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Small-Signal Modeling and Decoupling Control
Method of Modular WPT Systems

Chen Zhu , Student Member, IEEE, and Wenxing Zhong , Senior Member, IEEE

Abstract—Modularization is an effective way to realize high-
power wireless power transfer (WPT). A modular WPT system
can be adaptive to multiple power levels by simply modifying the
number of its modules. However, the cross couplings among differ-
ent modules form complicated power transfer paths in the system
and, consequently, the output of one module will be affected by the
inputs of the other modules, and thereby it is difficult to achieve
stable output regulation for each module by using the conventional
negative-feedback control method. In this article, a decoupling
control method is proposed to compensate for the adverse effect
of the cross couplings among the modules, and, thereby, individual
output control for each module can be realized. The small-signal
model of the modular WPT system is derived to analyze the stability
of the proposed decoupling control method. A 7-kW two-module
WPT prototype is built for experimental verification.

Index Terms—Decoupling control, modular wireless power
transfer (WPT), small-signal model.

I. INTRODUCTION

W IRELESS power transfer (WPT) can be used for charg-
ing industrial equipment, cellphones, electric vehicles

(EVs), etc. [1], [2], [3]. Demand for developing fast wireless
charging facilities as well as charging heavy-duty EVs encour-
ages investigation of high power WPT. Efforts have been devoted
to high-power stationary WPT with a power level up to 120 kW
[4], [5], [6].

As the power level further increases, water-cooling systems
become necessary for the windings due to concentrated power
losses. Moreover, Litz wire with a large number of strands or
parallel wires must be used to carry the large winding currents,
which might lead to a lower quality factor of the windings
and eventually a lower efficiency [7]. One of the promising
solutions for high-power WPT is modularization. Modular WPT
not only can address the above-mentioned issues but also has the
advantages of scalable power level, minimal developing cost,
module fault tolerance, etc. For example, the potential of using
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multiple modules to significantly attenuate the stray magnetic
fields of a high-power WPT system is investigated in [8].

A modular WPT system contains multiple power transfer
channels, each of which consists of a pair of transmitting and
receiving coils [9]. This is the same as a polyphase WPT system
[10], [11], [12], [13], [14], [15], [16]. The major difference
between the modular system and the polyphase system is that
the modular system can easily increase the number of mod-
ules and thus increase the power rating of the whole system.
But the polyphase system is like a polyphase machine whose
windings are designed as a whole and thereby the freedom of
easily changing phases number is lost. Nevertheless, the modular
WPT system has a similar issue as polyphase WPT systems,
which is known as interphase cross coupling. Cross couplings
in the context of this article are the couplings between two
windings from two different modules, e.g., the coupling between
two transmitting windings, the coupling between two receiving
windings, or the coupling between the transmitting winding of
one module and the receiving winding of a different module.

The cross couplings will result in unbalanced power among
different modules [9], [17], [18], [19]. Thus, they cause degrada-
tion in the power transfer capability and efficiency of a modular
WPT system. The following methods have been proposed to
eliminate the effect of cross couplings.

1) The cross couplings of the windings at the same side
(i.e., either the primary side or the secondary side) can be
largely reduced by using the partially-overlapping struc-
ture as in a bipolar pad [20]. Similar structures are adopted
in [21], [22], and [23]. However, overlapping structures
are undesired in a modular WPT system with individual
modules.

2) In [24] and [25] magnetic decoupled bipolar and unipolar
coils overlapping each other are used to provide two-
channel WPT. However, this structure is also not appli-
cable to a modular WPT system.

3) In [26], a common impedance branch is added between
two secondary-side resonator loops to cancel out the cross-
coupling effect. However, two different loads are used in
the system [26] to avoid a coupling caused by the same
load.

4) In [27] and [28], the compensating capacitances are altered
to cancel out the impedance due to the same-side cross
couplings. The method is effective when the currents of
the resonators have constant amplitude ratios and constant
phase differences. However, this condition is normally not
guaranteed in a modular WPT system.
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DQ decoupling control, based on the rotating coordinate
transformation, has been widely adopted to realize the separate
control of active and reactive currents in three-phase systems
[29], [30]. Expanding the idea of counteracting the effect of
coupled terms, a decoupling control for modular WPT systems
is proposed in this article. The proposed decoupling control
introduces an extra modification to the input voltage of each
module which can cancel out the effect caused by the cross
couplings. Thus, individual output control for each module is
realized. The small-signal model of the modular WPT system
is derived to analyze the stability of the proposed decoupling
control method. Then, the performance of the proposed decou-
pling control is compared with the individual negative-feedback
control through both simulation and experiments.

