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Abstract—As the most widely used power semiconductor devices,
insulated gate bipolar transistor (IGBT) modules are normally
composed of parallel IGBT chips to achieve the desired current
capability. However, the electrothermal behavior of each chip is
significantly different due to the asymmetric layout, increasing the
overheating risk of single chip. Therefore, this article proposes
a novel approach to describe the thermal safe operation area of
multichip IGBT modules in the inverter application, considering
the uneven temperature distribution among parallel chips. The
novelty of the approach is that it applied the proposed analytical
model describing the uneven electrothermal behavior, thus avoid-
ing the traditional averaging process. Comprehensive investigation
has been made to reveal the deep mechanism of the inconsistent
temperature distribution, which are the uneven dynamic current
sharing and thermal cross-coupling effects. Correspondingly, the
analytical model of the uneven switching loss and the standard form
of thermal resistance matrix related to cooling performance are
proposed and further verified, respectively. Based on the proposed
approach, the recommended operation area of different rated de-
vices is fully described. The contribution of this article enables more
well-founded device selection to achieve a safe and cost-efficient
design for the inverter application.

Index Terms—Finite element method (FEM), insulated gate
bipolar transistor (IGBT), thermal model, thermal safe operation
area (TSOA).

I. INTRODUCTION

THE power semiconductor module is considered as the core
of power converters, which greatly determines the critical

performance of the entire system, such as efficiency, cost, and
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reliability [1]–[4]. As the most widely used power semiconduc-
tor devices, insulated gate bipolar transistor (IGBT) modules
are normally composed of parallel IGBT chips to achieve the
desired current carrying capability. However, the electrothermal
behavior of each chip cannot be completely consistent due to the
asymmetric layout, increasing the overheating risk of a single
chip [5]. Therefore, the accurate calculation on the power loss
and junction temperature of each chip in multichip IGBT mod-
ules is important for the safe and efficient inverter design. The
electrothermal simulation is the accurate method to calculate the
power loss and thermal loading of power module according to the
electrical profiles of the converter. Common electricity models
of devices, such as Hefner model [6]–[7], lumped-charge model
[8]–[10], and Fourier-based IGBT model [11], can be used to
predict the electrical behavior of IGBT modules, especially the
switching behavior. Besides, a series of thermal models, such as
3-D lumped thermal model [12], [13] and finite element (FE)
model [14], [15], have been established and cosimulated with
the device electricity model. However, the mentioned simulation
method is not suitable for the rapid initial design, due to the
complicated parameter extraction process [16]–[18], and low
simulation efficiency.

To support the device selection in the initial design stage,
manufacturers, such as Infineon [19] and SEMIKRON [20], have
provided online power simulation programs for fast power loss
and thermal calculation of their power modules. Furthermore,
some fast batch calculation methods used to guide the initial
inverter design have been presented in the previous literature.
Ma et al. [21] proposed a more complete loss and thermal model
considering not only the electrical loading but also the device
rating as input variables, which greatly improved the freedom of
converter design. Zhang et al. [22] proposed simplified thermal
modeling for IGBT modules according to the operation condi-
tion characteristics of modular multilevel converters. Merkert
et al. [23] presented a characterization and scalable loss and
thermal modeling approach of power semiconductors. In the
above methods [21]–[23], the average device power loss model
based on a lookup table or data fitting is used to replace the
device electricity model and co-simulated with the conventional

https://orcid.org/0000-0002-3828-5270
https://orcid.org/0000-0002-4116-5392
https://orcid.org/0000-0002-9938-5590
https://orcid.org/0000-0003-0050-2548
https://orcid.org/0000-0003-1277-0208
mailto:wangjackmvp@stu.xjtu.edu.cn
mailto:cwj@mail.xjtu.edu.cn
mailto:z062626@stu.xjtu.edu.cn
mailto:z062626@stu.xjtu.edu.cn
mailto:xmlemon@stu.xjtu.edu.cn
mailto:llwang@mail.xjtu.edu.cn
mailto:jjliu@mail.xjtu.edu.cn
mailto:jjliu@mail.xjtu.edu.cn
mailto:ymgan@mail.xjtu.edu.cn
https://doi.org/10.1109/TPEL.2021.3124597


WANG et al.: NOVEL APPROACH TO MODEL AND ANALYZE UNEVEN TEMPERATURE DISTRIBUTION 4627

1-D RC lumped thermal model to achieve faster calculation
efficiency. However, the resulting calculation error would in-
crease significantly under certain operation conditions for the
following two reasons. The first one is the uneven current
distribution among parallel chips in the power module, caused
by the asymmetric layout [24]. Especially at high switching
frequency, the uneven transient current can cause large switching
loss differences among chips. Therefore, the average power loss
model might result in the underestimation of the power loss of the
specific chip among parallel chips. The second one is the thermal
cross-coupling effect among parallel chips, which means that
the junction temperature of a chip is not only affected by its
own power losses but also that of neighboring chips [25]. The
conventional 1-D thermal model ignoring this effect might cause
the underestimation of the predicted junction temperature. The
misleading results are not conducive to the design of converters,
since too small margin increases the risk of thermal failure.

