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Abstract—This article proposes an accurate dc-side impedance
modeling method of modular multilevel converter (MMC) and a
control strategy for improving the stability of the dc system in
MMC-based dc grid. First, the impedance modeling method based
on harmonic linearization is adopted to establish the dc-side small-
signal impedance model of MMC, which considers the internal
multiharmonic coupling characteristics and the complete control
system. Second, an equivalent model is established to analyze the
frequency impedance characteristics of the dc ports in MMC-based
dc grid, and the stability of dc ports is further analyzed based on the
impedance-based stability criterion. Then, considering both the dy-
namic characteristics and stability of the dc system, a specific design
method of controller parameter optimization and additional virtual
damping controller is proposed. Based on MATLAB/Simulink, a
detailed time-domain simulation model of MMC-based dc grid is
established. The simulation results prove the accuracy of the pro-
posed impedance modeling method and the validity of the proposed
control strategy.

Index Terms—Frequency impedance characteristic, harmonic
linearization, impedance model, modular multilevel converter
(MMC)-based dc grid, virtual damping.

I. INTRODUCTION

IN RECENT years, modular-multilevel-converter-based
high-voltage direct current transmission technology (MMC-

HVdc) has become an ideal solution for the power transmission
of island new energy electric field due to its advantages, such
as high modularity, low switching loss, small output voltage
distortion, and active and reactive power decoupling control
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[1], [2]. However, with the establishment of more and more
MMC-HVdc projects, its potential stability problem becomes
more and more prominent. For MMC-based dc grid with large
capacity, its stability problem is more prominent. MMC-based
dc grid is a complex system due to its multiple ports. Harmonic
of any ac port may flow into the MMC-based dc grid through
MMC, causing resonance of the whole dc grid.

Past research on the voltage source converter (VSC) shows
that both impedance-based and eigenvalue-based stability anal-
ysis methods can be used to analysis the stability of the system
for a VSC-based HVdc system [3], [4], and the ac-side and
dc-side impedance coupling relationship is analyzed in detail in
[5]. From previous research works, the dc-side impedance model
of VSC, including control loops, is derived, and the stability of
VSC-HVdc is studied based on the impedance model [6]–[9].

At present, there have been some research works on the sta-
bility of VSC-based HVdc system and ac system in MMC-based
dc grid in the engineering, whereas rare research works on the
stability of dc system are done. In this article, the way to study the
stability of the dc system is to analyze stability of dc ports based
the impedance-based stability criterion [10]–[12], which first
requires obtaining the frequency impedance characteristics of
each dc port. However, because of its complex internal structure
and special circulation controller, dc-side impedance modeling
of MMC is much more complicated than the two-level VSC
[13]–[16]. The topology of the MMC-based dc grid is diverse,
and the connection mode of the dc system is complex, so the
transformation of operating mode will change the frequency
impedance characteristics of the dc ports. In addition, the fre-
quency impedance characteristics of dc ports are much more
complicated due to the use of overhead lines. So, it is very
difficult to study the stability of the dc system in MMC-based
dc grid.

