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Unknown Input Observer-Based Series DC Arc Fault
Detection in DC Microgrids

Xiu Yao Y, Member, IEEE, Vu Le

Abstract—TIn this article, a fault detection and isolation technique
for series arc faults in dc microgrids with multiple power electronics
loads is proposed using unknown input observers (UIOs). The dc
microgrid is first modeled as a linear system using its corresponding
graph information, including the oriented incidence matrix. The
lines are assumed to be in Pi form (resistive, inductive, and capac-
itive) defining the dynamic states: line currents and node voltages.
Sources and loads are considered inputs to the network and details
are presented to include the case where these are not measured.
DC series arc faults are then analyzed as disturbances affecting any
line. An UIO framework is then presented to detect and identify the
faulted line using the network model. Simulation and experimental
results are then presented.

Index Terms—Fault detection, observers, microgrids.

I. INTRODUCTION

C POWER networks are currently being deployed as

distribution systems in applications such as data cen-
ters, electric vehicles, more electric aircraft, spacecraft, and
others [1]-[7]. DC networks can be advantageous due to the
reduced number of conversion stages needed and lower number
of transmission lines, improving the overall efficiency and size
requirements. However, series high impedance faults are one of
the main challenges affecting their safe operation.

When a small air gap is present, a voltage potential as small
as around 20 V could lead to an arc discharge across the
gap. The arc discharge creates a plasma channel across the
gap, characterized by high impedance and high temperature.
Due to the high impedance, the fault current is much lower
than overcurrent and short-circuit faults, and therefore, cannot
trigger traditional protection devices, such as circuit breakers
timely. The high temperature from the arc discharge can burn
the peripheral circuits and cause fire hazards [8].

Specifically, when the arc fault is in series with the load,
namely series arc fault (SAF), it is difficult to detect and localize
due to the following reasons.

1) Without the natural zero crossing point experienced by ac

systems, the dc arc fault is more likely to sustain and cause
fire hazards.
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2) Many of the ac arc detection techniques are based on
harmonic contents [9], [10], zero sequence current [11],
or transients during reignition [12], which are absent in dc
systems.

3) Series dc arc faults, which are likely to occur due to loosen
connections, wire aging, etc., have fault current levels even
lower than the nominal current [13]—-[15].

4) The extensive usage of power electronics interfaces, ad-
vanced controllers, and high bandwidth energy storage
controllers can sometimes dampen the fault response and
blind the protection [16], [17].

Therefore, dc arc fault detection is both a challenging and
important task to achieve reliable dc power systems with power
electronics converters.

Series dc arc fault detection techniques have primarily focused
on the analysis of a single line fault. Detection methods include
the development of features based on time domain [e.g., current
difference and Hurst exponent) [ 18], frequency domain (e.g., fast
Fourier transform (FFT)] [19], and time-frequency domain (e.g.,
short time Fourier transform (STFT), wavelet transform (WT),
etc.) [20]. Inrecent years, these features have been utilized in ma-
chine learning classifiers to improve the detection accuracy [21],
[22]. However, these existing SAF detection techniques are typ-
ically focused on one line with resistive loads, whereas modern
dc microgrids are composed of multiple branches and mainly
nonlinear constant power loads (CPLs) interfaced with power
electronics converters, such as buck converter.

The detection of the dc arc fault in systems with resistive
loads have been extensively studied [23]-[25], with the focus
of exploring different sensing and fault signature (features).
However, challenges rise when the SAF occur with high pene-
tration of power electronics. It has been reported that the power
electronics controllers affect fault response, and therefore, fault
detection [26]. The noise of power electronics circuits could
also mask over certain frequency-domain-based fault detection
algorithms. Moreover, with multiple power electronics inter-
faced loads connected in parallel, arc noise traveling and cross-
talk caused mistriggers could happen, even with UL licensed
commercial fault detection [27]. The noise generated during
an SAF has been shown to travel to adjacent lines [16], [26],
[28], with the possibility of causing mistriggers in detectors. For
this reason, recent research has been focused on the localization
of the SAF, in terms of the faulted line, within a dc microgrid
or large-scale PV system [29]-[31]. Parameter estimation tech-
niques have been proposed in [28] and [32]-[35], to estimate the
line parameters, in particular, line resistance or conductance, to
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determine not only when an SAF occurs but also the specific
line affected.