To deal with these issues in the fast junction temperature
calculation for more accurate estimation results, this article
proposes an approach to evaluate the thermal safe operation area
(TSOA) of multichip IGBT modules in the inverter application,
considering the inconsistent junction temperature distribution
among parallel chips. The novelty of the evaluation approach is
twofold.

1) An analytical model of the uneven switching loss is pro-
posed, thus the difference of power loss among chips can
be expressed.

2) A standard form of the element in the thermal resistance
matrix is proposed considering the cooling condition,
which can fully reflect the influence of the cooling sys-
tem on the junction temperature distribution of parallel
chips.

Owing to the above contribution, the maximum thermal stress
of a single chip is focused on rather than the average value of
the entire module. Therefore, the proposed evaluation approach
can provide a well-founded and fast device selection scheme to
achieve the safe and cost-efficient initial design for the inverter
application.

The rest of this article is organized as follows. In Sections II
and III, comprehensive investigation has been made to reveal
the deep mechanism of inconsistent junction temperature, where
two key influencing factors, i.e., uneven dynamic current sharing
and thermal cross-coupling effects, are introduced from the
three aspects of experimental findings, qualitative analysis and
quantitative calculation, respectively. The analytical relationship
between the switching loss of each chip and operating con-
ditions, the thermal resistance matrix and the cooling perfor-
mance, are established and further verified by the experiment
and FEM simulation. In Section IV, the calculation process of
junction temperature based on the above models is introduced
and compared with commercial software, and further verified
by the inverter experimental prototype. Then, the complete
evaluation approach of TSOA is presented and the TSOA of
standard 1200-V half-bridge IGBT modules with EconoDUAL
housing are fully evaluated under different operation conditions.
Correspondingly, the recommended operation area of different
rated devices is also described. Finally, Section V concludes this
article.

Fig. 1. Layout of researched IGBT modules with the housing of EconoDUAL.

Fig. 2. DPT platform.

II. MODELING AND CALCULATION OF UNEVEN SWITCHING

LOSSES FOR PARALLEL CHIPS

A. Experimental Findings

The phenomenon of uneven dynamic current sharing among
parallel chips has been reported and researched for several years
[26]–[30], and it is considered to be a major problem affecting
the performance of multichip power modules. However, few
articles researched the quantitative relationship between the
imbalance ratio of switching loss and various operating con-
ditions for a specific package structure. In the article, 1200-V
half-bridge IGBT modules with the housing of EconoDUAL are
selected for modeling and experimental verification, as shown
in Fig. 1.

First, the experimental study on module FF225R12ME4 is
presented. Double pulse test (DPT) is carried out to obtain the
switching behaviors, as shown in Fig. 2. In the platform, the
Rogowski coil rated at 300 A is used to measure the switching
current of the IGBT module, and which rated 120 A is used
to measure the switching current of each IGBT chip. The test
results are shown in Fig. 3, where the chip number refers to
Fig. 1. The corresponding switching losses are also calculated
and shown in the figure. According to Fig. 3, the following
qualitative conclusions can be obtained.

1) The differences of turn-ON energy losses are much larger
than that of turn-OFF energy losses, whatever among high-
side or low-side parallel chips.

2) The differences of the turn-ON energy losses among low-
side parallel chips are much greater than that of the high-
side chips.

3) The chip close to dc negative terminal (T4 in the figure)
withstands the largest switching loss among all the chips.
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Fig. 3. Measured switching waveforms and energy losses of (a) high-side
parallel chips and (b) low-side parallel chips.

B. Qualitative Analysis

Fig. 4 shows the equivalent circuits of turn-ON transient of
the high-side and low-side parallel chips, respectively. ZC is the
stray impedance of the copper layer among parallel chips, and
ZW is the stray impedance of the bond wires-connected chips
and copper layers. The following equation is applied to simplify
the expression for the qualitative analysis:

{
ZW = ZC = ZC1 = sL
ZC2 = 0

(1)

where s is the Laplace operator. Besides, the uneven stray
impedance of the gate is ignored in this article since the un-
balanced dynamic current is more sensitive to the mismatched
power source stray impedance as discussed in [24], [29], and
[30]. Moreover, the mutual inductances among different com-
mutation loops are also ignored in the quantitative analysis [29],
[30].

When the chips turn ON, the current of each chip ik can be
expressed as follows:

ik = gm(uGEk − Uth) (2)

where k = 1 to 6. gm and Uth are the transconductance and
threshold voltage of IGBT chip, respectively. uGEk is the gate–
emitter voltage of the kth chip.

Fig. 4. Equivalent circuit diagrams at turn-ON transient of (a) high-side parallel
chips and (b) low-side parallel chips.

For high-side parallel chips, uGE1, uGE2, and uGE3 can be
expressed as the following formula, according to Fig. 4(a):

⎧⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎩

uGE1 = uGO_h − L
di1
dt

− L

(
diA
dt

+
diB
dt

)
uGE2 = uGO_h − L

di2
dt

− L
diA
dt

uGE3 = uGO_h − L
di3
dt

(3)

where iA is the current flowing from B to A, iB is the current
flowing from C to B, and uGO_h is the voltage between Gh and
Oh, as shown in Fig. 4(a). According to Kirchhoff’s laws, the
voltage relationship among point A to F can be expressed by

⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

LdiA
dt + L

(
diA
dt

− di2
dt

− diB
dt

)

−2L

(
dIC
dt

− diA
dt

− di3
dt

)
= 0

L

(
diA
dt

− di2
dt

− diB
dt

)
+ L

(
dIC
dt

− di3
dt

− di2
dt

− diB
dt

)

−L
diB
dt

− L

(
diB
dt

− di1
dt

)
= 0

(4)

where IC is the total load current of the module, which can
be considered a steady variable since it changes little during
the fast turn-ON transient. Therefore, the above formula can be
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transformed into⎧⎪⎨
⎪⎩

4L
diA
dt

− L
diB
dt

− L
di2
dt

+ 2L
di3
dt

= 0

L
diA
dt

− 4L
diB
dt

+ L
di1
dt

− 2L
di2
dt

− L
di3
dt

= 0.

