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A Linear Control Approach to Design Digital Speed
Control System for PMSMs
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Abstract—In order to pursue the high performance of speed
control for permanent magnet synchronous machines (PMSMs),
a digital speed control system is proposed. In the proposed struc-
ture, two parts, namely, speed controller and speed measurement,
have been designed compared with the conventional speed control
scheme. The proposed universal instantaneous speed observer is
regarded as the speed measurement, where it can unify other types
of speed observer, eliminate delay issue, and reduce measurement
noises by utilizing the merit of high-order system characteristic.
The proposed speed controller with an active damping structure
is able to decouple the current loop bandwidth effect on the speed
system; meanwhile, it possesses better dynamic response, distur-
bance rejection, parameter robustness, and measurement noise
suppression compared with other types of speed controller. In
addition, the proposed digital speed control system in the z domain
is analyzed in detail. The theoretical effectiveness of the proposed
design is verified in a PMSM test rig.

Index Terms—Digital speed control, permanent magnet
synchronous machines (PMSMs), speed observer.

NOMENCLATURE

Udq, edq Stator voltage and back EMF voltage.
idq, i

ref
dq Measured and reference stator current.

ω̂m, ωref
m Evaluated and reference mechanical angular speed.

Ts System sampling and control period.
Ld, Lq dq-axis stator inductance.
Rs, p Stator resistance and pole pair number.
J, J Actual and nominal inertia.
Kt,Kt Actual and nominal torque constant.
Te, T

ref
e Actual and reference electromagnetic torque.

T̂l, Tl Evaluated and actual load torque.
θ̂m, θm Evaluated and actual mechanical angle.
ωc, ωob Current loop and speed observer angular frequency.
ωspd Speed controller angular frequency.
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I. INTRODUCTION

A. Literature Review

P ERMANENT magnet synchronous machines (PMSMs)
are becoming a trend for ac servo applications, and the

speed control of PMSMs is expected to exhibit more high per-
formance [1]. The speed control is generally nonlinear and time
varying due to model parameter uncertainty and external distur-
bances, including cogging torque, friction torque, and unknown
load torque. Current loop (inner loop) [2], speed measurement,
and speed controller commonly constitute the overall speed
control system [3].

It is well known that the speed measurement should be
obtained by position sensors, i.e., resolver sensor, Hall effect
sensor, and magnetic encoder sensor. Although sensorless tech-
nology can replace position sensors, it cannot totally guarantee
the desired performance within the wide speed and torque range
and inaccurate motor parameters [4]. Based on position sensors,
there are four typical measurement approaches, i.e., digital filter,
phase-locked loop (PLL), Kalman filter [5], and instantaneous
model-based speed observer. The digital filter can effectively
eliminate the measurement quantization noises [6] but induce
phase lag, which can dramatically deteriorate the overall speed
control system performance. The PLL requests the involvement
of hardware and is actually a frequency filter [7]. The Kalman
filter is relatively complex and usually takes the quantization
error as Gaussian noises. The noise model may be different with
real noises. Lorenz and Van Patten [8] proposed an instantaneous
model-based speed observer, in which the observer can elimi-
nate the speed delay issue based on the actual system model.
Based on the observer structure, a cascade speed observer is
proposed to reduce the quantization noises, but the calculation
is relatively complicated due to the involvement of multiple
observers [9]. Aiming to improve speed estimation performance
at a low-speed region, several improved approaches based on
the model-based observer have been proposed [10]–[12]. In the
field of low-revolution position sensors, the speed estimation and
position estimation should be both carried out, and they cannot
be achieved in only one observer scheme. In order to solve this
issue, two observers are developed to enhance speed and position
performance at the same time: one is for the speed estimation
and the other is for the rotor angle position estimation [4], [13].

An ideal speed controller should have the best speed ref-
erence tracking, external disturbance rejection, measurement
noise suppression, and strong parameter robustness. With the
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development of speed controllers, proportional–integral (PI)
type and P-type speed controllers have been widely utilized in
modern industrial applications. The conventional PI-type speed
controller inherently owns the disturbance rejection, but there
exists a slight speed overshoot phenomenon since a zero exists in
the speed closed-loop transfer function [14]. In order to improve
the above issue, scholars have developed two-degree-of-freedom
(DOF) speed controllers [15]. Harnefors et al. [16] proposed
a classical two-DOF PI speed controller by adding an active
damping term, and this structure can avoid the speed overshoot
without affecting the dynamic speed tracking performance. In
addition, they proposed a novel second-order two-DOF PI-type
speed controller by adding a feedforward term, which can ef-
fectively eliminate the steady-state error for trapezoidal speed
reference [17]. However, the speed measurement part is not con-
sidered in the above two-DOF speed controllers. The two-DOF
PI-type speed controller can also be employed in the field of
model-predictive control (see, e.g., [18]). Considering the speed
measurement part, Xia et al. [19] developed a speed control
system with a two-DOF PI-type speed controller, and the speed
dynamic response can be improved further. Employing a high-
order nonlinear sliding-mode observer, the speed control system
with a two-DOF PI-type speed controller is proposed [20], but
the structure is relatively complex due to the involvement of
the nonlinear characteristic. Considering the current loop effect
on the overall speed control system, the global exponential
stability and phase margin of the speed control system have
been analyzed [17], [19], [21]. In order to suppress the integral
windup in the PI-type controller, a new anti-integral windup PI
controller with a separate integral state is proposed [22].

The alternative two-DOF speed controller is the P-type speed
controller by employing an instantaneous speed observer [8]
or a disturbance observer (DOB). The DOB was proposed by
Ohnishi in 1983 and is able to estimate disturbances by using
plant model parameters and measured states [23]. The DOB and
the instantaneous speed observer can be established by a linear
or nonlinear structure and usually taken as a feedforward com-
pensation [24], [25]. The P-type speed controller with a DOB or
an instantaneous speed observer is also called active disturbance
rejection control (ADRC). In order to reduce the complexity of
tuned coefficients, linear ADRC is developed [26]. However,
ADRC needs to obtain the speed and disturbances at the same
time by utilizing the DOB or the instantaneous speed observer,
and the rapid disturbance rejection performance should be traded
off with smooth speed estimation performance by using only one
observer. Based on this problem, two observers for the speed and
disturbance estimation are designed in ADRC, but the system
complexity is increased [27], [28].

B. Motivation and Innovation

Considering the speed dynamic response performance, dis-
turbance rejection, measurement noise suppression, current loop
model, and parameter robustness, this article proposes a digital
speed control system by utilizing a linear control approach. The
contributions of this article are as follows.

1) Generally, instantaneous speed observers are based on
the angle or speed error to estimate the actual machine
speed, and the speed closed-loop transfer function is a
fixed third-order system [4], [8], [10]–[13]. In order to
establish a universal speed observer, an nth-order internal
model control (IMC) instantaneous speed observer based
on the superposition theorem is proposed. In this structure,
the speed observer is able to unify other types of speed
observer, and the design can be easily understood by
employing linear control theory. In the proposed speed
observer structure, third- and fourth-order observers will
be analyzed. With the observer order number increasing,
the system stability is deteriorated. In addition, the transfer
function from the current and speed quantization noises
to the estimated speed is analyzed in detail, which can
illustrate that the noises from the position sensor can much
more affect the estimated speed.