Fault detection and identification (FDI) of faults can be gen-
erally achieved either through parameter estimation (as shown
in the previous references), or model-based techniques. The
latter, has not been thoroughly explored for the SAF detection,
although they have been used to detect and identify faults in
general power electronic systems. For example, in [36], an
open-loop hybrid observer was developed to detect and identify
faults in power-electronic-based microgrids. The detection was
accomplished by analyzing residuals (error terms between ob-
server estimates and measurements) and an inner product with
Ly norm for fault identification. The latter part is particularly
important as a single fault can affect multiple elements of the
residual vector, complicating the identification process. Further-
more, an open-loop observer implies the error during the normal
operation may not decrease to zero as quickly as desired. In [37],
a closed-loop Luenberger observer was designed for detecting
and identifying open-circuit faults in dc/dc converters. While
multiple faults are considered, the identification part similarly
relies on mapping each fault using an inner product, complicat-
ing the identification step.

Unknown input observers (UIO) are a type of estimators
designed to be insensitive to a certain fault or faults, and are well
known and have been used extensively for FDI applications [38],
[39]. Developing parallel UIOs can be used for FDI, significantly
simplifying the identification step: A single residual will be
insensitive to where the fault is occurring. The UIOs have been
developed for FDI of wind turbines [40] and electric machines
in power systems [41]. More recently, these types of observers
have been used for cyber-attack detection and identification in
dc microgrids [42].

In this article, UIOs are used for the FDI of series high
impedance arc faults in dc microgrids. Our main contributions
include the following:

1) developing a dynamic model of the dc microgrid using the
graph theory, where insights can be gained regarding the
network observability for the design of UIOs;

2) experimental results of series arc faults with multiple lines,
demonstrating the noise propagation;

3) an UIO formulation for the FDI of series arc faults;

4) an L, stability-based threshold design for the residuals of
the UIOs.

The rest of this article is organized as follows. The dynamic
dc microgrid model and the modeling of the series arc fault,
along with experimental testing, are described in Section II. In
Section III, an UIO formulation is presented for the detection
of series arc faults. The simulation and experimental results are
presented in Sections IV and V, respectively. Finally, Section VI
concludes this article.

The following notation will be used throughout this
article. For a vector z € R™, its 2 norm is defined as
l|z|l2 = v/23 +---+22. The space of m piecewise-
continuous bounded functions is denoted as L7, with norm
|ulz.. = supssq |[u(t)||]2 < oo, for u(t) € L. The space of
m square integrable functions is denoted as L3". For u(t) € L3,
its norm is defined as [|u||z, = ([;" v’ (t)u(t)dt)'/? < co. A
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similar definition can be used to define Ezl, for 1 <p < 0,
as the set of piecewise continuous functions satisfying
ullz, = (J~ |Ju(t)|[Pdt)}/P < co. The truncation of a
function u(t) : R — R™ is defined as follows:

ur(t) = {uét)

For a matrix A € R™*", its set of eigenvalues is known as the
spectrum of A, denoted as 0(A) C C. A symmetric matrix M €
R™™ is positive definite if for any nonzero x € R", it satisfies
2T Mz > 0 and is denoted as M = 0. Finally, the symbol £ is
used to denote equality by definition.

0<t<r
t>T.

II. DC MICROGRID DYNAMIC MODEL

The dynamic equations that govern the internal behavior of
dc microgrids will be derived in this section. We consider the
lines to be resistive and inductive, as well as having capacitance
at both ends, either due to the transmission line or the input or
output capacitance of loads and sources.

A. State-Space Model Derivation

The dc microgrid can be considered as an undirected graph
defined as G = {N, &}, where N = {1,..., N} are the set of
nodes and & C N x N are the set of edges. Let N = |\ be the
total number of buses in the network and E' = |£| the number of
lines. An element of the edges (i, j) € £ implies that there is a
transmission line between node ¢ and j. While for an undirected
graph (i, j) = (4, i), we will always refer to this line as (i, j)
where ¢ < j and define the line current direction from node 7 to j.