(5)

Therefore, the following formula can be reached after rear-
ranging:

dix =A−1Bdin_H (6)

where A =
[
4L −L
L −4L

]
, B =

[
0 L −2L

−L 2L L

]
, dix =

[
diA
dt , diB

dt

]T
,

din_H =
[
di1
dt , di2

dt , di3
dt

]T
. Substituting (2) and (6) into (3), the

following formula can be obtained as:

1

gm
Ein_H = (uGO_h − Uth)I− LEdin_H −Cdix

= (uGO_h − Uth)I− (LE+CA−1B)din_H (7)

where ix = [iA, iB]T, in_H = [i1, i2, i3]T, C =

[
sL sL
sL
0

0
0

]
, E is

a third-order identity matrix, and I = [1,1, 1]T. According to
the differential properties of Laplace transform, the Laplace
transform of din_H can be expressed as the following formula
since the initial value of in_H is equal to zero:

L (din_H) = sin_H(s)− in_H(0−) = sin_H(s). (8)

Therefore, the Laplace transform of (7) can be expressed as

1

gm
Ein_H(s) =

(
uGO_h(s)− Uth

s

)

I− (sLE+ sCA−1B)in_H(s). (9)

According to (9), in_H(s) can be calculated by

in_H(s)=

(
uGO_h(s)−Uth

s

)[(
1

gm
+sL

)
E+sCA−1B

]−1

I

=

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

gm
(
42L2gm

2s2 + 52Lgms+ 15
)(

uGO_h(s)− Uth

s

)
(23L3gm3s3 + 60L2gm2s2 + 52Lgms+ 15)

gm
(
30L2gm

2s2 + 43Lgms+ 15
)(

uGO_h(s)− Uth

s

)
(23L3gm3s3 + 60L2gm2s2 + 52Lgms+ 15)

gm

(
uGO_h(s)− Uth

s

)
(Lgms+ 1)

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦
.

(10)

Therefore, the ratio of current among chip T1, T2, and T3 can
be expressed as⎧⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎩

ξ12 =
in_H(1)(s)

in_H(2)(s)
=

42L2gm
2s2 + 52Lgms+ 15

30L2gm2s2 + 43Lgms+ 15
> 1

ξ23 =
in_H(2)(s)

in_H(3)(s)
=

30L2gm
2s2 + 43Lgms+ 15

23L2gm2s2 + 37Lgms+ 15
> 1

ξ13 =
in_H(1)(s)

in_H(3)(s)
=

42L2gm
2s2 + 52Lgms+ 15

23L2gm2s2 + 37Lgms+ 15
> 1.

(11)

According to (11), the order of turn-ON current and loss among
high-side parallel chips are

i1 > i2 > i3 (12)

EON_1 > EON_2 > EON_3. (13)

While for the low-side parallel chips, uGE4, uGE5, and uGE6

can be expressed as the following formula (14), according to
Fig. 4(b):⎧⎨
⎩

uGE4(s)=uGO_l(s)−ZW i4(s)+ZC2i5(s)+ZC2i6(s)
uGE5(s)=uGO_l(s)−(ZW +ZC1)i5(s)−ZC1i6(s)
uGE6(s)=uGO_l(s)−ZC1i5(s)−(ZW +ZC+ZC1)i6(s)

(14)

where uGO_l is the voltage between Gl and Ol, as shown in
Fig. 4(b). Substituting (2) into (14), the following formula can
be reached after rearranging:

1

gm
Ein_L(s) =

(
uGO_l(s)− Uth

s

)
I−Din_L(s) (15)

where D =

[
sL 0 0
0
0

2sL sL
sL 3sL

]
. in_L = [i4, i5, i6]T, and its calculation

result is

in_L(s) =

(
uGO_l(s)− Uth

s

)[
1

gm
E+D

]−1

I

=

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

gm

(
uGO_l(s)− Uth

s

)
(Lgms+ 1)

gm (2Lgms+ 1)

(
uGO_l(s)− Uth

s

)
(5L2gm2s2 + 5Lgms+ 1)

gm(Lgms+ 1)(uGO_l(s)− Uth

s
)

(5L2gm2s2 + 5Lgms+ 1)

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦
. (16)

Then, the ratio of current among chip T4, T5, and T6 can be
expressed as

⎧⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎩

ξ45 =
in_L(4)(s)

in_L(5)(s)
=

5L2gm
2s2 + 5Lgms+ 1

2L2gm2s2 + 3Lgms+ 1
> 1

ξ56 =
in_L(5)(s)

in_L(6)(s)
=

2Lgms+ 1

Lgms+ 1
> 1

ξ46 =
in_L(4)(s)

in_L(6)(s)
=

5L2gm
2s2 + 5Lgms+ 1

L2gm2s2 + 2Lgms+ 1
> 1.