From previous research work, it is universally acknowledged
that mastering the dc-side frequency impedance characteristics
of MMC is the key to study the stability of the dc system in
MMC-based dc grid. Generally, the frequency impedance char-
acteristics can be obtained by the simulation measurement and
the impedance modeling. The simulation measurement needs
to build a detailed simulation model and test the impedance
of multiple frequencies, which is time-consuming and needs to
be retested when the system parameters change, whereas the
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principle of impedance modeling is to establish the impedance
model of the MMC through analytical calculation, which is
convenient and fast, and can study the influence of various
system parameters on the frequency impedance characteristics.
Therefore, it is more suitable to obtain the frequency impedance
characteristics of the MMC on dc side. In [17]–[19], the average
model of MMC is deduced for analyzing terminal behaviors.
However, its derivation directly ignores the coupling of multiple
harmonics within arms and the dynamic process of the submod-
ule capacitor, so it cannot accurately reflect the actual charac-
teristics of the MMC. In [20] and [21], the dc-side small-signal
impedance model of MMC is proposed, in which the influence of
circulating current control is considered. However, the influence
of inner and outer loop controllers on dc-side impedance has
not been analyzed, so the obtained model is not general. In [22],
the dc-side impedance model of MMC is established and the
resonance mechanism of the dc ports in MMC-based dc grid is
analyzed. In addition, the stabilization strategy was proposed by
using capacitor energy storage effect to suppress the harmonics
on the dc side and to avoid the resonance of the dc system.
However, the established MMC dc-side impedance model is an
inductor, which directly ignores the characteristics of the sub-
module capacitor and the influence of control system, resulting
in a low accuracy of the model. The sequence impedance model
on the ac side of MMC based on the harmonic linearization is
established in [23]. In the model, the coupling among multiple
harmonics within MMC and the dynamic process of submodule
capacitor were considered. With high accuracy, it can be directly
extended to the impedance modeling on the dc side of MMC.
However, the small-signal model of the outer-loop controller
is not considered in the modeling. The impedance model on
the ac side of MMC based on the harmonic state space (HSS)
modeled with voltage control loop is established in [25] and
[26]. And the zero-sequence voltage in ac side caused by the
inner coupling of MMC is further considered in the single-phase
model of MMC with current control in [27]. But they all only
consider single closed-loop control in the model, whereas the
double closed-loop control strategy and different control modes
commonly used in engineering are not covered [25]–[27]. In
[28], the dc-side impedance model of MMC based on the HSS
modeling is established without considering the influence of
the control system. In fact, the actual MMC is a closed-loop
controlled system, and thus the established model is incomplete.

In addition, additional virtual damping controller is often used
to improve the stability of the dc system in the MMC-HVdc
project. However, due to the low accuracy of the established
impedance model, it has certain limitations in the design process
of the parameters of the virtual damping controller. For Mar-
itime VSC-HVdc system, the method of additional virtual series
damping on the dc side of converter station under dc voltage
control mode is proposed to suppress the resonance of dc system
in [29], and the influence of different virtual damping controller
parameters on the stability of the system by the Nyquist criterion
is analyzed. In [30], additional virtual damping controller on the
dc side of converter station under power control mode is pro-
posed to improve the stability of the dc ports in the MMC-HVdc
system, and it gives the detailed parameter design process of

the virtual damping controller. However, the average model for
the MMC is adopted in the analysis of frequency impedance
characteristics, with low accuracy. In addition, the filters in the
virtual damping controller are band filter, which will make the
dynamic performance of the system worse. An ac impedance
model for grid-connected MMCs by means of complex vec-
tors and harmonic transfer function matrices is developed, and
the impacts of the zero-sequence circulating current (ZSCC)
control on the ac-side dynamics of the MMC are revealed in
[31]. A systematic parameter-tuning guideline for the ZSCC
control loop is also developed. Based on the abovementioned
analysis, it is necessary to establish a more accurate MMC
dc-side small-signal impedance model to analyze the stability of
the dc port in MMC-based dc grid and propose the corresponding
stabilization method.

In this article, the control strategy to improve the stability of
the dc system in multiterminal MMC-based dc grid is studied.
First, based on harmonic linearization, a small-signal impedance
model of MMC on dc side is established, which considers the
coupling of internal multiple harmonics and the complete control
system. As a result, the established impedance model is highly
accurate. Second, taking a typical four-terminal MMC-based dc
grid as an example, the stability of each dc port is studied based
on the impedance stability criterion. Then, aiming at the problem
of insufficient stability margin in the abovementioned analy-
sis results, the stabilization strategy of optimizing controller
parameters and adding virtual damping controller is adopted.
Considering both the dynamic characteristics and stability of
the system, the precise design method of optimizing controller
parameters and adding virtual damping controller is proposed.
Finally, the simulation results verify the effectiveness of the
proposed control strategy and provide a reference for improving
the stability of the dc system in MMC-based dc grid.