The states of the dc microgrid can be defined by the line
currents, I = (I; jy, ..., 1(p )" € RE, and the node voltages
V = (V1,...,Vn)T € RY. The linear state-space model can be
obtained by deriving the oriented incidence matrix, Z € RV* ¥,
which defines the connections between the nodes and the edges.
For example, for a line (i, j) € &, the ith row of Z will have a
1 related to this edge and the jth row/node will have a —1 in the
same column. Therefore, each column of an oriented incidence
matrix will add to zero. For each line (i, j) € &, we will define
an associated line resistance and inductance as r(; ;) and L; ),
respectively. Similarly, each bus ¢ € N will have an associated
capacitance and parallel resistance: C; and R;, respectively. The
linear state-space model of the internal dynamics of a dc network
can be obtained as

O-CLDO-EHE o

where T = Diag(fzii’j)) ey 72((’;”1))) eEREXE A=
Diag(—ﬁ, ceey —ﬁ) eRMN and ZF e REXN
and —Z¢ € RV*F are derived as follows:
IF 2Lzt 2)
Ic2C'T 3)
where L £ Diag(L; j), -+ Lp,g))> C £ Diag(Cy,...,Cn),

and Z is the incidence matrix described previously.
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Fig. 1. Example of a four-bus dc network with detailed line parameters (Pi
sections). Node 1 contains a source input and nodes 3 and 4 load inputs.

The inputs to the network are defined by the source currents
I, € R® where S is the number of sources and the load currents
I; € RY with Lloads. The matrix By € RV > is associated with
the source current inputs. If node ¢ € A has a source attached
to it, its row would have a value of C% in the respective column.
Similarly, the B; € RV*% would have an entry of —& for a
load attached to this node. The network model describedlby @))]
will be referred to as the nominal or fault-free system and written
for convenience as follows:

i = Ax + Bu

y=Cx “)
wherex = (I, V)T € REFN o = (I, I;)T € RSTE andy €
RR? is a vector of the available sensors. The modeling presented
in this section for the dc microgrid allows for fast computation
and analysis of the internal dynamics of the network by using
its associated graph G = {N/, £}

It is also possible to modify (1) to account for stiff voltage
sources by deleting the respective node capacitance/state and if
a certain source or load current is not measured, it can also be
included as a state in the system defined by proper dynamics
(e.g., an integrator). These specific cases will be explained in
more detail in Section V.

B. Example for a Four-Bus System

As an example, consider the dc network shown in Fig. 1. The
associated graph can be defined as N = {1, 2, 3, 4} and £ =
{(1, 2), (2, 3), (2, 4)}. The oriented incidence matrix can be
derived as follows:

(1,2) (2,3) (2,4)

1/1 0 0
21 -11 1

=310 -10 | )
4\ 0 0 -1

Therefore, the ILT matrix can be obtained as

1 1
Lao  Lao 0 0
T _ 1 __1
15 = 0 Tos L 0 (6)
1 1
0 L2.4) 0 L2.4
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and the 7o matrix

1
o 00
_1 1 1
Cy Cy C
Ic = 2 G G 7
c 0 L 0 (7
-t

The source and load current input matrices can be obtained
as

1
& 0 0
0 0 0
B = , By 1 . (8
-z 0
1
0 -z
Finally, T’ = Diag(—722, —722, —784) and A=

Diag(— g+ — ;). Using these matrices, the state-
space model in (1) can be obtained.

C. Series Arc Fault in DC Microgrid

Series arc faults is a type of break in series with the line
typically caused by loose connections or line degradation. As
opposed to parallel faults, the line current does not generally
increase or decrease significantly. The chaotic behavior of the
fault introduces noise to the system that has been traditionally
used for detection. However, this noise can propagate to adjacent
lines and can cause possible mistriggers. In this subsection, we
study experimentally the problem of arc noise in a dc network
and formulate how this fault enters the system shown in (1).

1) Experimental Analysis: Using the hardware setup shown
in Fig. 2(b), which will be used for the experimental result
section, experiments were carried out with two CPLs in parallel.
This type of configuration is common in modern distribution
systems when one bus/node supplies power to multiple power
electronics interfaced loads. The nominal test parameters of the
setup are shown in Table I. Arc fault is created at the CPL1
branch, while CPL2 maintains normal operation.

The test results are shown in Fig. 3(a). After the arc fault
was initiated at the CPL1 branch at approximate ¢ = 2.35 s,
its respective current has the following stages: initiation tran-
sient, controller response (due to CPLs), and steady-state arcing.
Moreover, it can be seen that the CPL2 current and source current
14 follow the general trend of the CPL1 current in terms of its
high-frequency components, indicating the propagation of noise
from CPL1.