(17)

According to (17), the order of turn-ON current and loss among
high-side parallel chips are as follows:

i4 > i5 > i6 (18)

EON_4 > EON_5 > EON_6. (19)

Furthermore, the ratio of the imbalanced current between
the high-side and low-side parallel chips can be characterized
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Fig. 5. Magnitude–frequency characteristic curves of uneven current ratio
with variable parameters.

by

δ =
ξ46
ξ13

=
115L4gm

4s4+300L3gm
3s3+283L2gm

2s2+112Lgms+15

42L4gm4s4+136L3gm3s3+161L2gm2s2+82Lgms+ 15

> 1. (20)

According to formulas (11), (17), and (20), the magnitude–
frequency characteristic curves of uneven current ratio are de-
scribed as Fig. 5. It indicates that the imbalance of current of
the low-side chips is much greater than that of the high-side
chips. What is more, the uneven current ratio would increase
as the current rise time decreases (as the frequency increases).
Besides, the decrease of gm and L can delay the responses in
the frequency domain, thereby improving the current imbalance
ratio.

Different from turn-ON current, turn-OFF current is less in-
fluenced by the inconsistent parasitic inductance caused by
asymmetrical layout [31], [32]. Therefore, the current sharing at
turn-OFF transient is more balanced, regardless of high-side or
low-side chips.

The above qualitative analysis results are consistent with the
DPT results shown in Fig. 3. It can be concluded that among all
switching processes, the uneven turn-ON losses of low-side chips
are the most severe, which cannot be ignored at high-frequency
inverter applications.

C. Quantitative Calculation

According to the results of qualitative analysis in Section II-
B, an accurate quantitative calculation model for the uneven
turn-ON losses of the low-side parallel chips need to be pro-
posed. Therefore, some ideal assumptions and simplifications in
Section II-C are not adopted in this section to ensure calculation
accuracy.

Fig. 6. Schematic diagram of equivalent turn-ON losses.

Fig. 7. Schematic diagram of parasitic inductance inside the IGBT module.
(a) Circuit considering mutual inductances. (b) Decoupled circuit.

To simplify the calculation process, the concept of equivalent
turn-ON losses Pequ is proposed, as shown in Fig. 6. The form
of Pequ is a series of triangles with the same base side, and the
slope of the left side is proportional to that of the current within
rise time tr. The rise time tr is defined by power semiconductor
manufacturers, that is, the rise time of the power module from
10% IC to 90% IC during the turn-ON transient. The rise time can
be obtained by datasheet or DPT for the power module. In this
way, the area of the geometry formed by PON and the abscissa
axis is similar to the area of the triangle formed by Pequ and the
abscissa axis. Therefore, the ratio of each chip’s turn-ON loss to
the total turn-ON losses can be simplified as follows:

nk =

∫ t2
t1

P
on_kdt∑6

k=4

∫ t2
t1

P
on_kdt

≈ Sk∑6
i=4 Sk

=
IREF _k∑6
i=4 IREF _k

(21)

where k = 4, 5, or 6. Moreover, the mutual inductances among
different commutation loops should be considered in the quan-
titative calculation. The symbols of mutual inductance refer to
Fig. 7. Correspondingly, (14) can be rewritten in time-domain
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form as the following formula:⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

uGE4 = uGO_l−LW
di4
dt

+LC2

(
di5
dt

+
di6
dt

)
−MC2_1

diB
dt

−MC2_2

(
−diB

dt
+
di5
dt

+
di6
dt

)

uGE5 = uGO_l−LW
di5
dt

−LC1

(
di5
dt

+
di6
dt

)
+MC1_1

diB
dt

+MC1_2

(
−diB

dt
+
di5
dt

+
di6
dt

)

uGE6 = uGO_l−(LW +LC)
di6
dt

+MC_1
diA
dt

+MC_2

(
−diA

dt
+
di6
dt

)

−LC1

(
di5
dt

+
di6
dt

)
+MC1_1

diB
dt

+MC1_2(
−diB

dt
+

di5
dt

+
di6
dt

)
.

(22)

When MC2_1, MC1_1, and MC_1 are close to MC2_2, MC1_2,
and MC_2, respectively, (20) can be approximately reached⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

MC2_1
diB
dt

+MC2_2

(
−diB

dt
+

di5
dt

+
di6
dt

)

≈ MC2_1 +MC2_2

2

(
di5
dt

+
di6
dt

)

MC1_1
diB
dt

+MC1_2

(
−diB

dt
+

di5
dt

+
di6
dt

)

≈ MC1_1 +MC1_2

2

(
di5
dt

+
di6
dt

)

MC_1
diA
dt

+MC_2

(
−diA

dt
+

di6
dt

)

≈ MC1_1 +MC1_2

2

(
di6
dt

)
.

(23)

In this way, the mutual inductances can be decoupled, as
shown in Fig. 7(b).