2) Although two-DOF speed controllers have been proposed,
the current loop model is usually neglected. It has been
analyzed that when the current bandwidth is high enough,
the speed control performance will not be influenced [17],
[19], [21], but the speed controller with a relatively low
current bandwidth has not been studied in detail. Apart
from that, although the ADRC speed controller may be
considered as an optimum speed controller because of the
simple P-type controller design [26], the speed observer
or the DOB needs to estimate the speed and disturbances
at the same time. The disturbance rejection performance
is coupled with the speed estimation performance, which
means that smooth speed estimation and fast disturbance
rejection cannot be obtained using a single observer or a
DOB. Motivated by the above arguments, a novel speed
controller considering a current loop model is proposed,
where the undesired coupling effect caused by the cur-
rent loop model is eliminated. Without introducing the
disturbance rejection DOF, an active damping structure is
added, and the proposed speed controller can both possess
optimum dynamic response and disturbance rejection by
adjusting one-DOF ωspd. Utilizing this merit, only one
speed observer or DOB is enough for the overall speed
control system compared with the ADRC speed control
system. Furthermore, in order to enhance the speed loop
parameter robustness, a robust coefficient is added in the
proposed structure. The robust coefficient can be eas-
ily tuned to suppress the effect of J and Kt parameter
mismatch on the overall speed performance. The speed
performance evaluation, including dynamic response, dis-
turbance rejection, and measurement noise suppression,
has been compared with that in the conventional PI-type
and ADRC speed controllers.

3) So far, many literature works only focus on the speed
controller or speed measurement (see, e.g., [4], [9], and
[17]), but both parts jointly affect the speed performance.
Considering this issue, the proposed digital speed control
system is established and the performance evaluation will
be analyzed. Moreover, since zero-order holder (ZOH)
voltage latch and one-step control delay exist in practical
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Fig. 1. Block diagram of the speed control system.

systems, the speed control system in the z domain consid-
ering two typical current controllers and one-step control
delay is established. Based on the discrete-time stability
criteria, parameter robustness and the design guidance for
tuning α and ωspd are illustrated in detail. In the proposed
overall speed control system structure, it can be found that
there exists speed performance consistency between the
speed controller and the speed observer under parameter
uncertainty.

C. Article Organization

The rest of this article is organized as follows. The con-
ventional and proposed speed control systems are introduced
in Sections II and III, respectively. Experimental comparison
results are presented in Section IV. Finally, Section V concludes
this article.

II. CONVENTIONAL SPEED CONTROL SYSTEM

Generally, a speed control system mainly includes three parts,
namely, current loop, speed measurement, and speed controller,
as shown in Fig. 1.

In terms of the current loop, inverter nonlinearity and elec-
trical angle delay caused by the ZOH have been fully compen-
sated [29], [30]. Subsequently, the PMSM voltage equations are
presented as follows:

Udq = Ai̇dq +Bidq +C+ edq (1)

where A=[
Ld 0
0 Lq

], B=[
Rs 0
0 Rs

], C=[−ωeLqiq, ωeLdid ]
T,

and Udq = [Ud, Uq ]
T. Decoupling of C and edq allows syn-

chronous or asynchronous machines to be modeled by using a
resistor–inductor load model. In this article, disturbances caused
by PMSM resistance and inductance parameter mismatch have
been assumed to be compensated. As a result, using the IMC
principle [31], the PMSM model transfer function Gcp(s) and
the closed-loop transfer function Gcl(s) can be presented as

Gcp(s) =
idq(s)

Udq(s)
=

1

sA+B
, Gcl(s) =

ωc

s+ ωc
. (2)

It should be noted that except for the PI-type current con-
troller, predictive current control can also be employed herein
(see [3, Fig. 1]).

Neglecting high-order current harmonics, PMSM motion
equations are presented as follows:

Te = Ktiq, Tl = Te − Jω̇m, ωm = θ̇m. (3)

In order to improve the speed delay issue, an instantaneous
speed observer is employed as the speed measurement [8], [27],
[28], which can be shown as follows:{

T̂d = Ki

∫ t

0 (θm − θ̂m)dτ, T̂l = −T̂d, θ̂m =
∫ t

0 ω̂mdτ

ω̂m = 1
J

∫ t

0

[
Te + T̂d +Kp(θm − θ̂m)

]
dτ + Kd(θm−θ̂m)

J

(4)
where T̂d denotes the evaluated external disturbances. Kp,Ki,
and Kd coefficients of the observer can be selected as
3ω2

obJ, ω
3
obJ, and 3ωobJ , respectively. The observer can simul-

taneously evaluate the PMSM speed and external disturbances.
In the field of speed controllers, two classical speed controllers

have been developed, namely, PI-type and P-type speed con-
trollers.

1) PI-type speed controller: The speed plant and PI speed
controller models can be, respectively, described as

Gsp(s) =
ωm(s)

Te(s)
=

1

Js
, Gsc1(s) =

Kp1s+Ki1

Kts
.

(5)
The designed coefficients Kp1 and Ki1 can be obtained
based on a typical second-order system [17], where the
values can be determined as 2ωspdJ and ω2

spdJ , respec-
tively.

2) P-type speed controller: However, the speed overshoot
phenomenon exists in the PI-type speed controller due to
the zero location of the closed-loop transfer function. To
avoid this issue, the P-type speed controller is designed.
The P-type speed controller with the instantaneous speed
observer (4) can predict the load torqueTl and suppress the
external disturbances through the feedforward compensa-
tion. This structure is also called ADRC speed controller.
Without considering Kt and J parameter mismatch, sub-
stituting (3) into (4), the predicted load-torque distur-
bance T̂l(s) from the instantaneous speed observer and
the P-type speed controller Gsc2(s) can be, respectively,
expressed as

T̂l(s) =
ω3

ob

(s+ ωob)3
Tl(s), Gsc2(s) =

Kp2

Kt

(6)

where the coefficient Kp2 can be selected as ωspdJ .
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Fig. 2. (a) Speed observer based on the angle error. (b) IMC-speed observer
based on the superposition theorem.

III. PROPOSED DIGITAL SPEED CONTROL SYSTEM

This section presents a proposed digital speed control sys-
tem based on Fig. 1, where the speed measurement and speed
controller parts will be proposed. In addition, the digital speed
control system performance evaluation will be presented.

A. Universal Instantaneous IMC Speed Observer

Employing the IMC principle, the proposed IMC speed ob-
server can be applied in the speed measurement. This proposed
universal instantaneous speed observer is able to easily unify
other types of speed observer. The detailed procedure can be
presented as follows.

1) Design Guidance of Universal Instantaneous IMC Speed
Observer: First, the input, output, and external disturbance need
to be determined. The input and output are the measured me-
chanical angle of the position sensor and the estimated me-
chanical speed, while the external disturbance are the actual
electromagnetic torque, which is shown in Fig. 2(a). It can
be seen that Gob(s) denotes the designed PI-derivative-based
model. Without the external disturbance, it is noticeable that
the closed-loop transfer function between the estimated angle

and the actual angle can be expressed as
Gob(s)

1

Js2

1+Gob(s)
1

Js2

. Since θm

is the integral of ωm, the speed closed-loop transfer function
can be obtained once the angle closed-loop transfer function is
determined.