In Fig. 3(b) and (c), the high-frequency components of Icpy o
and /4. are almost as high as the faulted line current, Icpy 1, after
the arc fault was initiated. In Fig. 3(b), the STFT of the three
currents are shown. It can be seen that after t = 2.35 s, all of the
three currents exhibit a similar pattern in terms of the amplitude
at higher frequencies, appearing as if all three lines were faulted.
In particular, the amplitude for the CPL1 current (faulted) and
CPL2 (normal) is very similar. In Fig. 3(c), the variance of the
wavelet coefficients for a frequency window of 25-37.5 kHz is
shown. It can be seen that after the fault starts, all three line
currents have an increase in this window. Therefore, detectors
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Fig.2. Hardware setup for experimental results with four nodes. (a) High level
diagram of experimental setup. (b) Experimental setup with two buck converter
based CPLs.

TABLE I
TEST PARAMETERS WITH TWO CPLS

Vie 210V Iepry  [10—15] A

Vout(cpri,cpr2)y 200V Icprz  [10—15] A

using the wavelet transform at each line can be triggered by this
fault [20].

2) DC Network Model With Series Faults: In this section,
we consider a common method for modeling series arc faults
using a series resistance and voltage [43], shown in Fig. 4. The
dynamic equation for the line current can be described using the
KVL as follows:

d T(i’j) 1 1 1

alon =~ e Vi gV g Vi
)
where V(; ;) is the overall voltage drop across the arc fault
Vitg) = Tr6i g + Varetig (10)

including the voltage drop over the resistive element and the
voltage source. Therefore, it can be seen that the series arc fault
is propagated to the microgrid dynamic model in (1) by the last
term of (9), —#Vf(i,j). Assuming that a series arc fault can
occur at every liflje, the simplified dynamic model, (4), can be
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extended as
&=Az+Bu+ Y BujViay
(i.5)€€ (i
y=Cx
where each B; ;) is acolumn vector of zeros except fora — L(} S
i,

term in the same row as the respective line current/state I(; ;.
The goal of the FDI system is to use the available measurements,
vy, and inputs, u, to detect the presence of a series arc fault, Vf(z‘, )
and at the same time identify the faulted line.

III. UNKNOWN INPUT OBSERVER (UIO) BASED FAULT
DETECTION AND LOCALIZATION

In recent years, model-based fault detection has gained sig-
nificant attention in the detection and identification of faults in
power-electronics-based systems [36], [37]. In these works, a
Luenberger-type observer is typically used to estimate the states
for the normal/fault free system (4). Once a fault occurs in the
physical system, the observer error will increase and can be used
for detection. However, the identification process can be slightly
more difficult to achieve due to the need of postprocessing this
error to select the right fault.

In this article, we consider a different type of observer, UIO,
which can be properly designed to be insensitive to certain
faults (error would still be zero), even during a fault. Therefore,
multiple filters can be designed, each to be insensitive to different
faults, simplifying both the detection and identification.

A. UIO Design

Consider the following simplified dc network model with a
single line fault:

& = Az + Bu+ B j\ Vi)

y=Cx (12)

and assume that only the output vector, y, and the inputs, wu,
are available for the observer design. The UIO, insensitive to a
series arc fault at line (i, j) € &, is defined as [39]

000) — 20) 4 Gy (13)

where () are the estimated states (insensitive to a fault in line
(i, j) € &) and K(W9) = Kfi’j) + KQ(i’j). Defining the error as
e(bd) & g — 3000 jts dynamic behavior can be derived using
(12) and (13) as

lid) — [A _HGDoA Kf’j)c} oi3)

+[(a-HODCA- K ) - FED] 260

)

+[(a-mDca— KDY HD - K]y

(18)
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Fig. 4. Line formulation with a series arc fault model.

Algorithm 1: UIO Design for a Fault at Line (¢, j) € £.