II. SMALL-SIGNAL MODEL OF MMC POWER STAGE

A. Averaged Model

Fig. 1 shows the circuit diagram of an MMC. Each arm
consists of N submodules, and each electrical variable uses two
subscripts, which designate the phase (a, b, and c) and the arm
(u for the upper arm, and l for the lower arm), respectively.
In addition, L is the inductance of the arm inductor, and its
equivalent parasitic resistance is rL. Cm is the capacitance of
the submodule capacitor. Assuming that the insertion index of
upper arm of phase a is mau, and all submodule voltages are
balanced, time-domain averaged model of upper arm of phase a
can be expressed as (1) and (2) [32], [33]

L
diau
dt

+ rLiau = vp − va −mauvau (1)

C
dvau
dt

= mauiau (2)

where va is voltage of phase a, iau is the current of phase
a upper arm, vau is the sum of the capacitor voltages of all
submodules in the phase a upper arm, and C = Cm/N is the
equivalent capacitance of all submodule capacitors. In addition,
each electrical variable in the MMC contains multiple frequency
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Fig. 1. Basic structure of MMC.

Fig. 2. Diagram of MMC with dc-side disturbance voltage.

components, and coupling relationship exists among electrical
variables of different frequencies.

B. Linearization of Power Stage Model

Referring to [23], the way to model MMC dc-side impedance
by harmonic linearization is to add a sinusoidal voltage per-
turbation on the dc side of the MMC first, which is shown in
Fig. 2. And then, the dc-side impedance can be determined by
calculating the corresponding dc-side current response at the
perturbation frequency. Obviously, the dc bus voltage is

vpn = Vdc + v̂p = Vdc + Vp cos(2πfpt+ ϕp) (3)

where vpn is dc bus voltage when perturbation voltage is added,
v̂p is perturbation voltage, Vp is magnitude of perturbation
voltage, and ϕp is phase angle of perturbation voltage.

Because the measurement of dc-side impedance is based on
the linear and time-invariant circuits obtained after the lineariza-
tion, it is independent from the initial phase angle of the voltage
perturbation [33]. In order to facilitate the calculation, the initial
phase angle can be set to zero.

Since there is a symmetrically similar relationship among
three phases, the subscripts a, b, and c of variables which desig-
nate the phase are dropped to simplify the notation. The voltage
perturbation v̂p added to the dc side will lead to a small-signal
harmonic response at the perturbation frequency in the arm
current iu, the sum of submodule capacitor voltages vu, and the
insertion index mu, respectively. These small-signal harmonics
are coupled with steady-state harmonics, which lead to a pair
of new small-signal harmonics with frequency of fp ± kf1,
k = 1, 2, …, n. At the same time, small-signal harmonics
will also be coupled with each other to produce high-order
small-signal harmonics with frequency of mf ± kf1, k = 1,
2, …, n, m = 1, 2, …, n. But their amplitudes are too small
and can be ignored in the linearization [23]. Therefore, these
small-signal harmonics generated by the voltage perturbation
added to the MMC dc side can be represented as vectors.

In addition, since the voltage perturbation added on the dc
side has the same effect on the six arms, the phase and sequence
relationships among the harmonics of six arms can be expressed
as follows [34]–[37].

Notably, the differential-mode components will flow to the ac
side, the positive and negative common-mode components will
flow among the three phase arms, and the zero common-mode
components will flow to the dc side

v̂u =

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

V̂p−nejα̂p−n

...
V̂p−1ejα̂p−1

V̂pe
jα̂p

V̂p+1e
jα̂p+1

...
V̂p+ne

jα̂p+n

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

, îu =

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

Îp−nejβ̂p−n

...
Îp−1ejβ̂p−1

Îpe
jβ̂p

Îp+1e
jβ̂p+1

...
Îp+ne

jβ̂p+n

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

,

m̂u =

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

M̂p−nejγ̂p−n

...
M̂p−1ejγ̂p−1

M̂pe
jγ̂p

M̂p+1e
jγ̂p+1

...
M̂p+ne

jγ̂p+n

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

(4)

f =

⎧
⎨
⎩

fp + 3kf1 zero sequence
fp + (3k + 1)f1 positive sequence
fp + (3k − 1)f1 negative sequence

f =

{
fp + (2k + 1)f1 differential mode
fp + 2kf1 common mode

. (5)

Based on the abovementioned analysis, the power stage small-
signal model of the MMC can be obtained after the linearization
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of average model [38]–[41]

Zl îu = v̂p/2− v̂a −mu ⊗ v̂u − vu ⊗ m̂u (6)

Y cv̂u = Muîu + Ium̂u (7)

where îu, v̂u,m̂u, and v̂a are vectors of the small-signal harmon-
ics, and Iu, Vu, and Mu are matrixes of steady-state variables.
Iu, Vu, and Mu have similar matrix forms, and using the Vu as
example, the corresponding steady-state matrix is

Vu=

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

. . .
...