According to Fig. 6, the slope of the current within the rise
time can be approximately considered as constant, which is

dik
dt

≈ IREF _k

tr
. (24)

Furthermore, considering the nonlinearity of gm, (2) can be
rewritten in quadratic form and then linearized at IC/3, as

uGEk(ik) =

√
ik
β

+ Uth

≈
√

IC
3β

+ Uth +

√
3

2
√
βIC

(
ik − IC

3

)
(25)

where β is a constant determined by device structure and doping
concentration. Therefore, the expression of UGEk at IREF_k can
be simplified as

UGEk ≈
√

IC
3β

+ Uth +

√
3

2
√
βIC

(
IREF _k − IC

3

)
. (26)

Fig. 8. Extraction process of parasitic inductance inside FF225R12ME4 by
Q3D Extractor.

Substituting (23)–(26), (22) can be rewritten as

√
3

2
√
βIC

EIREF =

(
uGO_l − Uth −

√
IC
12β

)
I− FIREF

(27)
where

F=

⎡
⎣LW /tr −LEQC2/tr −LEQC2/tr

0 (LEQC1 + LW )/tr LEQC1/tr
0 LEQC1/tr (LEQC1+LW +LEQC)/tr

⎤
⎦

in which LEQC2 = LC2-(MC2_2+MC2_1)/2, LEQC1 = LC1-
(MC1_2+MC1_1)/2, and LEQC = LC-(MC_2+MC_1)/2. IREF =
[IREF_4, IREF_5, I REF_6]T, and its calculation result is

IREF =

(
uGO_l − Uth −

√
IC
12β

)( √
3

2
√
βIC

E+ F

)−1

I.

(28)
Therefore, the calculation result of (21) is

nk =
IREF(k)∑6
k=4 IREF(k)

=
G(k)∑6
k=4 G(k)

(29)

where G(k) = (
√
3

2
√
βIC

E+ F)−1I.
To verify the accuracy of above quantitative relationship,

a series of DPTs under different load currents, bus voltages,
junction temperatures, and gate resistances are carried out. The
parasitic inductances of module FF225R12ME4 under test are
extracted by ANSYS Q3D Extractor, as illustrated in Fig. 8. The
quantitative relationship between β and junction temperature
can be established according to the transfer characteristic curve
in the datasheet [33], which is

β = α1Tjav
2 + α2Tjav + α3 (30)

where Tjav is the average temperature among parallel IGBT
chips, and α1, α2, and α3 are the temperature coefficients.

The comparison between the proposed analytical model and
the experiment is shown in Fig. 9, which verifies the accuracy
of the model under various operation conditions. Furthermore,
introducing the influence of temperature difference among chips,
the uneven switching loss model of an individual chip can be
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Fig. 9. Comparison results between experimental and proposed analytical
models.

expressed as

EON_k =

⎧⎪⎪⎪⎨
⎪⎪⎪⎩

1

3
[EON_ref(IC , Rg, UDC , Tjav)+kTΔTj_k],

k = 1, 2, 3
nk · [EON_ref(IC , Rg, UDC , Tjav)+kTΔTj_k],

k = 4, 5, 6

(31)

EOFF_k =
1

3
[EOFF_ref(IC , Rg, UDC , Tjav) + kTΔTj_k],

k = 1, · · · ·, 6 (32)

Err_k =
1

3
[Err_ref(IC , Rg, UDC , Tdjav) + kTΔTdj_k],

k = 1, · · · ·, 6 (33)

where EON_ref, EOFF_ref, and Err_ref are the total turn-ON, turn-
OFF, and reverse recovery losses of power modules, ignoring
the temperature difference among chips. In this article, the three
expressions of switching loss are derived from the PLECS model
by the manufacturer, which can also be replaced by the experi-
mental test results. �Tj_i is the difference between the junction
temperature of the individual IGBT chip Tj_i and the average
temperature Tjav of parallel IGBT chips.�Tdj_i is the difference
between the junction temperature of the individual diode chip
Tdj_i and the average temperature Tdjav of parallel diode chips.
kT is the temperature coefficient of EON_ref, EOFF_ref, or Err_ref,
which is expressed as

kT =
∂EON_ref

∂Tjav
,
∂EOFF_ref

∂Tjav
, or

∂Err_ref

∂Tdjav
. (34)

Fig. 10. Thermal images of IGBT module without fan (left) and with fan
(right).

III. MODELING THERMAL COUPLING AMONG PARALLEL

CHIPS AND CORRESPONDING CALCULATION

A. Experimental Findings

The thermal cross-coupling of parallel chips is another impor-
tant effect influencing the calculation of junction temperature
inside multichip modules, which has been fully considered in
[13], [25], and [34]. However, few references focus on the impact
of cooling performance on the thermal coupling effect, and the
standard form of the thermal resistance network has not been
proposed. In [12], the influence of boundary conditions on the
thermal model is introduced by the fitting on a large number of
FE simulation results. However, the selection of fitting formula
and the correlation of fitting coefficients are unclear due to the
lack of a theoretical basis. Only based on a series of FE method
simulations and data processing, the modeling process in [12]
is inefficient.