1: ifrank(C'B; j)) # rank(B(; ;)) then

2 UIO does not exist, STOP

3: endif

4:  Solve H(7) :B(i,j) [(CB(i7j))T(CB(i7j))]7l

(CB )"

5: Solve T(w1) = [ — HGIC

6: Solve A" = T(9) 4

7. if (C, Agi’j )) is detectable then

8:  Design K" such that o(F(:)) c C~
9: endif

10:  Solve F(:) = AW — gl

11:  Solve K" = p(id) fid)

12: Solve K9 = K" 4 g{i7)

+ [ - HODC) — 70D Buge)

(16)

(15)

Thus, it can be seen that if the following UIO conditions are
satisfied [39]:

(H)C —1)Bj jy =0 (15)
7@ =1 - HGIC (16)
FOD = A gEIcA- Ko (17)

Kéi,j) — pGg) grisg) (18)

where each equation is associated with the respective term in
(14), the error dynamics are reduced to

e(i:d) — p(i.d) o (6:3) (19)

Furthermore, if K {” ) is selected such that the eigenvalues

of F'(%7) have negative real part, i.e., o (F (7)) C C~, the error

will decay to 0 as ¢ — oo. Such as K im ) matrix exists if and

only if the pair (C, Agi’j )) is detectable, where

AD 2 4 - gidog =769 4, (20)

The UIO satisfying (15)—(18) will be insensitive to an SAF in
line (4, j), i.e., even after a fault occurs, the observer estimates
will still converge to the states. The residual, insensitive to a
fault at line (¢, j), is defined as

(60 & 0elid) — y— O7(09) — (I — CH(i’j))y — O z(53)
(21)

and will be used in the next section to distinguish residuals
associated with multiple faults at different lines. An algorithm
describing the design of an UIO sensitive to a specific fault at line
(,74) € & is shown in Algorithm 1, similar to the one presented
in [39]. Notice the first condition, rank(C' B; ;)) # rank(B; ;))
is necessary in order to be able to solve for H; ;) from (15).
Using the network model in (1) and (11), we can state the
following proposition.

Proposition 1: The UIO condition in (15) is not satisfied, and
hence, an UIO does not exist for a fault at line (¢, 7), if the
measurement vector, y, does not include the line current [, (i,5)

Proof: 1t is assumed, although not explicitly stated, the mea-
surement vector y, is a subset of the state vector . Therefore,
y = Cx implies that C'is a matrix such that each row contains a
one in the column associated with the measured state, all other
elements of each row are zero. Furthermore, the fault vector
B;,jy is nonzero only in the location of the state /(; ;). Therefore,
if yy does not include [, (i,5)> the column of C associated with state
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Algorithm 2: Fault Detection and Identification Algorithm.

1:  Obtain residuals for all lines

20 Y(i,j) € &, ||rD)]| 3 = rGDTy(d)
3: if 3||r59)||2 > T then

4. A fault has occurred

50 if3||r®9||2 < T then

6: Fault occurred in line (p, q)

7

8

end if
end if
Inputs: u Measurements:
P DC Microgrid SRy
U—p UIO ()
Yy——» line@,j) 7]
Fault Detection
: : and
L4 L4 Identification
Algorithm
w—> UIO r(P:a)
Yy _— line (P, q)

Fig. 5.
FDIL

Example of the UIO algorithm for residual generation and series arc

I; ;) is all zeros, for which the following can be derived:

—Bi, ;) #0 (22)
and the condition (15) is not satisfied. |

CBij=0 = (H)C—1)B; =

B. Fault Detection and Identification

Let the microgrid be modeled as in (11), where a fault can
occur at any edge/line e £ (i, j) € £, multiple UIOs, each
insensitive to a single line arc fault, can then be designed to
detect and identify these faults. For example, if a series arc fault
occurs at a specific line (¢, j) € &, then the residuals for each
UIO line will satisfy the following:

Ir® D)2 < T
Ir® D2 >T V(p, q) # (i, j) €E

where 7' > (is an appropriate threshold. Therefore, when a fault
occurs at (7, j), the residual associated with the UIO at this line,
(@3 , will be insensitive to its fault, i.e., stay close to 0. However,
the residuals for all other lines will increase, which can be shown

(23)
(24)

by examining the error dynamics of all (p, ¢) # (i, j) € £ as

ea) — pa)elpa) 4 (H(p,q)c — DB jyViay (25
since

(HP9C — DB ;) #0 Y(p,q) # (i,j) €€ (26)

A diagram showing the overall FDI scheme is shown in Fig. 5.
As can be seen in this figure, an UIO will be designed to be
insensitive to each line in the network using Algorithm 1. In
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addition, each UIO requires knowledge of the input vector,
u, and the measurements, y. The final detection and isolation
algorithm requires the analysis of the residuals and is shown in
Algorithm 2. It can be seen that once the two-norm square of at
least one residual crosses a threshold, a fault flag is raised. If the
fault is associated with series arc in a line, ' — 1 residuals will
cross the threshold, where E is the number of lines. The only
residual staying close to zero will determine the location of the
fault, since it is designed to be insensitive to it.