Second, without designing Gob(s), the estimated speed
closed-loop transfer function in Fig. 2(a) can be simply solved
based on the superposition theorem as shown in Fig. 2(b)

ω̂m = [1−Gimc(s)]
Ktiq

Js
+Gimc(s)ωm

=

Prediction︷ ︸︸ ︷
[1−Gimc(s)] (

Ktiq

Js
− sθm)+

Measurement︷︸︸︷
sθm (7)

where Gimc(s) stands for the universal closed-loop transfer
function between ω̂ and ωm. The detailed Gimc(s) design will
be presented in the next subsection.

Remark 1: Unlike other speed observers requiring the de-
tailed design of the PI-derivative-based model Gob(s) and the
error between ωm and ω̂, the proposed universal instantaneous
IMC speed observer can only be based on (7) to estimate the
speed. Equation (7) is a direct, simple, universal formula to
obtain the estimated speed, and it can be seen that the evaluated
speed can possess both prediction and measurement character-
istic. The prediction part can eliminate the delay issue, while
the measurement part can guarantee a high robustness of the
IMC speed observer because there is no need to obtain PMSM
parameters in the measurement part.

Third, the digital implementation of the IMC speed observer
should be established. To make a continuous-discrete conver-
sion, there are many transform methods, i.e., Bilinear transform,
forward Euler, backward Euler, etc. The users can choose the
most suitable transform methods based on different application
requirements.

2) Design of nth-Order Gimc(s): Based on (7), it can be
seen that Gimc(s) possesses the low-pass filter characteristic
to achieve the zero-speed steady-state error between ωm and

ω̂m. Furthermore, [1−Gimc(s)]
Ktiq
Js

means the acceleration
term and owns high-pass filter characteristic. In this case, the
nth-order (n ∈ Z+) Gimc(s) can be designed as

Gimc(s) =
n(n−1)

2 ωn−2
ob s2 + nωn−1

ob s+ ωn
ob

(s+ ωob)n
(8)

where ωob denotes the undamped natural frequency related to
the universal instantaneous IMC observer dynamic response
bandwidth. The small value of ωob leads to the slow dynamic
response for the acquisition of ω̂ under changeable external
load-torque disturbances, but the magnitude of the measured
noises is also reduced and the estimated speed becomes smooth.
The speed tracking error transfer function E(s) between ω̂(s)
and ωm(s) can be expressed as

E(s) = [Gimc(s)− 1]ωm(s)

=
(s+ ωob)

n − n(n−1)
2 ωn−2

ob s2 + nωn−1
ob s+ ωn

ob

(s+ ωob)n
ωm(s).

(9)

Employing the final value theorem, the speed steady-state
error can reach to zero under the acceleration input speed
ωm(s) = c

s3 (constant acceleration c). The constant coefficient,
the coefficient of s, and the coefficient of s2 must be same as
in the numerator and in the denominator in Gimc(s), if the IMC
observer cannot satisfy the zero speed steady-state error under
acceleration input speed ωm(t) = c

2 t
2. Substituting (8) into (7),

the nth-order universal instantaneous IMC speed observer can
be established. Whenn = 3, the third-orderGimc(s) is expressed

as 3ωobs
2+3ω2

obs+ω3
ob

(s+ωob)3
. Actually, it is noticeable that the third-order

IMC speed observer model is completely same as the instanta-
neous speed observer of (4) (see, e.g., [8], [27], and [28]).

Remark 2: The universal instantaneous IMC speed observer
can not only estimate the speed but also predict the load-torque
disturbances Tl. The transfer function between T̂l and Tl can be
expressed as T̂l(s) =

ωn
ob

(s+ωob)n
Tl(s). Based on (7) and (8), the
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Fig. 3. Different order number Gimc(s) transfer functions Bode comparison.

load-torque disturbance T̂l can be obtained as follows:

T̂l(s) =
ωn

obs(ω̂m − θms)

(s+ ωob)n − n(n−1)
2 ωn−2

ob s2 + nωn−1
ob s+ ωn

ob

. (10)

3) Analysis of High-Order Instantaneous IMC Speed Ob-
server: Generally, without utilizing a sensorless technique,
PMSM stator currents idq and position angle θm need to be
measured, where both measurement parts can induce quantiza-
tion noises (δiq and δθm). Take the noises into account, and (7)
can be rearranged as

ω̂m = [1−Gimc(s)]

Term1︷ ︸︸ ︷
Kt(iq + δiq )

Js
+Gimc(s)

Term2︷ ︸︸ ︷
s(θm + δθm) .

(11)
In (11), it can be seen that Term1 is related to the integral of

iq + δiq , while Term2 is related to the derivative of θm + δθm .
As a result, it is noticeable that δθm can induce much more
noises than δiq for the acquisition of the evaluated speed since
there exists a differential part in Term2. In order to suppress the
high frequency δθm in Term2, a higher order transfer function
Gimc(s) should be preferred. This is a significant reason for de-
signing high-order IMC speed observers. However, the stability
of the IMC observers will be deteriorated with the increase in n,
which is one of the limitations for higher order observers. The
reason behind this is that the zero of Gimc(s) is necessary to be
designed to guarantee the zero-speed steady-state error between
ωm and ω̂m and can unavoidably induce the estimated speed
overshoot phenomenon. The zero location effect on Gimc(s)
will be further amplified with the increase in n. In order to
illustrate clearly, several different order number Gimc(s) Bode
comparison is shown in Fig. 3. In this graph, the blue, red, green,
black, and cyan lines denote the third (n = 3), fourth (n = 4),
fifth (n = 5), sixth (n = 6), and tenth (n = 10) order observers
Bode plot, respectively. The instantaneous IMC observer cutoff
frequency is set as the same value (50 rad/s) to make sure
that the speed dynamic response is the same. It can be seen

that although the magnitude of the high-frequency quantization
noises can be further suppressed with the increase in n, there
exists certain more than 0-dB magnitude below the value of
the cutoff frequency, which means that the estimated speed
overshoot occurs at a dynamic state. The value of the estimated
speed overshoot will be increased with the increase in n. Fur-
thermore, the phase margin of the IMC observers is gradually
reduced with the increase in n. The phase margins φm of the
IMC observers (n = 3, n = 4, n = 5, n = 6, n = 10) are 71.2◦,
43.5◦, 31.9◦, 25.6◦, and 15.8◦, respectively. The higher the value
ofφm, the better the robustness of the IMC observer. In this case,
the nth-order number selection should depend on the desired
robustness of practical systems. In addition, the calculation is
another barrier for high-order observer applications. Therefore,
there is a tradeoff selection between the high- and low-order
observers.

4) Digital Implementation of the IMC Speed Observer: Sub-
stituting (8) into (7), the continuous-discrete conversion trans-
form can be employed to achieve the digital implementation of
the universal instantaneous IMC speed observers.