Fig. 10 shows the thermal images of black-painted open IGBT
module under different cooling conditions by IR camera. The
diode chips are actively heated by dc current and the IGBT chips
are passively heated by the thermal cross-coupling effect. The
expression of a thermal resistance network is

Rthm,n =
Tjn − Ta

Pm
(35)

where m and n are the serial numbers of actively and passively
heated chips, respectively, and Ta is the ambient temperature.
Especially, Rthm,m represents the self-thermal resistance. Ac-
cording to (35), the coupling thermal resistance without fan is
much greater than that with the better cooling condition. The
experimental phenomenon illustrates that the parameters of the
thermal resistance network are closely related to the cooling
performance.

B. Qualitative Analysis

Fig. 11 shows the 2-D schematic diagram of heat conduction
inside multichip IGBT modules, where the solder layers are
ignored. Since the cooling condition greatly affects the heat
spreading angle θ [12], a 2-D FE simulation as Fig. 11 is
carried out to investigate the distribution of θ. According to the
simulation results shown in Fig. 12, θ can be ideally expressed
by

tanθ = g(h)l(x) =
−kCudTx/dx

h(Tx − Ta)
(36)
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Fig. 11. Schematic diagram of heat conduction inside multichip IGBT
modules.

Fig. 12. Two-dimensional FE simulation results according to the boundary
conditions shown in Fig. 11 (a) tanθ versus position. (b) hg(h) versus ln(h).

where g(h) and l(x) are the components of tan θ related to h and
abscissa x, respectively. Besides, h is convective heat transfer
coefficient at lower boundary, kCu is the thermal conductivity of
copper, and Tx is the temperature at lower boundary, which can
be expressed by

Tx − Ta = e
−hg(h)

kCu
L(x) (37)

where

L(x) =

∫
l(x)dx. (38)

Correspondingly, (35) can be rewritten as

Rthx0 =
Tx − Ta

P0
=

Tx − Ta

2h
∫ l

0 (Tx − Ta)dx

=
e
−hg(h)

kCu
L(x)

2h
∫ l

0 e
−hg(h)

kCu
L(x)

dx
. (39)

According to the first mean value theorem for definite inte-
grals, the following formula can be reached:∫ l

0

e
−hg(h)

kCu
L(x)

dx = le
−hg(h)

kCu
L(ξ) (40)

where ζ is a constant between 0 and l. Therefore, (39) can be
simplified as

Rthx0 =
e
−hg(h)

kCu
L(x)

2h
∫ l

0 e
−hg(h)

kCu
L(x)

dx
=

e
−hg(h)

kCu
L(x)

2hle
−hg(h)

kCu
L(ξ)

=
e
−hg(h)

kCu
[L(x)−L(ξ)]

2lh
. (41)

Fig. 13. Comparison results of Rthjc between FEM model and datasheet.

As shown in Fig. 12(b), hg(h) can be approximately linearized
as follows:

hg(h) ≈ p1ln(h) + p2 (42)

where p1 and p2 are the fitting coefficients. Therefore, (39) can
be rewritten as

Rthx0 ≈ e
− p1ln(h)+p2

kCu
[L(x)−L(ξ)]

2lh

= a× hb (43)

where

a =
e
− p2

kCu
[L(x)−L(ξ)]

2l
(44)

b =
−p1
kCu

[L(x)− L(ξ)]− 1. (45)

Since x is at the lower boundary, the coupling thermal resis-
tance of the upper chip can be expressed by

Rthm,n = Rthx0 + c

= a× hb + c (46)

where c represents the thermal coupling resistance inside the
module, only related to the property of the module.

The formula (46) can be considered as a standard form of
thermal resistance network. According to Fig. 12(b), the fitting
coefficient p1 is positive and L(x) is an increasing function.
Therefore, the qualitative laws of b and c about the module layout
can be concluded as follows.

1) The value of b decreases as the distance between parallel
chips increases. Generally, b is greater than −1 when the
distance between chips is close, and less than −1 when
the distance is far, which depends on the size of x and ζ in
(45).

2) The value of c decreases as the distance between par-
allel chips increases since the thermal coupling effect
decreases. Especially, c is close to zero if the two chips
are not on the same direct copper bonding (DCB).

C. Quantitative Calculation

To solve the 3-D temperature field of the proposed IGBT mod-
ule, finite element method (FEM) is applied for the extraction of
the thermal resistance network. First, the accuracy of the material
parameters and geometric structure of the FEM model need to
be verified. The comparison results are shown in Fig. 13. For the
FEM model using the material parameters shown in Table I, its
simulation results of junction-case thermal resistance are almost
consistent with datasheet. Then, based on the verified FEM
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TABLE I
MAJOR MATERIAL PROPERTIES OF THE IGBT MODULE

Fig. 14. Fitting results of the thermal resistance network of chip 1 based on
(40).

Fig. 15. Fitting parameter distribution: (a) b and (b) c.

model, the parametric sweep of variable h from 20 W/(m2·K) to
20 000 W/(m2·K) is carried out. Finally, the thermal resistance
network can be obtained according to the standard fitting form
as (40). The fitting results are shown in Fig. 14 and Table II. It
can be seen that the standard equation has high fitting accuracy,
as the goodness of fit (R in Table II) of all the chips are close
to 1. Moreover, according to Table II, the relationship between
fitting coefficients (b and c) and chip distance is established, as
shown in Fig. 15. Based on the result of quantitative calculation
in the figure, the conclusions of qualitative analysis can be
fully verified. According to (40), fewer FEM simulations can be
used to obtain the thermal resistance network related to cooling
conditions, thereby speeding up the modeling efficiency.