C. Threshold Design

The threshold, 7', in (23) plays a very important role in the
UIO algorithm. A very high threshold may imply some norm
squared of residuals will not cross it, whereas a small value
may incur mistriggers. While the threshold can be designed
using simulations, it is also possible to obtain analytical bounds.
Towards this end, we can analyze how a series arc fault will
affect the magnitude of the residuals.

Consider an UIO insensitive to a fault at line (p, ¢) € £ and
assume a fault occurs at a different edge (¢, 7) # (p,q) € €. The
error dynamics for this UIO can be modeled as a linear system
of the form

&P ) F(P:2) e(p:a)
r®a0 — e

+TPD B 5y Vi) @7)

Assumption 1: A series arc fault at any line (i,5) € £ is
bounded, i.e., ||V j)(t)||2 < Vj Vit > 0.

Since F(P9) is assumed to be Hurwitz (all eigenvalues have
negative real part), a bounded fault V(; ;) implies a bounded
residual (9 (bounded input bounded output) [44]. In particu-
lar, the concept of £, or L stability can be used to determine
the impact of faults to the residuals.

Definition I1: The error dynamics in (27) are finite gain £,

stable if 37((5’;1)) .3 > 0 such that [44]

||,r7(_P7Q)H£p < ’7(177) HVf (4,3) THﬁ +ﬁ (28)

The parameter 3 > 0 is the bias and 7((5 ’;])) > 0 is known as the
L, gain of the system. Since e(¢) — 0 during normal operation,
B = 0 [44]. The goal will be to select the smallest 7((2 ’jq)) for
which (28) is satisfied for a fault at any line.

While an L., bound provides a higher limit by which to
guide the selection of T, the L4 stability/bounds can be used
to obtain a root-mean-square-type bound for a truncated fault
signal. Furthermore, this bound/parameter can be directly used
as a threshold. We can consider the following semidefinite
programming problem to obtain an optimal (least conservative)
bound [45].

Proposition2: For (i,7) # (p,q) € &, if there exists 7((1’ ’]q))

0 and P € R™*" [n is the dimension of the error () in 2N]
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5 6 7 8

Fig. 6. DC network used for simulation results. The network has eight nodes
and seven lines. Generators 1 and 2 are modeled using buck converters with
droop control.

satisfying

~(p,q)

min P!
(1.5)

~(p,a)
Vi P

subject to:
P>0
FeaTp  ppa 4 oTC PT(p’Q)B(i i

T (p, )T _~(a)
BiyThemp )

PN

0
(29)
les < 975 Vst —rlles For o) = /5775
Proof: The proof is shown in the Appendix. |
Therefore, for a fixed UIO insensitive to line (p, q) € &, the
value 7(17 Q) provides a way to understand how a series arc fault
at a different line affects the residual term. A fault at certain lines
may have a higher L5 gain than others. To ensure that the norm
square of the residual can cross the threshold whenever there is

a fault, we can select the threshold for the UIO at line (p, q) as
follows:

then ||r{?

T = FLONVs_ 12, (30)

(m)#(p q)e€

where 7((17 D 5 obtained using (29) and ||V;_||., is an estimate

of the £, norm of a typical series arc fault signature if known a
priori (otherwise it can be used as a tuning parameter). Finally,
one threshold can be selected for all UIOs as follows:

T = min T®9

31
(p,q)e€ @D

where T(P9) is obtained from (30).

IV. SIMULATION RESULTS

The system shown in Fig. 6 will be used for testing the
proposed modeling and UIO design for series arc FDI. In this
network, the set of nodes are "= {1, 2,...,8} and the set
of edges are shown in red lines where an SAF can occur. The
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Fig. 7. Each source in the simulation model is composed of a buck converter
with droop control.