Setting the fourth-order IMC speed observer as an exam-
ple, substituting (8) into (7), Gimc(s) can be expressed as
6ω2

ob s
2+4ω3

obs+ω4
ob

(s+ωob)4
and the estimated speed can be obtained. In

this article, backward Euler ( 1s → Tsz
z−1 ) will be employed to

transform the transfer function from the sdomain to the z domain⎧⎪⎪⎨
⎪⎪⎩

ω̂m1(z) =
θm(z)−θm(z)z−1

Ts

ω̂m3(z) =
ω̂m3(z)z

−1Γ+

[
KtTsiq(z)

J
−ω̂m1(z)(1−z−1)

]
Δ

a1

ω̂m(z) = ω̂m1(z) + ω̂m3(z)

(12)

whereΓ = a2 + a3z
−1 + a4z

−2 + a5z
−3 + z−4 andΔ = b1 +

b2z
−1 + b3z

−2 + b4z
−3 + z−4. After determining the related

coefficients as listed in Appendix A, the digital implementation
of the fourth-order instantaneous IMC speed observer can be
carried out in digital control systems.

B. Proposed Speed Controller With an Active Damping
Structure Considering a Current Loop Model

1) Proposed Speed Controller Structure Design: To pursuit
the speed control high performance, including the speed dy-
namic response, disturbance rejection, measurement noise sup-
pression, and system robustness, a novel speed controller with
an active damping structure considering a current loop model is
proposed herein, as shown in Fig. 4. An adjusted robust coeffi-
cient α is designed in the proposed speed controller structure.
The proposed speed controller mainly includes four parts, i.e.,
active damping structure, anti-integral windup, PI-type regulator
considering current loop, and tuned robust α. The proposed
open-loop speed transfer function Gols3 is presented as follows:⎧⎪⎨
⎪⎩

Gols3(s) =
Jω2

spd(
s
ωc

+1)

s
ωc

s+ωc
αKt

Kt

1

J(s+2ωspdα
JKt

JKt
)

Kp3 =
Jω2

spd

ωc
, Ki3 = Jω2

spd, α = JKt

KtJ
.

(13)

Remark 3: The active damping structure and the PI-type
regulator are employed to establish a second-order closed-loop
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Fig. 4. Transfer function block diagram of the proposed speed controller.

speed system, which has better high-frequency measurement
noise suppression, compared with the first-order closed-loop
speed system [23]. It should be noted that the value of α
is initially set to 1 without PMSM parameter mismatch. The
value of α can also be determined by parameter identification
techniques, i.e., recursive least squares, offline parameter lookup
table, offline parameter curve fitting, model reference adaptive
parameter, extended Kalman filter, invasive injection techniques,
etc. Without obtaining the actual PMSM parameters, α can
be theoretically adjusted to improve the speed overall system
robustness, and the tuning guidance is presented in the next
subsection in detail. With respect to the integrator windup is-
sue, there are several anti-integral windup techniques [3], [32],
[33], and back calculation anti-integral windup is employed
herein [32].

2) Proposed Speed Controller Performance Evaluation: In
this subsection, the dynamic response performance, load-torque
disturbance rejection, and measurement noise suppression of the
proposed speed controller will be evaluated compared with PI-
type and ADRC speed controllers. Before the evaluation, several
conditions need to be assumed to reduce the complexity of the
analysis, i.e., Kt = Kt, J = J resulting in α = 1, the closed-
loop current transfer function (2) is considered, and the third-
order instantaneous speed observer is employed in the ADRC
speed controller [8], [27], [28].

In terms of the dynamic response performance evaluation,
according to (13) the speed closed-loop transfer functions of the
three speed controllers can be, respectively, expressed as

Gcls1(s) =
(2ωspds+ ω2

spd)ωc

s3 + s2ωc + 2ωcωspds+ ω2
spdωc

Gcls2(s) =
ωcωspd

s2 + ωcs+ ωcωspd

Gcls3(s) =
ω2

spd

(s+ ωspd)2
(14)

where Gcls1(s), Gcls2(s), and Gcls3(s) denote the PI-type,
ADRC, and proposed speed controllers, respectively. It can be
seen that the undesired coupling between ωc and ωspd occurs in
the pole location of the first two (14). In Gcls2, there exists a
speed overshoot phenomenon because the second-order system
is underdamped under the condition that ωspd > ωc

4 . On the
contrary, there is no speed overshoot under the condition that
ωspd ≤ ωc

4 , but the dynamic response speed is determined by
bothωspd and ωc. This is a reason why the value of the speed loop

bandwidth needs to be set smaller several times than the current
loop bandwidth. In Gcls1, the zero location also induces a certain
speed overshoot. Nevertheless, Gcls3 can only be determined by
ωspd based on (14) and is fully critically damped under different
values of the current loop bandwidth.

In the field of the load-torque disturbance rejection evaluation,
an effective performance measure is to employ an integrated
error ζ [32], which can be presented in (15). A load-torque
step Tl(s) =

κ
s is applied herein, and GTl1(s), GTl2(s), and

GTl3(s), respectively, denote the PI-type, ADRC, and proposed
speed controllers

ζ1 =

∫ ∞

0

(ωref
m − ωm)dτ = lim

s→0
Tl(s)GTl1(s)

= lim
s→0

κ
[
s3 + s2ωc

]
s2(s3 + s2ωc + 2ωcωspds+ ω2

spdωc)
=

κ

ω2
spd

ζ2 = lim
s→0

[
ω3

ob

(s+ ωob)3
ωc

s+ ωc
− 1

]
κ(s2 + ωcs)

s4 + ωcs3 + ωcωspds2

=
κ(ωob + 3ωc)

ωobωcωspd

ζ3 = lim
s→0

κ

(s+ ωspd)2
=

κ

ω2
spd

. (15)

In (15), it can be seen that the smaller the value of ζ, the
better the disturbance rejection performance. In the PI-type and
proposed speed controllers, ωspd is the only coefficient for the
disturbance rejection performance, and the value should be set
largely to enhance disturbance rejection. It can be known that
the dynamic response and disturbance rejection can be both
enhanced by increasing the value of ωspd. Thus, ωspd can also
stand for the external disturbance rejection coefficient in the
proposed structure. Conversely, ωc, ωspd, and ωob all affect the
load-torque disturbance rejection performance in the ADRC
speed controller. Increasing the value of ωc can enhance the
disturbance rejection, which means that there exists the unavoid-
able coupling between ωc and disturbance rejection. The other
demerit of the ADRC speed controller is that increasing the
value of ωob can amplify the speed measurement noise from the
speed observer based on (4). It should be noted that although
ζ is employed, the absolute of the values is different, i.e., the
total sum ζ of negative and positive values of ωref

m − ωm is the
same, but the disturbance rejection performance is different,
as explained in Fig. 5. Setting an example in Fig. 5, although
ζ1 = ζ3 (H1+H2+H3 = H4), the negative value exists in
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Fig. 5. Step response of GTl1(s) and GTl3(s) with the same coefficients
(ωspd = 100πrad/s and ωc = 200πrad/s).

GTl1, resulting in |ζ1| > |ζ3| (|H1|+ |H2|+ |H3| > |H4|).
In this case, the best disturbance rejection is the proposed speed
controller.

For the measurement noise suppression evaluation, it should
be assumed that the measured speed from the position sensor
contains both parts, i.e., the measured speed ωm and mea-
sured speed noises δωm

. Consequently, the measurement noise
transfer function between the measured speed noises δωm

and
the measured speed ωm of the PI-type, ADRC, and proposed
speed controllers can be, respectively, expressed as the negative
term of (14), also called complementary sensitivity function.
Thus, based on (14), a coupling issue between ωc and mea-
surement noise suppression exists in the PI-type and ADRC
speed controllers, while the measurement noise suppression
of the proposed speed controller can only be determined by
ωspd. The measurement noise suppression can be enhanced
with the reduction of ωspd, and there is a tradeoff between the
measurement noise suppression and dynamic response speed
rate. However, compared with the first-order system ωspd

(s+ωspd)
,

the second-order system Gcls3(s) should have better measure-
ment noise suppression performance under the same dynamic
response performance condition.

