaced
T-type grid-connected converter, Kmpc is the optimal switching
sequence that can minimize the cost function, which should
satisfy |A−BKmpc(Sx + �λc)| < 1. Thus, for the MPC con-
trol problem without constraints, the calculated Kmpc should
be substituted to the characteristic roots of the matrix A−
BKmpc(Sx + �λc). The one that does not satisfy the character-
istic equation should not be selected. Thus, the selected Kmpc

among all the switching sequences can guarantee the system
stability.

VI. EXPERIMENTAL RESULTS

A. Hardware Setup

1) Experimental Platform: To verify the effectiveness of the
proposed DDPB-PSMPC method, a three-phase LCL-3LT2C
GCC with a rated power of 10 kW at 380 V ac 50 Hz was
built in the laboratory. The rated nominal and max input voltage
at 500 V and 1000 V dc, the converter efficiency may reach a
semiconductor efficiency of 8 kHz. These features reduce the
size of magnetics for the LCL-filter design and as a result a
higher power density.

The laboratory platform is shown in Fig. 6. In the experiment,
A programmable ac source Chroma 6590 is applied to emulate
the harmonics and impedance of the grid. The DDPB-PSMPC
algorithm is executed using a 32-bit floating-point digital sig-
nal processor (DSP-TMS320F28379 from Texas Instruments
Company), which is typically used for fast and complex dig-
ital calculations and control algorithm implementations. The
3LT2C converter (see Fig. 1) comprised six 1MBH50D-060
(600 V/50 A) insulated gate bipolar transistors (IGBTs) and six
2MBI150U2A-060 (600 V/150 A) IGBTs for vertical and hori-
zontal bridges, respectively. The hardware platform parameters
are listed in Table IV. In addition, to purpose a fair competition,
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TABLE IV
FILTER DESIGN SPECIFICATIONS

TABLE V
PARAMETER SPECIFICATION

TABLE VI
PARAMETER SPECIFICATION OF MPC CONTROLLER

the detailed parameters of proposed DDPB-PSMPC and tradi-
tional MPC (including A-MPC and B-MPC) methods are shown
in Table VI.

In experiment, to verify the effectiveness of the proposed
controller under weak and unbalanced grid, a grid emulator
Chroma 61800 is used, which can be applied to the test of general
electrical products (e.g., household appliances, switching power
supply).

2) Computation Burden Analysis and Requirement for the
Microprocessor: To implement and compare the three typical
predictive controllers, namely, DDPB-PSMPC, A-MPC, and
B-MPC methods, the calculation burden analysis is required. To
evaluate the computation burden of different control methods,
two breakpoints are set in the program debugging environment
CCS10.1 for the digital-signal-processor (TMS320F28379D),
the time difference between the two breaking points is the
calculation time. The results indicate that, the calculation time
for DDPB-PSMPC takes about 44 μs, compared with 42 and 45
μs with A-MPC and B-MPC methods. indicating that DDPB-
PSMPC method consumes similar computation burthen as two
traditional MPC methods. For DDPB-PSMPC, it is necessary to
calculate the passive converter side voltage vPBC

N as the reference

of vcon
N and determine the damping term Rx before applying

PSMPC, the computation burthen is increased. However, when
calculating the cost function of layer I in PSMPC, the absolute
value characteristics of the NP voltage cost function (47) are
used, the switching vectors are reduced from 27 to 8, so the
number of cost function calculations is reduced. However, as
for two traditional methods, 27 switching vectors are required
for (36) and (37).

3) Selection of LCL-Filter Parameters: The typical formulas
for calculation of the LCL-filter parameters are given as follows
[42], [43]:

1) Selection of L1

The primary component is the inverter inductance, or L1,
which can be derived using

L1 =
Vdc

8× fSW × ige ×%ripple
(57)

Where fSW, Vdc, ige and %ripple represent the switching
frequency, dc-link voltage, rated grid current, and percentage
of the current variations.

2) Selection of Cf

The sizing of the primary filter capacitor Cf is handled in a
similar fashion using (58)

Cf ≤ %x×Qrated

2πfg ×V2
g

(58)

Where %x, Qrated, fg , and Vg are the percentage of the total
reactive power absorbed by the filter capacitor, the rated reactive
power, the grid frequency, and grid voltage.

3) Selection of L2

For L2 design, the attenuation factor Iatt can be derived as
follows:

Iatt =
1∣∣∣1 + r ×

(
1− L1 · Cb · (2πfsw)

2x
)∣∣∣ × 100% (59)

Where r is the ratio between the two inductors, which can be
derived as r = | Iatt−1

1−L1×Cf×(2πf)2
| . Thus, the resultant value for

L2 is then given as L2 = r × L1.
Based on (57)–(59), the design parameter requirements are

selected in Table IV and the resulted LCL-filter parameters as
well as the weighting factors are given in Tables V and VI.