The rest of this article is organized as follows. In Section II,
the small-signal model of the modular WPT system is derived.
In Section III, the decoupling control method is proposed and
its stability is analyzed based on the small-signal model. In
Section IV, simulation verifications are provided. In Section V
experimental results are given to verify the theoretical and
simulation analyses. Finally, concluding remarks are provided
in Section VI.

II. SMALL-SIGNAL MODELING

A modular WPT system has multiple identical WPT modules.
Each WPT module consists of one primary resonator, one sec-
ondary resonator, one primary-side power converter supplying
the primary resonator, and one secondary-side converter recti-
fying the ac input from the secondary resonator to the dc output.
The outputs of all WPT modules are connected in parallel to
supply a load such as a battery. The schematic of a modular
WPT system is shown in Fig. 1.

Following the generalized state-space averaging (GSSA)
method described in [31] and [32], the GSSA model of a modular
WPT system is given as follows:

First, the time-domain linear equations of Module j (j = 1, 2,
…, n) can be expressed as

CTj
duCTj(t)

dt
= iTj(t)

CRj
duCRj(t)

dt
= iRj(t)

LTj
diTj(t)

dt
+

n∑
b=1

MTjRb
diRb(t)

dt
+

n∑
c=1,c �=j

MTjTc
diTc(t)

dt

= uj(t)− uCTj(t)

LRj
diRj(t)

dt
+

n∑
b=1

MTbRj
diTb(t)

dt
+

n∑
c=1,c �=j

MRjRc
diRc(t)

dt

= uoj(t)− uCRj(t)

Loj
dioj(t)

dt
= uCoj(t)− Uo

Coj
duCoj(t)

dt
= iLj(t)− ioj(t) (1)

Fig. 1. n-module WPT system. (a) Schematic of the windings. (b) Circuit
topology (cross mutual inductances not shown).

where subscript T and R denote the primary side and secondary
side, respectively, LTj and LRj are the self-inductances, and CTj

and CRj are the compensating capacitances of the transmitter
and the receiver of Module j, respectively, Loj and Coj are the
inductance and capacitance of the output filter, respectively,
Mγδ (γ = T1, R1, …, Tn, Rn and δ = T1, R1, …, Tn, Rn) is
the mutual inductance between Resonator β and Resonator γ,
uj(t) is the inverter output voltage, uoj(t) is the rectifier input
voltage, uCoj(t) is the output filter capacitor voltage, iLj(t) is
the rectifier output current, ioj(t) is the battery charging current,
iTj(t) and iRj(t) are the winding currents, uCTj(t) and uCRj(t)
are the compensating capacitor voltages of the transmitter and
the receiver, respectively, and Uo is the battery voltage.

For simplicity, the small-signal model of a two-module WPT
system will be derived, which can be easily extended to an n-
module system. Based on (1), the GSSA model of Module 1
in a two-module WPT system is derived as given in (2). In (2),
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〈x〉s and 〈x〉c are 1st Fourier coefficients for the Fourier series
expansion of x [32].⎧⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

d〈uC1〉
dt = C1 〈i1〉+ ωT 1 〈uC1〉

M d〈i1s−2s〉
dt = T 2 〈u1s〉+ ωM 〈i1c−2c〉

M d〈i1c−2c〉
dt = T 2 〈u1c〉 − ωM 〈i1s−2s〉

Lo1
dio1
dt = uCo1 − Uo

Co1
duCo1

dt = iL1 − io1

(2)

where

〈uC1〉 = [〈uCT1〉s〈uCT1〉c〈uCR1〉s〈uCR1〉c]T

〈i1〉 = [〈iT1〉s〈iT1〉c〈iR1〉s〈iR1〉c]T

〈i1s−2s〉 = [〈iT1〉s〈iR1〉s〈iT2〉s〈iR2〉s]T

〈i1c−2c〉 = [〈iT1〉c〈iR1〉c〈iT2〉c〈iR2〉c]T

〈u1s〉 = [〈u1〉s〈uCT1〉s〈uo1〉s〈uCR1〉s]T

〈u1c〉 = [〈u1〉c〈uCT1〉c〈uo1〉c〈uCR1〉c]T

C1 =

⎡
⎢⎢⎣

1
CT1

0 0 0

0 1
CT1

0 0

0 0 1
CR1

0

0 0 0 1
CR1

⎤
⎥⎥⎦

T 1 =

⎡
⎢⎢⎣

0 1 0 0
−1 0 0 0
0 0 0 1
0 0 −1 0

⎤
⎥⎥⎦

T 2 =

[
1 −1 0 0
0 0 1 −1

]

M =

[
LT1 MT1R1 MT1T2 MT1R2

MT1R1 LR1 MR1T2 MR1R2

]
.