Fig. 16. Junction temperature of each chip at different root-mean-square of
the output current.

Fig. 17. Comparison results between the proposed calculation method and
Infineon IPOSIM at different operation conditions (Rg = 5 Ω).

Fig. 18. Topology of the experimental setup.

Fig. 19. Inverter experimental setup.
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TABLE II
FITTING COEFFICIENT OF THERMAL RESISTANCE NETWORK

Due to the central symmetry of the module layout, the com-
plete thermal resistance network can be expressed as

Rth =

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

Rth1,1 · · · Rth1,n · · · Rth1,12

...
...

...
...

...
Rthm,1 · · · Rthm,n · · · Rthm,12

...
...

...
...

...
Rth6,1 · · · Rth6,n · · · Rth6,12

...
...

...
...

...
Rth13−m,12 · · · Rth13−m,13−n · · · Rth13−m,1

...
...

...
...

...
Rth1,12 · · · Rth1,13−n · · · Rth1,1

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

.

(47)

IV. METHOD TO RESPECIFY DEVICE SOA

A. Calculation Method of the Maximum Junction Temperature

In this section, the two-level voltage-source dc–ac converter
(2L-VSC) is selected to introduce the TSOA description ap-
proach. Above all, two ideal assumptions need to be made: one
is that the current is considered constant during one switching
cycle; the other is that the junction temperature is also considered
constant during one fundamental cycle. Based on the above
assumptions, the current IC at the ith switching cycle can be
expressed as

IC(i) =
√
2× I × sin

(
2π × fOUT × i

fW
− arccos(Q)

)
(48)

where fOUT is the fundamental frequency, fW is the switching
frequency, and Q is the power factor. Therefore, the conduction

TABLE III
PARAMETERS OF EXPERIMENTAL SETUP

energy loss in one switching cycle can be expressed as

ECON_H(i) =

⎧⎪⎪⎨
⎪⎪⎩

IC(i)× VCE(IC(i), Tjav)

×TON (i), IC(i) > 0

0, IC(i) ≤ 0

(49)

EDCON_H(i) =

⎧⎪⎪⎨
⎪⎪⎩

−IC(i)× VF (−IC(i), Tdjav)

×TON (i), IC(i) < 0

0, IC(i) ≥ 0

(50)

ECON_L(i) =

⎧⎪⎪⎨
⎪⎪⎩

−IC(i)× VCE(−IC(i), Tjav)

×( 1
fW

− TON (i)), IC(i) < 0

0, IC(i) ≥ 0

(51)

EDCON_L(i) =

⎧⎪⎪⎨
⎪⎪⎩

IC(i)× VF (IC(i), Tdjav)

×( 1
fW

− TON (i)), IC(i) > 0

0, IC(i) ≤ 0

(52)
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TABLE IV
COMPARISON RESULTS BETWEEN IR CAMERA, PROPOSED METHOD, AND IPOSIM

∗IR: IR camera, P: proposed method , I: IPOSIM, E1=(P−IR)/IR×100%, E2=(I−IR)/IR×100%.

where VCE and VF are the output characteristic of parallel
IGBT and diode chips, respectively, which can be obtained from
datasheet. TON(i) is the conduction time of the high-side IGBT
chips in the ith switching cycle, which can be expressed as

TON (i) =
0.5× (1+K × sin(2× π × i× fOUT /fW ))

fW
(53)

where K is the modulation index, which is set to 0.8 in this article.
Substituting (31)–(33), the average power loss of an individual
chip in one fundamental cycle can be expressed as

PIGBT _k

=

⎧⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎩

fOUT

fW /fOUT∑
i=1(

ECON_H(i)
3 + EON_k(i) + EOFF_k(i)

)
, k = 1, 2, 3

fOUT

fW /fOUT∑
i=1(

ECON_L(i)
3 + EON_k(i) + Eoff_k(i)

)
, k = 4, 5, 6.

(54)

PDiode_k

=

⎧⎪⎪⎨
⎪⎪⎩

fOUT

fW /fOUT∑
i=1

(
EDCON_H(i)

3 + Err_k(i)
)
, k = 1, 2, 3

fOUT

fW /fOUT∑
i=1

(
EDCON_L(i)

3 + Err_k(i)
)
, k = 4, 5, 6.

(55)

Furthermore, substituting (47), the junction temperature of
each chip can be expressed as

T = P×Rth + TaI (56)

where P = [PIGBT_1, PDiode_1, PIGBT_2, PDiode_2, …,
PIGBT_6, PDiode_6], and T = [Tj_1, Tdj_1, Tj_2, Tdj_2, …,Tj_6,
Tdj_6]. Moreover, h can be obtained according to the information
of the cooling system, which is

h =
1

Rthca ×A
(57)

where Rthca is the thermal resistance of the cooling system. A is
the heat exchange area of the IGBT module, that is, the area of

Fig. 20. Temperature distribution by IR camera at (a) Test I and (b) Test II.