3) Digital Implementation of the Proposed Speed Controller:
Based on Fig. 4, the digital implementation of the proposed
speed controller can be easily carried out. The forward Euler
is employed to discretize and the digital format of the speed
controller can be expressed as⎧⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎩

ep(k) =
[
ωref
m (k)− ωm(k)

]
Kp3

eii(k) = ωref
m (k − 1)− ωm(k − 1) + eA(k − 1)

eio(k) = eii(k)TsKi3 + eio(k − 1)

ω1(k) =
ωm(k)−ωm(k−1)

αTs
+ ωm(k)

iref
dq(k) =

α
Kt

Sat
[
ep(k) + eio(k)− 2ωspdJω1(k)

]
eA(k) =

iref
dq(k)

Kt
α −[ep(k)+eio(k)−2ωspdJω1(k)]

Kp3

(16)

where the function Sat(x) stands for the saturation function
(Sat(x) = l, if x > l; Sat(x) = −l, if x < −l; Sat(x) =
x, otherwise).

C. Digital Speed Control System Performance Evaluation

Combining with the proposed universal instantaneous IMC
speed observer and the proposed speed controller, the proposed

digital speed control system can be established. In this sub-
section, the fourth-order IMC speed observer is employed, and
the corresponding coefficients, i.e., Ts and PMSM parameters,
are consistent with that in the experiment part. Since the ZOH
voltage latch and one-step control delay exist in the practical
system, the digital speed control system in the z domain will
be analyzed to reduce the unnecessary approximation in this
article. Moreover, the effect of Ts on the overall system is
significant, and the designed coefficients considering system
robustness totally depend on the value of Ts. In this case, it is
straightforward to theoretically design these coefficients based
on the digital speed control system. The z-domain transfer
function block diagram is shown in Fig. 6, where Gzoh(z) is
the current loop model transfer function. The speed open-loop
transfer function Gols(z) of Fig. 6 can be expressed as

Gols(z)=
Jω2

spdTs

z−1

z−1+Tsωc

Tsωc

αKtTsGzoh(z)

KtJ(z−11+2ωspdTsα
JKt

KtJ
)
.

(17)
1) Current Loop Model Influence: Compared with other un-

modeled models, i.e., measurement and anti-aliasing filters, and
time delays resulting from analog/digital conversion, a current
loop model is more significant for the overall system, especially
under low current loop bandwidth [e.g., there exists the speed
overshoot under ωspd > ωc

4 based on (14)]. Therefore, it is
necessary to analyze the current loop model before designing
the speed control system.

Currently, current controllers can be mainly divided into two
types, namely, PI-type and predictive current controllers (see,
e.g., [3]). In digital current loops, the ZOH voltage latch and
one-step control delay should be considered. In the PI-type
current controller scheme, the current loop model Gzoh(z) can
be expressed as

Gzoh(z) =
ωcZ

{
sA+B

s

}
(1− z−1)Z

{
Gcp(s)

s

}
z−1

1 + ωcZ
{

sA+B
s

}
(1− z−1)Z

{
Gcp(s)

s

}
z−1

.

(18)
Based on the above equation, the PI-type current loop transfer

function can be simplified as Gzoh1(z) =
Tsωc

z2−z+Tsωc
. On the

contrary, in the predictive current controller, since the (k + 1)th
instant current can be predicted based on the current instant (kth)
measured voltage and current, the predictive current loop trans-
fer function can be presented asGzoh2(z) =

Tsωc

z−1+Tsωc
.Gzoh1(z)

and Gzoh2(z) can be taken as a first- and second-order current
loop system, respectively. Based on (17), the phase margin φm

of the overall speed system with Gzoh1(z) is smaller than that
based on Gzoh2(z) in Fig. 6. For example, setting ωspd as 0.9

Ts
,

φm of the overall speed system with Gzoh1(z) is 32.5◦, whereas
φm = 61.7◦ occurs in the overall speed system with Gzoh2(z)
under the same model parameter and coefficient condition.
Consequently, the predictive current controller is more suitable
for the proposed digital speed control system. It should be noted
that there may exist model parameter mismatch in the current
loop, lookup table, or model-based DOB; adaptive parameter
identification can be employed to handle for that, which is not
focused on this article.
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Fig. 6. z-domain transfer function block diagram of the proposed digital speed control system.

2) Design Guidance for ωspd and α: Assume that the predic-
tive current controller is employed in this article before illus-
tration. In the speed loop, it can be known that both inaccurate
parameters Kt and J can induce the system instability. Defining
the term αJKt

KtJ
of (17) as χ, the speed closed-loop transfer

function Gcls(z) can be expressed as follows:

Gcls(z) =
χω2

spdT
2
s

z2 + 2(χωspdTs − 1)z + χω2
spdT

2
s − 2χωspdTs + 1

.

(19)
It can be seen that both ωspd and α can affect the system

robustness. According to (19), the pole location can be presented
as

z01 =

⎧⎨
⎩

1− ωspdTs(χ±
√
χ− χ2j), χ ∈ (0, 1)

1− ωspdTs, χ = 1

1− ωspdTs(χ±
√
χ2 − χ), χ > 1

(20)

where j denotes the imaginary part. Without J andKt parameter
mismatch, it can be seen that ωspd can be determined by a
unit circle in the z domain (the stability criterion is |z| ≤ 1)
as ωspd ∈ [0, 2

Ts
]. The optimum ωspd design should meet as

ωspd ∈ [0, 1
Ts
] to avoid the speed overshoot phenomenon. The

design guidance ofωspd can be based on the desired speed system
dynamic response, and the speed dynamic response becomes
fast with the increase in ωspd, and vice versa. ωspd can also be
computed by the desired setting time ts (ts = 4

ωspd
) and can be

expressed as 4
ts

for 2% or 3
ts

for 5%, respectively.
Initially, the value of α is set to 1. However, the desired speed

performance with the computed ωspd cannot be achieved when
J and Kt parameter mismatch occurs in practical systems. In
this case, the actual dynamic response is inconsistent with the
designed dynamic response, and users can only tuneα to achieve
the designed dynamic response without changing the determined
ωspd. Therefore, the design guidance for tuning α is presented
in this subsection. α is set to 1 initially, and users will see the
speed dynamic response under the determined ωspd in real time.
Based on this criterion, the determinedωspd can reflect the actual
speed dynamic response performance. For example, setting the
small value of ωspd in the speed controller, the speed dynamic
response gets slow. When there exists the speed overshoot, χ
is located in (0,1) due to the involvement of j, and α should be
increased manually until the speed overshoot is missing. When
the speed dynamic response gets much slow and cannot match
the setting value of ωspd, χ is located in (1,+∞) because of the
dominant pole is 1− ωspdTs(χ+

√
χ2 − χ). It can be known

that the value of the dominant pole is located in (0, 1− ωspdTs),
which means that the speed bandwidth is reduced. In this case,
α needs to be decreased manually until the dynamic response
speed gets recovered back. When the speed is unstable,χ should
be located in (1,+∞). The reason is that the following condition
may happen as |1− ωspdTs(χ+

√
χ2 − χ)| > 1 with the large

value of χ. In order to stabilize the system, α also needs to be
decreased manually.