The extended describing function (EDF) method is normally
used to deal with the nonlinear characteristics of the converters
[33], [34]. Following the EDF method, the fundamental compo-
nent of the input voltage of Module 1 u1(t) is given by

u1(t) =
4

π
Uin sin

(α1

2

)
sin (ωt+ θ1) (3)

where α1 is the phase shift angle of the inverter legs of Module
1, and θ1 the phase angle of the fundamental component of
the inverter output voltage of Module 1, which can be set to
0 as a phase reference. Using θS11 and θS21 to represent the
phase of the switching signal of S11 and S21 in Fig. 1(b), the
switching sequence chart of the two-module WPT system can
be determined, as shown in Fig. 2.

Then, (3) can be rewritten as{
〈u1〉s = 4

πUin sin
(
α1

2

)
cos θ1

〈u1〉c = 4
πUin sin

(
α1

2

)
sin θ1.

(4)

The nonlinear terms of the rectifier, including iL1(t) and
uo1(t), are given by{

iL1(t) = |iR1(t)|
uo1(t) = uCo1(t)sgn (iR1(t))

(5)

Fig. 2. Inverter switching signal and inverter output voltage of a two-module
WPT system.

Fig. 3. Small-signal model of the two-module WPT system.

where sgn represents the sign function and iR1(t) can be ex-
pressed as

iR1(t) = 〈iR1〉s sinωt+ 〈iR1〉c cosωt

= 〈iR1〉p
〈iR1〉s
〈iR1〉p

sinωt+ 〈iR1〉p
〈iR1〉c
〈iR1〉p

cosωt

= 〈iR1〉p sin(ωt+ β) (6)

where

〈iR1〉p =

√
〈iR1〉2s + 〈iR1〉2c

sinβ =
〈iR1〉c
〈iR1〉p
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Fig. 4. Small-signal model of the two-module WPT system. (a) Before mod-
ifying the phase shift angle. (b) After modifying the phase shift angle.

cosβ =
〈iR1〉s
〈iR1〉p

.

Here, only the fundamental frequency is considered. There-
fore

〈|iR1|〉 = 〈iR1〉p
sgn (iR1(t)) = 〈sgn(iR1)〉s sinωt+ 〈sgn(iR1)〉c cosωt (7)

where

〈sgn(iR1)〉s =
ω

π

∫ 2π
ω

0

sgn (iR1(t)) sinωt · dt = 4

π
cosβ

〈sgn(iR1)〉c =
ω

π

∫ 2π
ω

0

sgn (iR1(t)) cosωt · dt = 4

π
sinβ.

According to (6) and (7), (5) can be rewritten as{
iL1 = 2

π 〈|iR1|〉
uo1(t) =

4
π

〈iR1〉s
〈iR1〉puCo1 (t) sinωt+

4
π

〈iR1〉c
〈iR1〉puCo1 (t) cosωt.

(8)
The large signal model of Module 1 in the two-module WPT

system is then given by (2), (4), and (8).
The state-space equation of the two-module system is given

by {
ẋ = Ax+Bu
y = Cx

(9)

where x is the state variable vector containing the sine and cosine
coefficients of currents and voltages, which is given by

x ={〈iT1〉s, 〈iT1〉c, 〈iR1〉s, 〈iR1〉c, 〈uCT1〉s, 〈uCT1〉c, 〈uCR1〉s

〈uCR1〉c, uCo1, io1, 〈iT2〉s, 〈iT2〉c, 〈iR2〉s, 〈iR2〉c, 〈uCT2〉s
〈uCT2〉c, 〈uCR2〉s, 〈uCR2〉c, uCo2, io2} .

where u and y are the input and output vectors, respectively,
given by

u = {α1, θ1, α2, θ2}
y = {io1, io2} .