TABLE II
NODE AND LINE PARAMETERS FOR THE SIMULATION MODEL SHOWN IN FIG. 6

Node 1 2 3 4 5 6 7 |8
C; (mF) 5 | o1 7 | 02 | 10 5 7 |8
R; (k) 1 1 1 1 1 1 1|1
Edge (1,2)](2,4)|(3,4)|(2,5)|(2,6)|(4,7)|(4,8)
(i) (mQ) || 10 1 10 5 4 6 7
L5 (mH) || 0.1 | 005 | 02 |0.075 0075 0.075 | 0.075

two sources, generators 1 and 2, are modeled using closed-loop
controlled dc/dc converters (buck) with equal droop gains to
ensure each generator supplies a similar amount of current, as
shownin Fig. 7. The simulation and UIOs time stepis T = 1 pus.
The four loads are simplified as constant current loads. The
nominal dc bus voltage is 400 V. Each line is assumed to be
resistive and inductive, while in each node, a capacitance with
a parallel resistor is added. While the nodes with sources and
loads attached typically have a output and input capacitance,
respectively, the capacitor value at nodes 2 and 4 are assumed to
be significantly smaller. The simulation parameters are shown
in Table II.

A. Nominal Operation

During normal operation, the two generators attempt to pro-
vide a similar amount of power to the loads by using droop
control. The load current at nodes 5—8 are 50, 70, 30, and 20 A,
respectively. Attime¢ = 0.4 s, the load atnode 8 is changed from
20 to 50 A. The transient response of the voltage at every node
and line currents is shown in Fig. 8. We can see that the current in
line (2, 4) is negative, implying that the generator 2 is sending
current to supply the loads at nodes 5 and 6, and the line currents
(1,2) and (3,4) are relatively similar due to the droop control.
Furthermore, the norm of the residuals, |[~7)||3 V(i,j) € &,
associated with the UIOs at each line, are shown in the bottom
subfigure. It can be seen that a load change does not significantly
alter the estimation error.
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Fig. 8. Simulation results during a change in the load at node 8. (Top) Node

voltages. (Middle) Line currents. (Bottom) Norm square of the UIO residuals.
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Fig. 9. Simulation results during a series arc fault in line (2,4). (Top) Node

voltages. (Middle) Line currents. (Bottom) Threshold and norm square of the
UIO residuals.

B. Fault in Line (2,4)

Using the same parameters as the nominal operation in the
previous section, we now consider a series arc fault. For the
design of the UIOs, we assume that the measurement vector
contains the line currents at every line, and the voltage at nodes 1,
2,and 3 only. For this scenario, the UIOs can be designed at every
line, although certain lines are only detectable (not observable).

The simulation results are shown in Fig. 9. Attime ¢t = 0.6 s,
a series dc arc fault occurs in line (2,4). It can be seen how
the voltages near the fault and the line currents, top and middle
subfigures, respectively, are affected by a fault. Furthermore, it
can be seen that all of the residual norms are affected by this
fault with the exception of the residual insensitive to a fault in
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this line, (2,4), shown in dashed orange in the bottom subfigure.
Therefore, Algorithm 2 can be used to detect the fault occurring
at this line. Finally, the optimal threshold computed using (29)—
(BD)isT = 9.9 (assuming ||Vy_; ||z, = 1) andis showninFig. 9
(bottom). It can be seen all of the residuals, except ||7(,4)|[3,
cross the threshold as desired.

V. EXPERIMENTAL RESULTS

The UIO techniques are next tested on a four-node micro-
grid testbed shown in Fig. 2 with a discretization time step of
T = 5 ps. The circuit diagram is shown in Fig. 2(a), while the
experimental testbed is shown in Fig. 2(b). Two series arc fault
generators are located in lines (2,3) and (2,4). For this reason,
only two UIOs will be designed, each meant to be insensitive to
an SAF at each of these lines. Node one is assumed to be a stiff
voltage source and the load currents at nodes three and four are
not measured. Therefore, the states and input become

T
w = (In2) Los) L2 Vo V3 Vi Iz L1a)
u= Vs

(32)
(33)

where V7 is the voltage source at node 1 and [;3 and [;4 are
the load currents at nodes three and four, respectively. Since the
load currents are generally constant, they will be generated by
an integrator of the form

Ii=0, i=3, 4. (34)

The same procedure to define the network dynamics shown in
Section II can be followed, with the main exception of ignoring
the node 1 voltage, which essentially eliminates the first row of
the oriented incidence matrix, and adding the two load currents
as states. The measured outputs are then

y= (I3 L2, Vs V4)T-

Using these outputs/measurements, the UIOs for both lines
(2,3) and (2,4) are observable, implying that the UIOs’ closed-
loop eigenvalues can be placed at any desired location on the
complex plane. Finally, the threshold is computed optimally us-
ing (29)-(31) and ||V_. ||z, = 50 (obtained from experimental
results).