Fig. 21. Description process of TSOA.

the bottom surface of the substrate. For the considered modules
in this article, A is 7561 mm2. Since power loss is closely related
to junction temperature, the iterative calculation is carried out
until the relative error ε is lower than the setting reference,
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Fig. 22. TSOA of module FF225R12ME4 under different operation conditions
(Ta = 60 °C).

which is

ε =

∥∥Tn+1 −Tn
∥∥

‖Tn‖ < 0.001 (58)

where n is the number of iterations.
Due to the employment of uneven power loss and thermal

resistance model, the junction temperature of each chip can

be calculated, thus the chip with the highest temperature can
be discovered and used to evaluate the thermal safety of the
IGBT module, as shown in Fig. 16. It can be seen that the
junction temperatures among parallel chips are different, and
the chip T4 usually has the highest junction temperature due to
the highest ratio of turn-ON loss. To evaluate the effectiveness of
the model, a series of simulations at different operation condi-
tions have been carried out by Infineon IPOSIM. The comparison
results are shown in Fig. 17. Since the measurement conditions
of thermal resistance in the datasheet and IPOSIM are using a
water-cooling bar [35], the thermal cross-coupling effect is poor
(shown in Fig. 14). Therefore, the calculation results between the
average junction temperature and IPOSIM are almost the same
when the cooling performance is good. However, as the cooling
performance decreases, the calculated junction temperature is
gradually higher than IPOSIM due to the greater thermal cross-
coupling effect. In this case, the conventional 1-D RC lumped
thermal model by IPOSIM could lead to the underestimation
of the maximum junction temperature in the IGBT module,
increasing the risk of thermal failure of the device. Additionally,
the difference between the maximum junction temperature and
the average junction temperature increases as the switching fre-
quency increases at the same current, due to the uneven dynamic
current effect. The comparison results show that the proposed
calculation method is more effective than the traditional one in
calculating the maximum junction temperature.

To verify the accuracy of the proposed method, an experi-
mental setup was established, as shown in Figs. 18 and 19. The
setup consists of an H-bridge inverter, a water cooling system,
and an infrared thermal camera, and the setup parameters are
presented in Table III. Moreover, an opened and black-painted
IGBT module was used for the test of temperature distribution
under the high-frequency inverter condition for each chip. In
the experiment, two different operation conditions were tested
as shown in Fig. 20, and the comparison results are shown
in Table IV. From the test results, it can be seen that the
temperature distribution among parallel IGBT chips is quite
uneven due to the imbalanced switching loss and the uneven ther-
mal resistance distribution, and chip T4 has the highest junction
temperature. Compared with IPOSIM, the proposed calculation
method can describe the uneven temperature distribution among
chips to a certain extent, as shown in Table IV. The errors come
from the simplified processing of the method itself, such as
the averaging processing of power loss in parallel diode chips.
However, the maximum temperature inside the IGBT module
can be accurately calculated by the method, thereby providing
strong support for the safe design of inverters.

B. Description Process of TSOA

The detailed description process of TSOA is shown in Fig. 21,
where ULOW and UUPPER are the lower and upper limits of
UDC respectively, and ILOW is the low limit of I. The complete
process considers both operation conditions and the information
of power modules. Owing to the proposed analytical model of
uneven power loss and thermal distribution in (29) and (47),
the description process can be performed within a few seconds,
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Fig. 23. Recommended area of different types of IGBT modules under inverter
applications. (a) Rthca = 0.024 K/W, Ta = 60 °C, and f = 10 000 Hz.
(b) Rthca = 0.06 K/W, Ta = 40 °C, and f = 5000 Hz.

including the several hundred junction temperature calculations
under different current and voltage. Therefore, the approach is a
more efficient tool in the initial design phase of the power elec-
tronic system, compared with the traditional circuit simulation
software. Fig. 22 shows the TSOA of module FF225R12ME4
under different operation conditions. It can be seen that the area
of TSOA is sensitive to Rthca, f and Rg, while less sensitive
to Q. Moreover, the 50% current margin (based on experience)
still cannot meet the thermal safety requirements of the power
module under certain operation conditions. Therefore, can be
regarded as a supplement to the datasheet, which enables more
well-founded margins design to achieve the safe application of
power modules in the inverter application.

With the proposed approach, the TSOA of standard 1200-V
half-bridge IGBT modules from 150 to 450 A with EconoDUAL
housing can be fully described. According to [21], 100 °C
can be considered as the optimized junction temperature since
the device achieves good tradeoff between cost and thermal
safety. Correspondingly, Fig. 23 shows the recommended area of
different types of IGBT modules under inverter application (Rg

is the recommended value on the respective datasheet), which
represents the lowest design cost when the maximum junction
temperature is lower than 100 °C. It illustrates that the proposed
approach can guide the cost-efficient device selection for the
power electronics system.

V. CONCLUSION

This article proposes a description approach for the TSOA of
multichip power modules. The superiority of this approach is to
consider the uneven distribution of junction temperature among
parallel chips while ensuring the efficiency of the calculation.

The two key influencing factors, i.e., uneven dynamic current
and thermal cross-coupling effects, have been fully investigated
and modeled. The proposed uneven power loss and thermal
resistance model are verified by experiments and FEM sim-
ulation, and further applied in the TSOA evaluation process.
Compared with the traditional circuit simulation software, the
proposed approach has higher calculation efficiency and accu-
racy, especially suitable for initial device selection and system
design. Moreover, although for IGBT module and 2L-VSC in
this article, the method is also applicable to other multichip
parallel high-power devices and circuit topologies.
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