A, B, and C are matrixes that can be obtained from the
following equation:⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

d〈ûC1〉
dt = C1

〈
î1

〉
+ ωT 1 〈ûC1〉

M
d〈̂i1s−2s〉

dt = 2
πUinH1

[
α̂1 θ̂1

]T
−V 1[〈ûCT1〉s〈ûCR1〉sûCo1]

T

+MD1

[ 〈̂iR1〉s 〈̂iR1〉c
]T

+ ωM
〈
î1c−2c

〉
M

d〈̂i1c−2c〉
dt = 2

πUinH2

[
α̂1 θ̂1

]T
−V 2[〈ûCT1〉c〈ûCR1〉cûCo1]

T

−MD2

[ 〈̂iR1〉s 〈̂iR1〉c
]T − ωM

〈
î1s−2s

〉
Lo1

dîo1
dt = ûCo1

Co1
dûCo1

dt = 2
π

IR1s 〈̂iR1〉s+IR1c 〈̂iR1〉c√
I2
R1s+I2

R1c

− îo1

(10)

where

〈ûC1〉 =
[ 〈ûCT1〉s 〈ûCT1〉c 〈ûCR1〉s 〈ûCR1〉c

]T
〈
î1

〉
=

[ 〈̂iT1〉s 〈̂iT1〉c 〈̂iR1〉s 〈̂iR1〉c
]T

〈
î1s−2s

〉
=

[ 〈̂iT1〉s 〈̂iR1〉s 〈̂iT2〉s 〈̂iR2〉s
]T

〈
î1c−2c

〉
=

[ 〈̂iT1〉c 〈̂iR1〉c 〈̂iT2〉c 〈̂iR2〉c
]T

H1 =

[
cos

(
A1

2

)
cosΘ1 −2 sin

(
A1

2

)
sinΘ1

0 0

]

H2 =

[
cos

(
A1

2

)
sinΘ1 2 sin

(
A1

2

)
cosΘ1

0 0

]

V 1 =

[
1 0 0

0 1 −4IR1s

π
√

I2
R1s+I2

R1c

]

V 2 =

[
1 0 0

0 1 4IR1c

π
√

I2
R1s+I2

R1c

]T

D1 =

[
0 0

4I2
R1cUCo1

π(I2
R1s+I2

R1c)
3/2 − 4ωIR1sIR1cUCo1

π(I2
R1s+I2

R1c)
3/2

]

D2 =

[
0 0

− 4ωIR1sIR1cUCo1

π(I2
R1s+I2

R1c)
3/2

4I2
R1sUCo1

π(I2
R1s+I2

R1c)
3/2

]
.

By adding a perturbation to a steady-state operating point,
the small-signal model of the two-module WPT system can be
derived as (10), where A1, A2, and Θ1, Θ2 are the steady-state
values of α1, α2, and θ1, θ2, respectively. The transfer function
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matrix can be expressed as

[
îo1(s)

îo2(s)

]
=

[
Gio1α1

(s) Gio1θ1(s) Gio1α2
(s) Gio1θ2(s)

Gio2α1
(s) Gio2θ1(s) Gio2α2

(s) Gio2θ2(s)

]⎡⎢⎢⎣
α̂1(s)

θ̂1(s)
α̂2(s)

θ̂2(s)

⎤
⎥⎥⎦

(11)
where[
Gio1α1

(s) Gio1θ1(s) Gio1α2
(s) Gio1θ2(s)

Gio2α1
(s) Gio2θ1(s) Gio2α2

(s) Gio2θ2(s)

]
=C(sI−A)−1B.

According to (11), the block diagram of the small-signal
model of the two-module WPT system is given in Fig. 3.

It is obvious that the output currents are determined by all
the input terms of the two modules. To realize individual output
control, the interactions between two modules should be coun-
teracted.

III. DECOUPLING CONTROL METHOD

A. Decoupling Control By Altering Input Voltages

In the rest of this article, the phase angles of the input voltages
are assumed given and unchanged to simply the control scheme
of the system. Therefore, only the phase shift angles of the
inverters are the control variables.

According to (11), adjusting the phase shift angle of one
module will also affect the output current of the other module.
One solution is to alter the phase shift angle of each module in
a way that the influence of the other module can be eliminated.
More specifically, the phase shift angle of each module can
be divided into two components, one is called the decoupled
phase shift angle (denoted as α̂∗

i , i = 1, 2) corresponding to the
output control of each module regardless of the interactions and
it can be calculated in real-time with a conventional negative-
feedback controller; the other component cancels out the effect
of all interactions on the output in real-time. The concept is
illustrated in Fig. 4, where the blue blocks are the interactions
between two modules due to the cross couplings. To cancel out
these interactions, the red blocks representing the decoupling
components are added in Fig. 4(b).