3) Speed Loop Parameter Robustness: Regarding the speed
loop parameter robustness evaluation, the value of the robust
coefficient α needs to be set to 1. It can be seen that the speed
control system stability mainly depends on the value of ωspd in
(20). χ stands for the parameter robustness, and a larger value of
χmeans the better parameter robustness and vice versa. Based on
the discrete-time stability criteria, χ needs to meet the following
term based on (19):

JKt

KtJ
= χ ∈

(
0, 0.5 +

√
0.25 + (

2

ωspdTs
− 1)2

]
. (21)

It can be seen that the range of χ is reduced with the increase
in ωspd based on (21), and vice versa. There is a tradeoff
between dynamic response and parameter robustness. Based
on (20), when J

Kt
≤ J

Kt
, the instability never occurs under

ωspd ∈ [0, 1
Ts
]. On the contrary, when J

Kt
> J

Kt
, the instability

may occur since the pole location of Gcl(z) can be out of the
unit circle.

With respect to the parameter robustness analysis of the
proposed IMC speed observer, it can be seen that the parameter
disturbances caused by J and Kt can also affect the IMC speed
observer robustness based on (7). In order to give an investigation
on tolerance degree of the parameter mismatch, the worst system
robustness is defined as the phase margin φm < 30◦ in this
article. Therefore, the acceptable parameter mismatch range for
the third- and fourth-order IMC speed observers is J

Kt
> J

5Kt

and J
Kt

> J
1.5Kt

, respectively. It can be seen that the third-order
IMC speed observer can have better parameter robustness than
that of the fourth-order IMC speed observer.

4) Speed Performance Consistency Between the Controller
and the Observer Under Parameter Uncertainty: To analyze
the speed performance consistency of the controller and the
observer under parameter uncertainty (Kt and J), the value of
α also needs to be set to 1. In the speed observer, based on
(7), it can be easily found that the estimated speed ω̂ under the
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parameter mismatch condition that J
Kt

< J
Kt

is larger than the
estimated speed ω without parameter mismatch. Consequently,
the speed dynamic response becomes faster under the parameter
uncertainty. When J

Kt
> J

Kt
, the estimated speed ω̂ is smaller

than the estimated speed ω without parameter mismatch, and
hence, the speed dynamic response becomes slow. On the other
hand, in the ADRC speed controller, the speed open-loop trans-
fer function without considering the current loop can be obtained
as χωspd

s based on (5) and (6). Therefore, the closed-loop transfer
function in the z domain based on the forward Euler ( 1s → Ts

z−1 )

can be expressed as χωspdTs

z−1+χωspdTs
. Based on the transfer func-

tion, when J
Kt

< J
Kt

, χ ∈ (0, 1), the speed dynamic response
of the ADRC speed controller gets slower. It can be easily
found that the ADRC speed controller cannot get the consistent
speed dynamic performance with the speed observer. On the
contrary, in the proposed speed controller, when J

Kt
< J

Kt
, the

speed overshoot will occur based on (20), while the slow speed
dynamic response will occur under J

Kt
> J

Kt
. Therefore, the

proposed controller has the consistent speed dynamic response
with the speed observer.

In other words, it is straightforward to tune α for improving
the speed dynamic response performance under the speed loop
parameter uncertainty in the proposed digital speed control sys-
tem. The proposed speed controller is much more suitable for the
IMC speed observer, compared with the ADRC speed controller.
According to the speed performance consistency merit, α can
be added in the IMC observer (7), which can be expressed as

ω̂m = [1−Gimc(s)]

(
Ktiq

αJs
− θms

)
+ θms. (22)

For example, when the condition that J
Kt

< J
Kt

happens, α
can be manually increased based on the actual dynamic speed
response, which can reduce the parameter mismatch effect on the
proposed speed observer based on (22). On the contrary, when
J
Kt

> J
Kt

, α can be manually reduced, and hence, the distur-
bance caused by the parameter mismatch effect on the proposed
speed observer based on (22) is decreased. Overall, because of
the speed performance consistency, the proposed overall speed
system performance can be immune to the parameter mismatch
effect through suitably adjusting α.

IV. EXPERIMENTAL RESULT VERIFICATION

A. PMSM Test Rig Setup

The PMSM test rig is constructed as shown in Fig. 7, where
two XCUBE controllers (the main MCU is TMSF320F28377d)
are employed as the drive and load control system. The drive and
load inverters are consisted of the silicon carbide (SiC) power
modules and intelligent power modules based on an insulated-
gate bipolar transistor. The oscilloscope is the high-performance
Lecroy MDA8058HD. The 12-V auxiliary power supply is used
for energizing the control system. The PMSM and controller
parameters are listed in Table I.

Fig. 7. PMSM test rig setup.

TABLE I
PMSM AND CONTROLLER PARAMETERS

B. Speed Measurement Performance Evaluation

In order to evaluate the speed measurement performance,
the ADRC speed controller is adopted as the speed controller
part. Four types of the speed measurement method will be
compared, i.e., M method combined with the first-order low-pass
filter (Method1) where the low-pass filter cutoff frequency is
100 Hz, the instantaneous speed observer based on the angle er-
ror (Method2) [8], the proposed third-order IMC speed observer
(Method3), and the proposed fourth-order IMC speed observer
(Method4). The M method is a speed measurement approach
and can be expressed as

ω̂m(k) =
θm(k)− θm(k − 1)

Ts
(23)

where k is the sample number index. It should be noted that
there is a slight phase lag between the reference speed and
the measured speed due to the limited speed loop bandwidth.
The experimental results for quantization noise suppression
and high-order parameter robustness will be carried out in this
subsection.

1) Quantization Noise Suppression: ωc and ωspd are set to
2π500 and 2π200rad/s, respectively. It should be noted that
setting the same value of the cutoff frequency in different order
number observers, ωob should be different. For example, ωob of
Method2 and Method3 is set to 1.962 times 2π50rad/s, while
ωob of Method4 needs to be set to 2.3 times 2π50rad/s. In this
case, the three speed observers can have the same estimated
speed dynamic response based on −3-dB cutoff frequency defi-
nition. The sinusoidal waveform [fsin(t) = 100 + 50sin(30πt)]
is considered as the speed reference. Fig. 8 shows the measured
and reference speed performance comparison. It can be seen that
more delay lag and slight speed overshoot exists in Method1,
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Fig. 8. Quantization noise suppression performance of four methods. (a) and
(b) From Method1 switch to Method2. (c) and (d) From Method3 switch to
Method4.

Fig. 9. Estimated speed performance comparison with the large values of ωob

under J

Kt
= J

2Kt
parameter mismatch.

but the measured speed waveform is much more smoother than
Method2 and Method3. Compared with Method3, the measured
speed of Method4 is smoother, which can validate that the
quantization noise is further reduced with the fourth-order speed
IMC observer.