...
...

...
... ···

· · · V1e
jα1 V0 V1e

−jα1 V2e
−jα2 V3e

−jα3 · · ·
· · · V2e

jα2 V1e
jα1 V0 V1e

−jα1 V2e
−jα2 · · ·

· · · V3e
jα3 V2e

jα2 V1e
jα1 V0 V1e

−jα1 · · ·

··· ...
...

...
...

...
. . .

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

.

(8)

In addition, the impedance of the arm inductor and the equiv-
alent module capacitor are as follows:

Zl = j2πL · diag[fp − nf1, · · · , fp − f1, fp,

fp + f1, · · · , fp + nf1]

+ diag
[
rL, · · · , rL, rL, rL, · · · , rL

]

Yc = j2πC · diag [fp − nf1, · · · , fp − f1, fp,

fp + f1, · · · , fp + nf1]. (9)

It is pointed out that the small-signal model considering three
or more times of small-signal harmonics is accurate enough,
so the modeling of small-signal impedance in this article only
considers the harmonics within three times [23]. In addition, the
small-signal harmonic vector of upper arm insertion index m̂u

is related to the control system mode and parameters. In order
to get the small-signal impedance model, it is necessary to set
up the small-signal model of the control system.

III. CONTROL MODELING AND DC-SIDE IMPEDANCE OF MMC

The control modes of MMC mainly include dc voltage con-
trol, ac voltage control, and power control. In this section, the
small-signal models of these three typical control modes will
be established, respectively. In addition, the modeling process
is similar to other control modes.

A. DC Voltage Control Mode

A typical MMC double-loop control block diagram of the dc
voltage control mode is shown in Fig. 3. In general, it is equal to
the superposition of four control loops [33], so the small-signal
model of dc voltage control mode can be modeled by

m̂u = Qiîu +Qcîu + P v v̂p/2 + P pllv̂a (10)

where Qi, Qc, P v , and P pll are the coefficient matrixes of
the phase current control loop, the circulating current control
loop, the dc voltage control loop, and the phase lock loop,

Fig. 3. Block diagram of dc voltage control mode.

respectively. In this article, only the harmonics within three times
are considered, so Qi, Qc, P v , and P pll are all square matrices
of seven order, and the matrix coefficients are related to their
control loop and control parameters.

1) Phase Current Control: The phase current loop controls
the three-phase ac terminal current, and only the positive- or
negative-sequence components in the arm current of the differ-
ential mode can be output to the ac terminals. In other words,
the phase current controller only works on current harmonics
whose frequencies are f = fp + (6k ± 1)f1, k � Z. Based on
the abovementioned analysis, the coefficient matrix of the phase
current control loop can be expressed as

Qi = diag [0 0 a 0 b 0 0] (11)

where the frequency corresponding to coefficient a is fp − f1,
which is the gain coefficient of the negative-sequence component
of the differential mode, whereas the frequency corresponding
to coefficient b is fp + f1, which is the gain coefficient of the
positive-sequence component of the differential mode.