Based on Fig. 4, the actual phase shift angles which are applied
to the inverters are modified as

α̂1(s) = α̂∗
1(s)−

Gio1α2
(s)

Gio1α1
(s)

α̂2(s) (12)

α̂2(s) = α̂∗
2(s)−

Gio2α1
(s)

Gio2α2
(s)

α̂1(s) (13)

where α̂∗
1(s) and α̂∗

2(s) are the decoupled phase shift angles. The
latter terms in (12) and (13) exactly cancel out the interactions
between the two modules. Because α̂∗

1(s) and α̂∗
2(s) are expected

to be calculated by the controller (e.g., PI), the actual phase shift
angles of the inverters, i.e., α̂1(s) and α̂2(s), should be expressed
as functions of α̂∗

1(s) and α̂∗
2(s). By solving (12) and (13), α̂1(s)

and α̂2(s) are given by⎧⎨
⎩
α̂1(s) = G(s)

(
α̂∗
1(s)− Gio1α2

(s)

Gio1α1
(s) α̂

∗
2(s)

)
α̂2(s) = G(s)

(
α̂∗
2(s)− Gio2α1

(s)

Gio2α2
(s) α̂

∗
1(s)

) (14)

TABLE I
PARAMETERS OF THE STEADY-STATE OPERATING POINT

where G(s) is given by

G(s) =
Gio1α1

(s)Gio2α2
(s)

Gio1α1
(s)Gio2α2

(s)−Gio1α2
(s)Gio2α1

(s)
.

By substituting (14) into (11), the output currents now become

⎧⎨
⎩

îo1(s) = G(s)
(
Gio1α1

(s)− Gio1α2
(s)Gio2α1

(s)

Gio2α2
(s)

)
α̂∗
1(s)

îo2(s) = G(s)
(
Gio2α2

(s)− Gio1α2
(s)Gio2α1

(s)

Gio1α1
(s)

)
α̂∗
2(s).

(15)
Thereby, the output of each module can be individually ad-

justed according to (15) after adding the decoupling terms.
To simplify the calculations, G(s) in (15) can be eliminated

by changing the actual input phase shift angles to

⎧⎨
⎩

α̂1(s) = α̂∗
1(s)− Gio1α2

(s)

Gio1α1
(s) α̂

∗
2(s)

α̂2(s) = α̂∗
2(s)− Gio2α1

(s)

Gio2α2
(s) α̂

∗
1(s).

(16)

Under the condition of (16), the output currents become

⎧⎨
⎩

îo1(s) =
(
Gio1α1

(s)− Gio1α2
(s)Gio2α1

(s)

Gio2α2
(s)

)
α̂∗
1(s)

îo2(s) =
(
Gio2α2

(s)− Gio1α2
(s)Gio2α1

(s)

Gio1α1
(s)

)
α̂∗
2(s).

(17)

According to (17), the output current of each module is only
dependent on the corresponding decoupled input phase shift
angle, as shown in Fig. 5.

Similarly, the decoupling method can be extended to an n-
module system described with (18) and the input phase shift
angles of the n-module WPT system are modified to (19) for
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TABLE II
PARAMTERS OF THE WINDINGS

TABLE III
PARAMETERS OF THE TWO-MODULE WPT SYSTEM AT THE ALIGNED POSITION

TABLE IV
PARAMETERS OF THE THREE-MODULE WPT SYSTEM AT THE ALIGNED

POSITION

TABLE V
PARAMETERS OF THE FOUR-MODULE WPT SYSTEM AT THE ALIGNED

POSITION

Fig. 5. Decoupled model of the two-module WPT system.

decoupling control.⎡
⎢⎣
îo1
...

îon

⎤
⎥⎦

=

⎡
⎢⎣
Gio1α1

(s) Gio1θ1(s) · · · Gio1αn
(s) Gio1θn(s)

...
...

. . .
...

...
Gionα1

(s) Gionθ1(s) · · · Gionαn
(s) Gionθn(s)

⎤
⎥⎦

×

⎡
⎢⎢⎢⎢⎢⎣

α̂1

θ̂1
...
α̂n

θ̂n

⎤
⎥⎥⎥⎥⎥⎦ (18)

⎧⎪⎪⎨
⎪⎪⎩
α̂1(s) = α̂∗

1(s)− Gio1α2
(s)

Gio1α1
(s) α̂2(s)− · · · − Gio1αn (s)

Gio1α1
(s) α̂n(s)

...