B. Grid Current Without Disturbance

Compared to i1i2vnp-MPC (referred as “A-MPC”) and
i1vci2vnp-MPC (referred as “B-MPC”), the merits of proposed
DDPB-PSMPC are evaluated under the following three scenar-
ios.

1) Steady-state responses of grid current and harmonic distribu-
tion analysis.

2) Dynamic responses of the grid current when reference current
increases from 15 to 30 A.

3) Balance ability of the NP voltage.

1) Steady-State Response: Fig. 7 shows the steady-state
waveform and harmonic distribution analysis of grid currents
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Fig. 7. Steady-state grid current and harmonic distribution. (a) DDPB-
PSMPC. (b) A-MPC. (c) B-MPC.

with a reference of 15 A. The THD of DDPB-PSMPC, A-MPC,
and B-MPC were 0.98%, 2.68%, and 1.29%, respectively. With
DDPB-PSMPC, the maximum harmonic distribution of grid
was 0.51%, whereas those of A-MPC and B-MPC are 1.5%
and 0.66%, respectively. This shows that the DDPB-PSMPC
has the best harmonic suppression capability. Furthermore, the
DDPB-PSMPC maintains a very low harmonic content in the
low-frequency range.

2) Dynamic Response: To further compare the dynamic re-
sponse of the three methods, dynamic response experiment is
carried out under unbalanced grid. Fig. 8(a) shows that the
proposed method has the fastest dynamic response time. The
grid current is transformed to the dq-frame and the unbalance
degree of the grid voltage is 30% (the unbalanced grid condition
is realized by Chroma 61800). A step-down of the reference
current first occurs from 15 to 5 A, and then rises to 20 A after
0.15 s. When the reference current drops, with DDPB-PSMPC,
id is stabilized after about 14 ms. Then, when the reference rises
from 5 to 20 A, id stably tracks its reference after 11 ms. Also, as
shown in Fig. 8(a), because of the injected damping, the changes
of its reference have slight effect on iq , the coupling between
id and iq can be ignored.

For the A-MPC method in Fig. 8(b), when the reference
decreases, both id and iq undergo obvious transient oscillations.
Take id as an example, it restores stable state after three os-
cillations (about 75 ms in total). When the reference rises, it is

Fig. 8. Dynamic response of the grid current under dq-frame. (a) DDPB-
PSMPC. (b) A-MPC. (c) B-MPC.

stabilized after about 14 ms. With B-MPC method in Fig. 8(c), id
and iq oscillate twice (about 47 ms in total) when the reference
is decreased, and the performance is similar with that of the
A-MPC controller when the current is increased.

In summary, compared to A-MPC and B-MPC methods,
DDPB-PSMPC reduces one optimization objective and has less
fluctuations as well as fastest dynamic response, which further
proves its superiority.

3) Balance of the Neutral-Point (NP) Voltage: For a 3LT2C
converter, it is vital to balance the NP voltage. Fig. 9(a)–(c)
show the NP voltage differenceΔvnp when the reference current
is 15 A. It can be clearly observed that Δvnp is efficiently
suppressed with DDPB-PSMPC, A-MPC, and B-MPC methods.
The fluctuation range of Δvnp is limited to [–100 mV, +200
mV].

C. Robustness Analysis

To verify the robustness of the proposed method, two scenar-
ios are tested.

1) The anti-disturbance capability under parameter variations of
the LCL-filter.

2) Grid current nonlinear filter parameters.
3) Robust performance of the grid current and voltage under

external disturbances (e.g., grid inductance changes, distorted
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Fig. 9. Neutral-point voltage variations ΔVnp. (a) DDPB-PSMPC. (b) A-
MPC. (c) B-MPC.

grid voltage, and low-voltage ride through testing (LVRT)
capability.

4) Tracking performance of the grid current under unbalanced
grid.

1) Grid Current Under Filter Parameter Variations: For
3LT2C GCCs, the internal disturbance mainly originates from
the changes in the LCL-filter parameters. This experiment aims
to verify the robustness and output performance of the system
under parameter mismatches.

Fig. 10 shows the waveforms of the grid current with the
DDPB-PSMPC, A-MPC, and B-MPC methods. The parameters
of LCL-filter in Table II increased by 200%. The results show that
the A-MPC method could not track the reference consistently,
revealing that it is sensitive to parameter changes. When internal
disturbance occurs, the THD of grid current with DDPB-PSMPC
is 1.57%, which is 28% lower than that with B-MPC. The content
of the maximum harmonic order (750 Hz) is 1.1%, while that
with B-MPC is 1.85%.