Since the phase current loop adopts a proportional integral
(PI) controller based on dq decoupling control, it is pointed out
in [23] that dq transformation will shift the frequency down-
ward by f1 of positive-sequence harmonics and upward by f1
for negative-sequence harmonics, where f1 is the fundamental
frequency. Thus, the parameters in the coefficient matrix Qi can
be obtained by

a = Hi(j2π(fp − f1) + j2πf1) + jKid

b = Hi(j2π(fp + f1)− j2πf1)− jKid. (12)

2) Circulating Current Control: The second circulating-
current control loop only reacts to the common-mode compo-
nents in the arm current among the three-phase arms, and thus
the second circulating-current controller only works on current
harmonics whose frequencies are f = fp + (6k ± 2)f1, k � Z.
Based on the abovementioned analysis, the coefficient matrix of
the second circulating-current loop can be obtained by

Qc = diag [0 c 0 0 0 d 0]. (13)

In the coefficient matrix Qc, the frequency corresponding
to coefficient c is fp − 2f1, which is the gain coefficient of
positive-sequence component of the common mode, whereas
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the frequency corresponding to coefficient d is fp + 2f1, which
is the gain coefficient of negative-sequence component of the
common mode.

The dq-decoupling-control-based PI controller is also used
in the second circulating-current control loop, but different
from the phase current control loop, the negative-sequence
dq transformation will shift the frequency upward by 2f1 for
positive-sequence harmonics and downward by 2f1 for negative-
sequence harmonics. Based on the abovementioned analysis, the
parameters in the coefficient matrix Qc can be obtained

c = Hc(j2π(fp − 2f1) + j4πf1) + jKcd

d = Hc(j2π(fp + 2f1)− j4πf1)− jKcd. (14)

3) DC Voltage Control: The dc-side voltage perturbation is
compensated by the dc voltage compensator and the phase
current compensator and then added to the insertion index m
after dq inverse transformation. In addition, the compensated
dc-side voltage perturbation will generate two new small-signal
harmonics after dq inverse transformation, and the amplitude
and frequency will be different from before.

Assuming the compensated voltage perturbation is

m̂dq =

[
Md cos(θp + ϕ)

0

]
. (15)

The harmonics after dq inverse transformation are shown as

m̂ = TT
dq · m̂dq =

1

2
Md

×

⎡
⎢⎣

cos[(θp − θ) + ϕ] + cos[(θp + θ) + ϕ]

cos
[
(θp − θ) + ϕ+ 2π

3

]
+ cos

[
(θp + θ) + ϕ− 2π

3

]

cos
[
(θp − θ) + ϕ− 2π

3

]
+ cos

[
(θp + θ) + ϕ+ 2π

3

]

⎤
⎥⎦

(16)

where θ = 2πf1t and θp = 2πfpt.
According to the results after the dq inverse transformation, it

can be found that the amplitudes of two small-signal harmonics
are half of the original, and the frequencies are fp − f1 and fp +
f1, respectively. Among them, the small-signal harmonic with
frequency of fp − f1 is negative-sequence component among
three phases, whereas the small-signal harmonic with frequency
of fp + f1 is positive-sequence component among three phases.
Therefore, the coefficient matrix P v of the dc voltage control
loop can be expressed as

P v(:, 4) = [0 0 e 0 f 0 0]T . (17)

The matrix P v has zero elements in all columns except col-
umn 4. The frequency corresponding to coefficient e is fp − f1,
whereas the frequency corresponding to coefficient f is fp + f1,
but the frequency in compensator is fp. Therefore, the coefficient
in the matrix P v can be obtained by

e = Hv(j2πfp)Hi(j2πfp)/2

f = Hv(j2πfp)Hi(j2πfp)/2. (18)

4) Phase-Locked Loop: Fig. 4(a) shows the control block
diagram of the PLL, and its small-signal model can be simplified
as the control block diagram shown in Fig. 4(b) [23], [24].

Fig. 4. (a) Block diagram of a basic PLL. (b) Its linearized model.

Analyzing the relationships of small-signal responses among
three phases, when a voltage perturbation with frequency fp is
added to the dc side of MMC, the ac terminal will generate a
positive-sequence voltage harmonic with frequency fp + f1 and
a negative-sequence voltage harmonic with frequency fp − f1.
These harmonics will perturb the output phase angle of the PLL
and further affect the control system of MMC.