α̂n(s)= α̂∗
n(s)− GiONα1

(s)

GiONαn (s) α̂1(s)−· · ·−GiONαn−1
(s)

GiONαn (s) α̂n−1(s).

(19)

B. Implementation of Decoupling Control of Two-Module
WPT System

According to (16) and Fig. 3, the decoupling control block
diagram is given in Fig. 6. In the control block diagram, the
output current of each module, i.e., îoi(s)(i = 1, 2), is compared
with the reference value îref−oi(s). The error is then used to
calculate the decoupled phase shift angle α̂∗

i (s) with a con-
ventional PI block. A delay e−τs might be introduced, e.g., by
wireless communication. Then the decoupled phase shift angles
are utilized to calculate the actual input phase shift angles of
the inverters. The actual input phase shift angles are calculated
according to (16) of Section III-A.

The RMS value of the fundamental component of the inverter
output voltage is [35]

Ui =
4

π
Uin sin

(
αi(t)

2

)
(20)

where Ui is the amplitude of the inverter output voltage, Uin is
the dc input voltage, and αi(t) is the phase shift angle of two
inverter legs.

Therefore, once the actual phase shift angles are determined
via (16), the amplitudes of the input voltages can be derived with
(20). On the other hand, the phase difference between u1(t) and
u2(t), i.e., θ2(t)−θ1(t), determines the switching timing of the
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TABLE VI
SIMULATION RESULTS

Fig. 6. Control block diagram of the two-module WPT system.

switches, as shown in Fig. 2. For example, the phase difference
of the switching signal of S11 and S21 in Fig. 1(b) is given by

θS21
(t)− θS11

(t) =
α1(t)− α2(t)

2
+ θ2(t)− θ1(t). (21)

C. Stability Analysis of Two-Module WPT System

Based on the small-signal model, the stability of the two-
module system is discussed. With the parameters of a two-
module WPT system given in Table III, the matrices of the state
equations, i.e., A, B, and C, can be calculated. Assuming that
the steady-state inverter phase shift angles of the two modules
are both 150°, the steady-state operating point can be obtained,
as given in Table I.

Based on the control diagram shown in Fig. 5, a simplified
control block diagram as shown in Fig. 7(a) can be derived (delay
is not considered), in which the variables are all 2-D vectors.
The block diagram of the open loop system is given in Fig. 7(b).
The transfer function of the compensation network Gc(s), the
transfer function matrix of the decoupling matrix Gde(s), and
the open loop transfer function matrix GWPT(s) in Fig. 7(a) can
be expressed as follows:

Gc (s) =
Kps+Ki

s

Gde (s) =

⎡
⎣ 1 −Gio1α2

(s)

Gio1α1
(s)

−Gio2α1
(s)

Gio2α2
(s) 1

⎤
⎦
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Fig. 7. Block diagram (a) in vector representation and (c) of the open loop system.

TABLE VII
MEASURED PARAMETERS OF THE TWO-MODULE WPT SYSTEM

TABLE VIII
ELECTRICAL SPECIFICATIONS OF THE TWO-MODULE WPT SYSTEM

GWPT (s) = C(sI −A)−1B2 (22)

where B2 is defined as

B2 = B

⎡
⎢⎢⎣

10
00
01
00

⎤
⎥⎥⎦ .

With (22) and Fig. 7(a), we can get⎧⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎩

îref−o − ẑ = ê∗

Gc (s) · ê∗ = α̂∗

Gde (s) · α̂∗ = α̂

GWPT (s) · α̂ = îo
îo = ẑ.

(23)

By solving (23), the open loop and close loop transfer function
matrices of îref−o to îo can be obtained as⎧⎨

⎩
Gopen (s) = GWPT (s)Gde (s)Gc (s)

Gclsd (s) = (I +GWPT (s)Gde (s)Gc (s))
−1

×GWPT (s)Gde (s)Gc (s) .
(24)

The characteristic polynomials of GWPT(s) can be expressed
as

ρGWPT (s) = (det (sI −A))2. (25)

Thus, the open loop characteristic polynomial ρopen(s) can be
calculated as

ρopen (s) = sGio2α2
(s)Gio1α1

(s) · (det (sI −A))4. (26)

The relationship between the open loop characteristic poly-
nomial ρopen(s) and the close loop characteristic polynomial
ρclsd(s) can be expressed as [36], [37], [38]

ρclsd (s)

ρopen (s)
= det [I +Gopen (s)] . (27)

Take the following three cases as an example:
1) Kp = 1, Ki = 10;
2) Kp = 0.002, Ki = 1000;
3) Kp = 0.002, Ki = 10.
Consider nonduplicate items in the polynomial, ρopen(s) has

two zeros on the right half-plane in all these three cases. En-
larging the smaller portion of the curves, the Nyquist schematic
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TABLE IX
EXPERIMENT RESULTS AT THE ALIGNED POSITION

diagrams of the left half-plane in these three cases are shown in
Fig. 8. The number of positive crossings minus the number of
negative crossings of the three Nyquist curves are 0, 0, and 2,
respectively. Therefore, only the last case is stable.