Fig. 11 shows the grid current when parameters of LCL-filter
decreased by 50%. The grid current under A-MPC components
contained rich harmonic, indicating that the performance of
A-MPC is the worst. For DDPB-PSMPC, the THD and maxi-
mum harmonic distribution of grid current are 3.40% and 1.1%,
respectively, which are slightly higher than B-MPC.

2) Grid Current Under Nonlinear Filter Parameters: To ver-
ify the performing of the proposed PPPB-PSMPC under more
complex load condition with nonlinear characteristics. The grid-
side inductance L2 is replaced by a nonlinear inductance with
magnetic flux saturation characteristics of the iron core, where

Fig. 10. Grid current under an increase of the LCL-filter parameters.
(a) DDPB-PSMPC. (b) A-MPC. (c) B-MPC.

the nonlinear characteristics of the magnetic flux and the current
are approximately expressed as follows [44], [45]:

φ =
1

1000
tanh

(
I

10

)
(60)

Where φ is the flux of iron core in nonlinear inductance, and
I represents the inductor current. Equation (60) shows that the
inductance is changeable with its current. It is needed to note
that, (54) is an experienced expression, the magnetic flux is
influenced by many factors, thus (60) may not be so accurate
in practice.

In experiment, to achieve fast switching between different
grid-side inductance and ensure that its current will not interrupt,
the designed filter switching circuit is shown in Fig. 12. S1 and
S2 are bidirectional power transistors. In normal operation, S2is
turned OFF and S1 is turned ON. After several microseconds, S2

is turned ON and S1 is turned OFF, the nonlinear inductance L2x

is series connected with L1 and Cf .
Fig. 13 shows the waveforms of the grid current with nonlinear

inductance under three methods. Fig. 13(a) depicts the nonlinear
relationship of magnetic flux versus current in (60). When
the inductance current changes continuously, the magnetic flux
does not change linearly. Therefore, when the output current
passes through the inductance, its value exhibits nonlinear
variation.
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Fig. 11. Grid current under a decrease of LCL-filter parameters. (a) DDPB-
PSMPC. (b) A-MPC. (c) B-MPC.

Fig. 12. Block diagram of the experimental LCL-GCCs with different groups
of filter parameters.

When switching to the nonlinear inductance, among the three
methods, the distortion of grid current under DDPB-PSMPC is
the slightest, and its THD is the lowest (8.8%). Compared with
DDPB-PSMPC, the THD of A-MPC increased by 3.8%, and
grid current is distorted seriously. The THD of B-MPC method
(10.7%) was lower than that of AMPC (12.6%), but higher than
that of DDPB-PSMPC.

3) Grid Current Under External Disturbances:
a) Impact of grid impedance: For external disturbances,

the impacts of grid impedance, grid voltage distortion, and LVRT
on the performance of the proposed method are evaluated. The
experiment verifies the improvements in the system robustness
using DDPB-PSMPC.

Fig. 13. Grid current with nonlinear inductance. (a) Magnetic flux versus
current. (b) DDPB-PSMPC. (c) A-MPC. (d) B-MPC.

Fig. 14 shows the tracking performance of the grid current
when an additional grid inductance Lg is added to LCL-3LT2C.
When Lg = 8 mH, the THD of the grid current with the
DDPB-PSMPC, A-MPC, and B-MPC methods are reduced. The
disturbance intensified when the grid inductance increased to 20
mH. After the transient-state process, the THD of the grid current
with DDPB-PSMPC is 0.98%, which is 0.14% higher than that
before grid inductance changes. The THD of the grid current
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Fig. 14. Grid current with an increase of grid inductance. (a) DDPB-PSMPC.
(b) A-MPC. (c) B-MPC.

with A-MPC increased to 3.41%, while that with B-MPC in-
creased from 1.10% to 1.91%. For both methods, the waveforms
are obviously distorted. This shows that the DDPB-PSMPC is
more robust under grid impedance variations.

b) Distorted grid voltage: The grid voltage vpcc can be
distorted when the 3L2TC is connected to the grid. The per-
formances of the three control methods under a distorted grid
voltage is tested. In Fig. 15(a), different harmonics (5th, 7th,
11th, 13th, and 23rd) are injected into the grid by a grid emulator.
As shown in Fig. 15(b)–(d), the THD of grid current under
DDPB-PSMPC, A-MPC, and B-MPC are 3.58%, 5.06%, and
3.85%, respectively. Compared to both conventional methods,
DDPB-PSMPC has a better power quality for grid currents under
distorted grid voltage.