When the ac side contains a positive-sequence voltage har-
monic (f = fp + f1), the output phase angle perturbation of
the PLL can be obtained by

θ̂ = −j Vs

2
ejϕ

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎣

0
0
0

Gθ(j2πfp)
0
0
0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎦

← fp − f1
← fp
← fp + f1

(19)

where Vs and ϕ are amplitude and phase of the ac voltage
harmonic, respectively, and Gθ(s) is the closed-loop transfer
function of PLL. It can be found that the frequency is shifted
downward by f1 when the ac side contains a positive-sequence
voltage perturbation.

Based on the abovementioned analysis, the dq transformation
matrix with phase angle perturbation can be obtained by

T dq(θ + θ̂) ≈ T dq(θ) + θ̂
d

dt
T dq(θ)

= T dq(θ) + θ̂T dq

(
θ +

π

2

)
. (20)

And the dq inverse transformation matrix is

T T
dq(θ + θ̂) ≈ T T

dq(θ) + θ̂T T
dq

(
θ +

π

2

)
. (21)

Therefore, this phase angle perturbation will affect all pro-
cesses, including dq transformation and dq inverse transforma-
tion, respectively.

PLL dynamic effect should be considered both in dc voltage
control loop and current control loop when MMC operates in
the dc voltage control mode. Each phase current and dc voltage
contain a steady state and a series of small-signal harmonics.
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Similarly, each dq-frame compensator output also contains a
steady state (dc) and a series of small-signal harmonics. The
dq-frame current control models presented in Section III-A1
captured the small-signal response due to the multiplication
of the first term on the right-hand side of (20) and (21) with
the small-signal harmonics in phase currents and the dq-frame
compensator outputs, respectively. The dq-frame dc voltage
control model presented in Section III-A3 captured the small-
signal response due to the multiplication of the first term on
the right-hand side of (21) with small-signal harmonics in the
dq-frame compensator outputs.

Multiplication of steady-state component of the phase cur-
rents with the second term of (20) leads to new small-signal
harmonics. And these new small-signal harmonics will be prop-
agated to insertion index through current controller and first
term of (21). Multiplication of the second term of (21) with the
steady-state component of the dq-frame compensator outputs
leads to new small-signal harmonics. It should be noted that this
process represents the PLL dynamic effect of both dc voltage
control loop and current control loop, because the steady-state
component of the dq-frame compensator outputs includes in-
formation of both dc voltage control loop and current control
loop.

New small-signal harmonics from multiplication of steady-
state component of the phase currents with the second term of
(20) is analyzed as below.

Assuming the fundamental current of ac terminal is

is =

⎡
⎣
ia
ib
ic

⎤
⎦ =

⎡
⎢⎣

I1 cos(θ + ϕz)

I1 cos(θ − 2π
3 + ϕz)

I1 cos(θ +
2π
3 + ϕz)

⎤
⎥⎦ . (22)

After dq transformation, the small-signal response to phase
angle perturbation is

θ̂ · T dq

(
θ +

π

2

)
· is = θ̂

[
I1 cos(ϕz − π

2 )

I1 cos(ϕz − π)

]
. (23)

After compensated by the phase current loop compensator
and dq inverse transformation, this small-signal response further
becomes

T T
dq(θ + θ̂) ·

[
îd
îq

]
≈ 1

2
VsI1Gθ(j2πfp)[Hi(j2πfp)− jKid]

⎡
⎢⎢⎣

cos(θp − θw + ϕ− ϕz)− cos(θp + θ + ϕ+ ϕz)

cos
(
θp − θ+ϕ− ϕz+

2π
3

)− cos
(
θp + θ+ϕ+ϕz − 2π

3

)

cos
(
θp − θ+ϕ− ϕz − 2π

3

)− cos
(
θp + θ + ϕ+ϕz+

2π
3

)

⎤
⎥⎥⎦.

(24)

It can be found that the phase current control loop generates
additional small-signal responses due to phase angle perturba-
tion. Then, the steady-state insertion index will also respond to
the phase angle perturbation in the dq inverse transformation.
In addition, the response of the circulating current control loop
to the phase angle perturbation can be neglected because the
circulating current in the arm has been suppressed under the
steady-state condition.

Similarly, new small-signal harmonics from multiplication of
the second term of (21) with the steady-state component of the
dq-frame compensator outputs are analyzed as below.