Fig. 9 shows the simulation waveforms corresponding to the
above PI parameters. The PI controller in the steady-state simu-
lation has a preset value, which corresponds to the steady-state
operating point of Table I. It can be seen that if the system is
stable, the output waveform of the corresponding PI controller
is stable. If the system is unstable, the output waveform of

the PI controller has an oscillation divergence trend. However,
since the output of the PI controller and the output of the
decoupling stage will be limited, the output currents cannot be
increased infinitely. The simulation results are consistent with
the theoretical analysis.

In the prototype for experiments, there is a delay caused by
wireless communication. In the prototype, the HC05 Bluetooth
module is used. According to the measurement results of the
Bluetooth module [39], the delay is between 20 and 50 ms.
Thus, a delay of 50 ms is included in the stability analysis of
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TABLE X
EXPERIMENT RESULTS AT THE MISALIGNED POSITION

the prototype. To facilitate the calculation, the first-order Pade
approximation is adopted [38]

e−τs =
1− τ

2 s

1 + τ
2 s

. (28)

The stability analysis is carried out based on the experimental
parameters used in Section V as given in Table VII. The com-
pensation network parameters are set as Kp = 0.02 and Ki =
0.002. Since the delay does not introduce new poles in the right
half-plane, ρopen(s) still has two zeros on the right half-plane.

The left half-plane Nyquist diagram of the system is shown in
Fig. 10, which indicates the prototype with the said PI parameters
is stable.

IV. SIMULATION VERIFICATION

Circuit simulations have been carried out based on two-
module, three-module, and four-module WPT systems (see
Fig. 11). All windings, with parameters given in Table II, are
identical in these three systems. The ac resistances, the induc-
tances, the phase angles of the decoupled input voltages at the
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Fig. 8. Left half-plane Nyquist diagrams of det[I+Gopen(s)] when (a) Kp =
1 and Ki = 10, (b) Kp = 0.002 and Ki = 1000, and (c) Kp = 0.002 and Ki =
10.

aligned position, and the PI parameters are given in Tables III–V.
The ac resistances are calculated using the method described
in [40]. The circuit model used in the simulations is the same
as that given in Fig. 1(b). The battery voltage is set at 330 V.
The operating frequency equals to the resonant frequency of the
resonators, which is 85 kHz.

Simulation results are shown in Table VI. Initially, the ref-
erence output currents of all modules are set at 11 A. Then,
at t = 0.5 s, Module 2 changes its output current reference to
6.6 A, whereas the other module(s) maintain the same. Using
conventional negative-feedback control for each module, all
three systems fail to follow the reference values in one or more
modules. By contrast, the proposed decoupling control is able
to follow the reference values in all the modules of the three
systems. The PI parameters maintain the same for the two control
methods.

Fig. 9. Simulation waveforms when (a) Kp = 1 and Ki = 10, (b) Kp = 0.002
and Ki = 1000, and (c) Kp = 0.002 and Ki = 10.

V. EXPERIMENTAL VERIFICATION

A. Setup for Experiments

A two-module WPT prototype is built for experiments, as
shown in Fig. 12. The geometric parameters of the windings are
the same as those given in Table II. The measured parameters
of the couplers and capacitors in the aligned position and the
position with 100 mm horizontal misalignment are given in Ta-
ble VII. The misalignment direction is shown in Fig. 12(a). The
electrical specifications of the prototype are shown in Table VIII.
The compensation network parameters are set as Kp = 0.02 and
Ki = 0.002, respectively. The inverters and the rectifiers are
developed using MOSFET C2M0025120D and the ultrafast diode
RURG80100, respectively. The primary-secondary communi-
cation is realized with the Bluetooth module HC05.

B. Results and Discussion

The experimental results of using two control methods, i.e.,
the proposed decoupling control and the conventional negative-
feedback control, are given in Tables IX and X. In the case
of using the conventional negative-feedback control for each
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Fig. 10. Left half-plane Nyquist diagram of the prototype system.