2) High-Order Parameter Robustness: First, to validate the
conclusion that higher order IMC observer has worse robustness,
ωc and ωspd are set to 2π300 and 2π50rad/s, respectively. In
order to keep the same estimated speed dynamic response,
ωob of Method3 and Method4 is set to 1.962 and 2.3 times
2π260rad/s, respectively. The sinusoidal waveform [fsin(t) =
100 + 50sin(5πt)] is considered as the speed reference. With the
PMSM nominal parameter mismatch of the controller condition
( J
Kt

= J
2Kt

), the estimated speed performance of Method3 and
Method4 can be shown in Fig. 9. It can be seen that more high-
frequency noises occur in Method4 and the system robustness
is deteriorated, which means that the estimated speed cannot be
obtained accurately compared with Method3 with the large value
of ωob. When setting the small value of ωob, the high-frequency
noises of Method4 can be eliminated, and hence, it can be
concluded that the value of ωob can affect the robustness of the
proposed observers. Second, to investigate the acceptable pa-
rameter mismatch range for Method3 and Method4, the related
test is carried out, and it is found that the acceptable parameter
mismatch range for Method3 and Method4 is J

Kt
> J

6.7Kt
and

J
Kt

> J
2.5Kt

, respectively, with small values of ωob, where the
values of ωob of Method3 and Method4 are 1.962 and 2.3 times
2π30rad/s, respectively. Third, keeping the small value of ωob,
the estimated speed performance comparison of Method3 and
Method4 under parameter mismatch J

Kt
= J

5Kt
is carried out in

Fig. 10. It can be seen that the estimated speed performance of

Fig. 10. Estimated speed performance comparison with the small values of

ωob under J

Kt
= J

5Kt
parameter mismatch.

Method4 is worse than that in Method3. Overall, according to
the above tests, it can be validated that the parameter robustness
of the IMC speed observer is deteriorated with the increase in
n, and both the parameter mismatch and ωob can affect the IMC
speed observer robustness.

C. Speed Controller Performance Evaluation

To evaluate the speed controller performance, the proposed
fourth-order IMC speed observer is employed herein, and three
types of speed controller will be compared, namely, the ADRC
with the fourth-order DOB, conventional PI-type, and proposed
speed controllers, where the value of α is set to 1.

1) Dynamic Response: ωspd of the ADRC, PI-type, and
proposed speed controllers should be, respectively, set to
2π50rad/s, about 0.5 times 2π50rad/s, and 1.554 times
2π50rad/s to obtain the approximately same value of the cutoff
frequency of the speed closed-loop system. The value of 1-N· m
torque is set in the load system. When ωc is set to 2π350rad/s
(ωspd < ωc

4 ), the current loop can be neglected in terms of the
speed dynamic response, which is shown in Fig. 11(a), (c), and
(e). It can be seen that the speed dynamic response is almost
the same in ADRC and proposed speed controllers, whereas the
speed overshoot occurs in the PI-type speed controller because
the unavoidable zero exists in the speed closed-loop transfer
function. In order to testify the controller performance under the
condition that ωspd > ωc

4 , increasing the speed loop bandwidth,
setting the same speed loop and the cutoff frequency in the three
speed controllers, and reducing the value of ωc to 2π100rad/s,
the speed dynamic response comparison is shown in Fig. 11(b),
(d), and (f). It can be seen that the better speed dynamic response
without speed overshoot exists in the proposed speed controller
compared with the other speed controllers. In addition, it can
be seen that the maximum q-axis current of the proposed speed
controller is the smallest, which can save more power in speed
control systems. It should be noted that the maximum q-axis
current limitation is set to 12 A to make sure that the speed
control system is a linear system.

2) External Load-Torque Disturbance Rejection: In order
to compare the external load-torque disturbance rejection, the
dynamic response performance should be kept the same. In
addition, 4ωob = ωspd should be set to obtain the same distur-
bance rejection because the fourth-order DOB based on (15)
is employed in the ADRC speed controller. The rated value
of load torque is carried out as an external load torque, and
the reference speed keeps the constant value 500 r/min. Fig. 12
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Fig. 11. Speed dynamic response performance comparison of three speed
controllers. (a) and (b) ADRC speed controller. (c) and (d) PI-type speed
controller. (e) and (f) Proposed speed controller.

shows the external disturbance rejection comparison of the three
speed controllers. It can be seen that there are large noises in the
measured speed of the ADRC speed controller since 4ωob is set
to enhance the load-torque disturbance rejection; meanwhile, the
measured speed is affected by 4ωob and the waveform becomes
rough. There is a tradeoff between the disturbance rejection and
the measured speed waveform. In addition, since ωc can reduce
the disturbance rejection in the ADRC speed controller based
on (15), the speed overshoot is larger than other controllers. In
the PI-type speed controller, based on the theoretical analysis
of Fig. 5, the speed overshoot is slightly larger than that in
the proposed speed controller. Therefore, the best disturbance
rejection is the proposed speed controller among the three speed
controllers.

3) Speed Measurement Noise Suppression: In order to make
a fair comparison, the M method with the first-order low-pass
filter is employed in the speed measurement and ωc is all set to
2π500rad/s. Since the speed measurement noise is complimen-
tary with the speed closed-loop system dynamic response, the
speed dynamic response cutoff frequency should be set to the
same value in the ADRC and proposed speed controllers. Fig. 13
shows the speed measurement noise suppression comparison un-
der low-speed condition. It can be seen that the measured speed
noise is reduced from the ADRC to proposed speed controllers.
In addition, the speed measurement noise suppression compar-
isons under 700 and 1500 r/min speed conditions are carried out
in Fig. 14. It can be seen that the measurement noises are also
decreased under 700 r/min speed condition, but there is almost
the same measured speed performance under 1500 r/min speed

condition. The main reason behind this is that the magnitude of
the measured noises is reduced under rated speed condition. In
this case, the effect of measured noises on the overall system can
be neglected under rated speed condition. Based on the above test
results, it can be concluded that the proposed speed controller
has better measurement noise suppression than that in the ADRC
speed controller.

D. Digital Speed Control System Performance Evaluation

1) Parameter Robustness: In order to validate the system
parameter robustness, the ADRC speed control system and the
proposed speed control system will be carried out. It should
be noted that the speed dynamic response should remain the
same in the two speed control systems, and the value of α is
set to 1. The fourth-order IMC speed observer is employed
herein, and ωob is set to 2π50rad/s. ωc is all set to 2π300rad/s.
When J

Kt
= J

4Kt
(χ ∈ (0, 1)), the speed dynamic response has

overshoot in the both speed control systems, which is shown
in Fig. 15. It can be found that the smaller amplitude of the
speed overshoot is in the proposed speed control system. On
the contrary, Fig. 16 shows the speed dynamic response under
the speed loop parameter mismatch J

Kt
= 4J

Kt
(χ > 1). It can

be seen that the speed dynamic response becomes slower in
the two speed control systems, and there exists fluctuated speed
waveform in the ADRC speed control system. Therefore, both
test results can validate that the proposed speed control system
has better parameter robustness. An acceptable range of χ in the
ADRC speed control system can achieve χ ∈ (0.1, 3), while
χ ∈ (0.1, 10) can be applied in the proposed speed control
system. In addition, the proposed speed control system can get
the consistent speed dynamic response, and tuning α can easily
improve the speed loop parameter uncertainty effect on the speed
control performance.