Assume that the fundamental component of the insertion
index before the dq inverse transformation is

[
Md

Mq

]
=

[
M1 cos(φ)

M1 cos
(
φ− π

2

)
]
. (25)

After the dq transformation, the small-signal responses to
phase angle perturbation is

θ̂TT
dq

(
θ +

π

2

)
·
[
Md

Mq

]
=

1

2
VsM1Gθ(j2πfp)

·

⎡
⎢⎣

cos(θp+θ+ϕ+φ)− cos(θp − θ+ϕ− φ)

cos
(
θp+θ+ϕ+φ− 2π

3

)− cos
(
θp − θ+ϕ− φ+ 2π

3

)

cos
(
θp+θ+ϕ+φ+ 2π

3

)− cos
(
θp − θ+ϕ− φ− 2π

3

)

⎤
⎥⎦.

(26)

Therefore, when there is a positive-sequence voltage har-
monic with frequency of fp + f1 on the ac terminal, the small-
signal responses of the control system caused by the phase angle
perturbation is

1

2
Gθ(j2πfp)[M1 − I1[Hi(j2πfp)− jKid]]

· Vs cos(θp + θ + ϕ) +
1

2
Gθ(j2πfp)

· [I∗1[Hi(j2πfp)− jKid]−M ∗
1]Vs cos(θp − θ + ϕ) (27)

where

M1 =
M1

2
ejφ, M ∗

1 =
M1

2
e−jφ

I1 =
I1
2
ejϕz , I∗1 =

I1
2
e−jϕz . (28)

Similarly, when the ac terminal contains a negative-sequence
voltage harmonic (f = fp − f1), the small-signal responses of
the control system caused by the phase angle perturbation can
be obtained by

1

2
Gθ(j2πfp)[M

∗
1 − I∗1[Hi(j2πfp) + jKid]]

· Vs cos(θp − θ + ϕ) +
1

2
Gθ(j2πfp)

× [I1[Hi(j2πfp) + jKid]−M1]Vs cos(θp + θ + ϕ).
(29)

In addition, the relationship among small-signal voltage har-
monics and small-signal current harmonics on the ac side can
be expressed as

v̂a = Zaîa = 2Zaîu (30)

where the small-signal impedance (including line impedance
and load impedance) on the ac side is

Za = diag [0 0 z(fp − f1) 0 z(fp + f1) 0 0]. (31)
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Synthesizing the abovementioned derivation process, the
small-signal model of PLL can be obtained by

m̂u = P pllv̂a = 2P pllZaîu (32)

where

P pll =

⎡
⎢⎢⎢⎢⎢⎢⎣

02×2 02×2
A 0 B

0 0 0

C 0 D

02×2 02×2

⎤
⎥⎥⎥⎥⎥⎥⎦
. (33)

And the corresponding coefficients in the matrix are

A =
1

2
Gθ(j2πfp)[M

∗
1 − I∗1[Hi(j2πfp) + jKid]]

B =
1

2
Gθ(j2πfp)[I

∗
1[Hi(j2πfp)− jKid]−M ∗

1]

C =
1

2
Gθ(j2πfp)[I1[Hi(j2πfp) + jKid]−M1]

D =
1

2
Gθ(j2πfp)[M1 − I1[Hi(j2πfp)− jKid]]. (34)

5) DC-Side Impedance Model of DC Voltage Control Mode:
Based on the abovementioned analysis, the control system small-
signal model of the dc voltage control mode can be simplified
as

m̂u = (Qi +Qc + 2P pllZa)̂iu + P v v̂p/2. (35)

Defining that Zc = Y −1c , Y l = Z−1l , and U is unit matrix.
And then, substituting (35) into (6) and (7), the following can
be obtained:

2[U + Y l(MuZcMu + 2Za) + Y l(V u +MuZcIu)

×Qi +Qc + 2P pllZa)]̂iu

− Y l[U + (V u +MuZcIu)P v]v̂p = 0. (36)

Then, the relationship among the small-signal current re-
sponse of the upper arm and the voltage perturbation on the
dc side is

Y p =
îu

v̂p/2

= [U + Y l(MuZcMu + 2Za) + Y l(V u +MuZcIu)

· (Qi +Qc + 2P pllZa)]
−1Y l[U + (V u +MuZcIu)P v].