Fig. 11. Couplers of (a) two-module system, (b) three-module system, and (c)
four-module system.

module, the output currents cannot follow the reference values.
For example, at the aligned position, when the references for
Io1 and Io2 are both 10.5 A, the actual Io1 and Io2 finally reach
12.1 A and 8.1 A, respectively. Under this condition, the PI
controller of Module 1 should decrease the input voltage of
Module 1 and that of Module 2 should increase the input voltage
of Module 2. However, at this moment, the input voltage of
Module 1 has been reduced to nearly zero and that of Module
2 has been increased to the maximum. This indicates that the
outputs of the PI controllers have been divergent, which is caused
by the nonidentical parameters of two modules and the effect of
the strong cross couplings between modules. Because of the
divergence, the changes in the reference value do not affect the

Fig. 12. Experimental prototype. (a) Couplers. (b) Aerial view of the whole
system.

Fig. 13. Captured DC–DC efficiency at 6.9 kW from power analyzer.

controller outputs, and thereby the output currents of the two
modules maintain the same after changing the reference values.
Therefore, it is obvious that the individual negative-feedback
control is not able to separately regulate Io1 and Io2 under this
situation. Similar results are observed in the other scenarios
when using the individual negative-feedback control. By con-
trast, after applying the proposed decoupling control, the output
currents of the two modules follow the reference values well,
regardless of whether the windings are aligned or not. This is
consistent with the stability analysis given in Section III-C.

The measured dc–dc efficiency at 6.9 kW is 94.5% as shown in
Fig. 13. The loss breakdown is given in Fig. 14. The parameters
and formulas used for loss calculation are given in the Appendix.



ZHU AND ZHONG: SMALL-SIGNAL MODELING AND DECOUPLING CONTROL METHOD OF MODULAR WPT SYSTEMS 7875

Fig. 14. Calculated DC–DC loss breakdown at 6.9 kW.

VI. CONCLUSION

The concept of modular WPT is a promising approach to
increasing the power level of WPT systems. However, modular
WPT systems encounter a critical challenge different from other
power electronics systems, which is the interferences caused by
the cross couplings among different modules. Applying the con-
ventional negative-feedback control individually to each module
might not be able to achieve the desired output. This article
derives the small-signal model of the two-module WPT system
and proposes a corresponding decoupling control method. Ac-
cording to the transfer function of the main circuit, the influences
caused by cross couplings can be eliminated by including an
extra decoupling component in the input voltage of each module.
Thereby, independent control for each module is successfully
realized, which means the output of one module can be changed
without affecting the outputs of the other modules. This control
method can be extended to an n-module WPT system. With the
decoupling control method, the overall control block diagram is
established and the stability of the closed-loop system is theoreti-
cally analyzed. The decoupling control is verified by simulations
on two-module, three-module, and four-module WPT systems.
Eventually, a 7 kW two-module WPT prototype is built. The
experimental result proves that the proposed decoupling control
method can realize individual output control for each module.
The measured dc–dc efficiency of the prototype is 94.5%.

APPENDIX

Parameters for loss calculation are given in Table XI. Coil
resistances can be calculated by the method introduced in [40].
The core loss is obtained through FEA software.

The loss of the capacitors and the coils can be directly calcu-
lated with the ac resistances. The conduction loss of each diode
is given by

Prec =
1

2
IoVD +

1

2
I2or0. (A1)

According to the inverter waveform in Fig. 6 and considering
the dead time, the calculation formulas of the turn-ON loss, the
turn-OFF loss, the MOSFET conduction loss, the antiparallel diode
conduction loss, and the antiparallel diode reverse recovery loss

TABLE XI
PARAMETERS FOR LOSS CALCULATION

of S1 are given, respectively, by [41]

PON_S11 = f ∗ EON (A2)

POFF_S11 = f ∗ EOFF (A3)

θdead = πftdead (A4)

PMOS_S11 =

[
1

2π

∫ θS1
+π−θdead

θS1

(√
2I1T sin(θ)

)2

dθ

]
RON

(A5)

Pdiode_S11 =

[
1

2π

∫ θS1
+π

θS1
+π−θdead

√
2I1T sin(θ)dθ

]
VDM (A6)

Pres =
1

2
QrrVDM (A7)

where θdead represents the angle corresponding to dead time,
f is the experimental operating frequency, and IT1 is the RMS
value of the primary current of Module 1.
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