(35)

A. Case I: Intermittent Arcing

The experimental results with intermittent arcing are shown
inFig. 10. Attime ¢ = 0.3 s, a series arc fault occurs in line (2,3).
The first plot shows the voltages atnodes 2, 3, and 4, represented
by the blue, orange, and yellow traces, respectively. The middle
plot shows the line currents Iy 2y, I(23y, and I3 4 by the blue,
orange, and yellow lines, respectively. It can be seen that while
the SAF is intermittent, there are large current spikes. However,
after approximately ¢ = 0.35 s, the SAF becomes steady and itis
difficult to differentiate the fault by simply analyzing the current
waveforms. The last subfigure shows the two-norm square of
the residuals for each line, (23 and (24 each meant to
be insensitive to a fault at their respective lines. Therefore,
when the arc fault occurs, the residual associated with line (2,4)
increases. This fault can then be localized by identifying the
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Fig. 10. Experimental results during an intermittent series arc fault in line
(2,3). (Top) Node voltages. (Middle) Line currents. (Bottom) Threshold and
norm square of the UIO residuals.
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Fig. 11.  Experimental results during a stable series arc faultin line (2,3). (Top)
Node voltages. (Middle) Line currents. (Bottom) Threshold and norm square of
the UIO residuals.

residual, which is not affected by the fault, in this case, r(>%)
remains very close to zero during the entire intermittent and
steady-state arcing. In addition, it is possible to see how quickly
the fault can be detected and identified, by the fast response of
the residuals.

B. Case 2: Stable Arcing

The case where a series arc fault directly achieves steady-state
arcing is also presented. The experimental results are shown in
Fig. 11. Attimet = 0.27 s, the series arc fault occurs on line (2,3)
and remains stable throughout the duration of the experiment.
In this case, the node voltages and line currents (top and middle
subfigures) show significantly less oscillation during the fault.
Examining the line residuals (bottom subfigure), it can be seen
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that the 2-norm squared of the UIO residual associated with line
(2,4), ||r®%]|3, increases significantly, marking the beginning
of a fault. Finally, it is possible to conclude the fault occurs at
line (2,3) as ||r(**)||3 remains close to zero.

VI. CONCLUSION

This article presents an SAF detection and identification
technique using UIOs. The internal dc network dynamics are
first derived using the graph theory. The lines are assumed to be
resistive and inductive while a capacitor is placed at each node.
The states, therefore, include line currents and node voltages,
which are then used to formulate an SAF event at any line.
An UIO-based algorithm is then presented for FDI, by creating
multiple observers, each insensitive to a single line fault.

Simulation results are then presented for a eight-bus network
with seven lines. It is shown how the residuals can then be used
to detect and localize the fault at a particular line. Experimental
results are also shown for a four-bus dc network with three lines.
In this case, the load currents are added as states to the system
since they are not measured. Two cases are presented: intermit-
tent and stable arcing. For both of these scenarios, the proposed
algorithm is able to detect and identify the faulted line very
quickly. Future work includes developing a systematic method
to reduce the size of the UlOs, such as reduced-order and/or
distributed/decentralized observers, and applying the proposed
techniques to larger networks.

APPENDIX

A. Proof of Proposition 2

The proof is similar to [45, ch. 6.3.2] and can be derived for
the system in (27) by considering a quadratic Lyapunov function
as follows:

v (e(pﬂ)) — DT pep.a) - (36)
satisfying

d T (p.a)?
14 (e(pm) 1 POT (pa) APDYT Vi) e <0
(37)
where (79 = Ce(P:9), Equations (36) and (37) can be placed
into linear matrix 1nequa11t1es as shown in the constraints of (29),
where *y(p ’q)) = fy((p ’]q)) to avoid the nonlinear term. If a solution

to (29) exists, then the following holds:
V (e(p7q))
)T ,.(p, (p.a)® T
+/r(P DT dp — 5 /Vf(i,j)_TVf(i,j),Tdt <0
(38)

by integrating both sides of (37). Since V (e(”?)) > 0, then

PO, — A28 Wy I, < -V (£29) <0 (39

1729, <

and we can obtain the desired result
(p,q

VEONVi(igy s 0
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