2) Rated Speed Condition: The rated speed performance of
the proposed digital speed control system is validated from
standstill to rated speed condition. ωc, ωspd, and ωob are set to
2π300, 2π100, and 2π50rad/s, respectively. The load torque is
set from 0 to 1 N ·m at−5.2 s. Fig. 17 shows the measured speed,
measured dq-axis currents, measured one-phase current, and
estimated external load torque disturbances from the proposed
speed observer. It can be seen that the speed is able to track the
reference speed without overshoot from the standstill to rated
speed condition. Furthermore, when the external load torque
is suddenly added in the system, the control system is able to
reject the external disturbance, which can effectively validate
the correctness of the proposed digital speed control system.

3) Current Loop Decoupling Ability: Employing the fourth-
order speed observer in this section, the comparison of current
loop decoupling ability speed performance of three methods can
be shown in Fig. 18. In this test, ωspd of the ADRC, PI-type, and
proposed speed controllers is, respectively, set to 2π40rad/s,
about 0.5 times 2π40rad/s, and 1.554 times 2π40rad/s to keep
the approximately same value of the cutoff frequency of the
speed closed-loop system. ωc and ωob are, respectively, set to
2π100 and 2π50rad/s, and the speed rises from 1000 r/min to
rated speed. It can be seen that the minimum speed overshoot
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Fig. 12. Speed disturbance rejection comparison of three speed controllers. (a) and (d) ADRC speed controller. (b) and (e). PI-type speed controller. (c) and (f)
Proposed speed controller.

Fig. 13. Measurement noise suppression comparison of ADRC and proposed
speed controllers under 100 r/min speed condition.

Fig. 14. Measurement noise suppression comparison of ADRC and proposed
speed controllers under 700 and 1500 r/min speed conditions.

and shortest speed setting time is the proposed speed controller.
Therefore, it can be validated that the current loop bandwidth
can deteriorate the PI and ADRC speed controller performance,
while the proposed speed controller can decouple the current
loop effect on the overall speed control system.

4) Speed Controller Computation Time: Based on the system
clock (200 MHz) of the TMS320F28377 digital signal processor,
the calculation burden can be easily evaluated. The computation

Fig. 15. Speed dynamic response comparison of ADRC and proposed speed

controllers under parameter mismatch J

Kt
= J

4Kt
.

Fig. 16. Speed dynamic response comparison of ADRC and proposed speed

controllers under parameter mismatch J

Kt
= 4J

Kt
.

time of the PI-type, ADRC, and proposed speed controllers is
1.3, 0.7, and 3.7 μs, respectively.

5) Overall Speed Performance Comparison: Finally, the
overall performance comparison of the three speed control sys-
tems is carried out. The ADRC speed control system (System1)
includes the P-type speed controller, the PI-type current con-
troller, and the third-order speed observer, which can estimate
the speed and disturbances at the same time [8], [34]. The
PI-type speed control system (System2) includes the conven-
tional PI-type speed controller, the PI-type current controller,
and the third-order speed observer [8], [34]. The proposed digital
speed control system (proposed system) includes the proposed
speed controller with an active damping structure considering
the current loop model, the PI-type current controller, and the
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Fig. 17. Proposed digital speed control system performance under rated speed
condition.

Fig. 18. Current loop decoupling ability speed performance comparison of PI,
ADRC, and proposed speed controllers.

TABLE II
OVERALL PERFORMANCE OF THREE SPEED CONTROL SYSTEMS

proposed fourth-order IMC speed observer. The overall per-
formance evaluation comparison considering the current loop
model is listed in Table II.

V. CONCLUSION

Based on linear control theory, a digital speed control system
for PMSMs is designed theoretically. It mainly includes three
parts: the proposed speed controller with active damping consid-
ering a current loop model, the proposed IMC speed observer,
and the current controller.

From the experimental results, it can be seen that the correct-
ness of the proposed speed control system analysis is able to be
verified. In terms of the measurement speed part, the proposed
IMC speed observer can unify other types of speed observers.
The third- and fourth-order IMC speed observers have been

compared to testify that higher order IMC speed observers have
better quantization noise suppression, but the stability will be
gradually reduced. In the proposed speed controller, the distur-
bance rejection, measurement noise suppression, and dynamic
response is improved compared with other speed controllers.
Moreover, the current loop bandwidth can be decoupled by the
proposed structure. Finally, based on the designed two parts,
i.e., the proposed speed controller and observer, the proposed
digital speed control system has better speed loop parameter
robustness though the complexity is relatively higher compared
with the ADRC and PI-type speed control systems. Based on the
speed dynamic response performance, the robust coefficient α
can be easily tuned to improve speed loop parameter uncertainty
because of the speed performance consistency between the
proposed speed controller and observer.

The future perspective for this article is shown as follows.
The trapezoidal reference speed tracking can be achieved by
adding a simple feedforward term. The prefiltering structure
can also be added to decouple the speed closed-loop sensitivity
and complementary sensitivity transfer functions. Moreover,
a two-DOF speed controller can be directly achieved in the
proposed structure by employing a DOB or a speed observer in
the speed loop feedforward path. Overall, the proposed digital
speed control system can be effectively used in the servo drive
systems and other high-performance industrial applications.

APPENDIX A
DESIGN OF FOURTH-ORDER SPEED OBSERVER COEFFICIENTS

a1 = T 4
s ω

4
ob + 4T 3

s ω
3
ob + 6T 2

s ω
2
ob + 4Tsωob + 1

a2 = T 4
s ω

4
ob + 8T 3

s ω
3
ob + 18T 2

s ω
2
ob + 16Tsωob + 5

a3 = −4T 3
s ω

3
ob − 18T 2

s ω
2
ob − 24Tsωob − 10

a4 = 6T 2
s ω

2
ob + 16Tsωob + 10, a5 = −4Tsωob − 5

b1 = 4Tsωob + 1, b2 = −4(3Tsωob + 1)

b3 = 6(2Tsωob + 1), b4 = −4(Tsωob + 1). (24)

APPENDIX B
DERIVATION OF THE PREDICTED LOAD-TORQUE DISTURBANCE

TRANSFER FUNCTION
T̂l(s)
Tl(s)

OF (6)

Without considering J and Kt parameter mismatch, substi-
tuting (3) into (4), the predicted load-torque disturbance transfer

function T̂l(s)
Tl(s)

of the instantaneous speed observer [8] can be
derived as{

eθ(s) = θm(s)− θ̂m(s)

eθ(s) =
−Tl(s)+T̂l(s)−Kpeθ(s)−sKdeθ(s)

Js2
.

(25)

Substituting eθ(s) =
−sT̂l(s)

Ki
of (4) into (25), (25) can be

rearranged as

T̂l(s)(Ki +Kps+Kds
2)− Tl(s)Ki

KiJ
=

−Js3T̂l

KiJ
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T̂l(s)(Js
3 +Ki +Kps+Kds

2)− Tl(s)Ki

KiJ
= 0. (26)

Based on Kp = 3ω2
obJ,Ki = ω3

obJ , and Kd = 3ωobJ , the

predicted load-torque disturbance transfer function T̂l(s)
Tl(s)

of (6)
can be presented as follows:

T̂l(s)

Tl(s)
=

ω3
ob

(s+ ωob)3
. (27)
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