c) Grid current and voltage under LVRT: Fig. 16(a)–(c)
show the grid current under LVRT. When the amplitude of the
grid voltage drops by half, after a transient oscillation, as shown
in Fig. 16(a), the grid current under DDPB-PSMPC is stabilized.
However, under A-MPC method in Fig. 16(b), LVRT shocks the
grid current fiercely, there are several periodical oscillations.
As shown in Fig. 16(c), two oscillations are observed for B-
MPC and slight fluctuations accompanies the grid current when
it enters a stable state. The results show that DDPB-PSMPC
has good LVRT capability and has an excellent anti-disturbance
ability.

Fig. 17 shows the waveforms of the grid voltage and current
in abc-frame under LVRT using grid emulator Chroma 61800.
With DDPB-PSMPC, after a short period of adjustment, the grid

Fig. 15. Grid current under distorted grid voltage. (a) Distorted grid voltage.
(b) DDPB-PSMPC. (c) A-MPC. (d) B-MPC.

current is stabilized without additional harmonics. However,
when LVRT occurs, the current harmonics under A-MPC control
increase significantly (about 7.68%), because the disturbance
injects to 3LT2C cannot be eliminated in time. Oscillation of
the grid current will continue. With B-MPC controller, the grid
harmonic is lower than that of A-MPC, but still higher (about
2.61%) than that of DDPB-PSMPC (about 1.04%).

In summary, the proposed DDPB-PSMPC controller exhibits
better robustness under LVRT, this also demonstrates its advan-
tages over existing methods.

d) Unbalanced grid: Fig. 18 shows the waveforms of the
grid current under unbalanced grid. The unbalanced degree
of the grid is 30% (the unbalanced grid condition is realized
by Chroma 61800). The effective values of the three-phase
grid voltage Vga, Vgb, and Vgc are about 110, 143, and 77 V.
The grid currents with DDPB-PSMPC, A-MPC, and B-MPC
controllers are shown as Fig. 18(b), (c), and (d), respectively.
The results indicate that THD of the grid current is 2.40% when
DDPB-PSMPC is applied, which is the lowest among three
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Fig. 16. Grid current in dq-frame under LVRT. (a) DDPB-PSMPC. (b) A-
MPC. (c) B-MPC.

Fig. 17. Grid voltage and current in abc-frame under LVRT. (a) Grid voltage.
(b) DDPB-PSMPC. (c) A-MPC. (d) B-MPC.

methods while that with A-MPC and B-MPC are 3.06% and
2.90%, respectively. This also demonstrates the advantage of
the proposed method over existing controllers.

D. Summary

The performance of LCL-3LT2C under DDPB-PSMPC, A-
MPC, and B-MPC is evaluated under internal disturbances
(e.g., filter parameter variations) and external disturbances (e.g.,
LVRT, unbalanced grid, weak grid, etc.). Summarily, although
the A-MPC is simple, it has the worst robustness, and which

Fig. 18. Grid voltages and currents in abc-frame under unbalanced grid.
(a) Grid voltage. (b) DDPB-PSMPC. (c) A-MPC. (d) B-MPC.

is sensitive to disturbances. Compared to B-MPC, the DDPB-
PSMPC method reduces the control variable. Notably, DDPB-
PSMPC is more robust to system parameter variations and
disturbances.

VII. CONCLUSION

In this study, a DDPB-PSMPC is proposed to suppress the
resonance and improve the anti-disturbance strength of LCL-
3LT2C when connected to a grid. According to the prediction
error of the converter-side current, the DDPB-PSMPC injects
dynamic damping into the PBC and the output voltage of the
PBC controller is sent to the PSMPC controller as the refer-
ence. By tracking the PBC-voltage in PSMPC, the robustness
of the LCL-3LT2C system is strengthened and its resonance
phenomenon is successfully suppressed. In addition, aiming at
the time-consuming task to determine the optimal weighting fac-
tors in traditional MPC, DDPB-PSMPC allocates nonconflictive
objectives in the same layer, thereby reducing the number of
weighting factors and improving the system performance. The
experiment compares DDPB-PSMPC to two existing traditional
methods under internal and external disturbances and the results
reveals that DDPB-PSMPC could effectively suppress reso-
nance. Compared to i1vci2Δvnp-MPC, DDPB-PSMPC not only
reduces the control objectives but increases the comprehensive
anti-disturbance capability. The DDPB-PSMPC provides a new
robust control for disturbances that could be applied to other
GCCs.
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