(37)

Because there is a symmetrically similar relationship among
the three-phase six arms of MMC, the only need is to conduct
impedance modeling for one arm, and then multiply a corre-
sponding coefficient to obtain the impedance model on the dc
side

Zdc(fp) =
v̂p

îdc
=

2

3Yp(n+ 1, n+ 1)
. (38)

Fig. 5. Block diagram of the ac voltage control mode.

B. AC Voltage Control Mode

The MMC double-loop control block diagram of ac voltage
control mode is shown in Fig. 5.

The frequency and phase angle of its ac voltage are fixed value,
so the dynamics of the PLL can be ignored. And the small-signal
model of the ac voltage control mode is equal to the superposition
of the three control loops, which can be modeled by

m̂u = Qiîu +Qcîu + P av̂a (39)

where Qi, Qc, and P a are the coefficient matrixes of the phase
current control loop, the circulating current control loop, and
the ac voltage control loop, respectively. In addition, the small-
signal model of the phase current control loop and the circulating
current control loop is the same as the dc voltage control mode,
so it is unnecessary to elaborate.

1) Coupling of DC Impedance With AC-Side Network: The
coefficient matrix of the ac voltage control can be obtained by

P a = diag [0 0 h 0 g 0 0] (40)

where the frequency corresponding to h in the coefficient matrix
P a is fp − f1, which is the gain coefficient of negative-sequence
component of the differential mode, whereas the frequency
corresponding to g is fp + f1, which is the gain coefficient
of positive-sequence component of the differential mode. Ac-
cording to the previous analysis, dq transformation will shift
the frequency downward by f1 of positive-sequence harmonics
and upward by f1 for negative-sequence harmonics. In addition,
the ac-side voltage perturbations are compensated by the ac
voltage compensator and the phase current compensator, so the
coefficient in the matrix P a can be obtained by

g = Hv(j2πfp)Hi(j2πfp)/2

h = Hv(j2πfp)Hi(j2πfp)/2. (41)

Therefore, in the modeling of the control system, the coupling
relationship between the ac-side impedance and the dc-side
impedance is reflected in the matrix. The different ac-side
impedance will affect the small-signal model of the control
system.
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Fig. 6. Block diagram of the power control mode.

2) DC-Side Impedance Model of AC Voltage Control Mode:
The control system small-signal model of the ac voltage control
mode can be simplified as

m̂u = (Qi +Qc + 2P aZa)̂iu. (42)

And then, the relationship between the small-signal current
response of upper arm and voltage perturbation on the dc side is

Yp = [U + Yl(MuZcMu + 2Za) + Yl(Vu +MuZcIu)

× (Qi +Qc + 2P aZa)]
−1Yl. (43)

Substituting (43) into (38), the dc-side impedance model of
ac voltage control mode can be obtained.

C. Power Control Mode

The MMC double-loop control block diagram of power con-
trol mode is shown in Fig. 6. It is equal to the superposition of the
four control loops, so the small-signal model of power control
mode can be modeled by

m̂u = Qiîu +Qcîu + (M p̂+N q̂) + P pllv̂a (44)

where Qi, Qc, P pll, and (M, N) are the coefficient matrixes of
the phase current control loop, the circulating current control
loop, PLL, and the power control loop, respectively. In addition,
the small-signal model of the phase current control loop and the
circulating current control loop is the same as the dc voltage
control mode, so it is unnecessary to elaborate.

1) Power Control: According to the instantaneous power
theory, it can be obtained that
[
p
q

]
= 1.5

[
ud uq

uq −ud

] [
id
iq

]
=

[
1.5udid + 1.5uqiq
1.5uqid − 1.5udiq

]
. (45)

Since the q-axis component of the fundamental steady-state
ac terminal voltage is zero, the small-signal harmonics of active
and reactive powers can be simplified as

p̂ = 1.5(Ud îd + Idûd + Iqûq)

= 1.5[Ud + ZaId − jZaIq ]̂id

q̂ = 1.5(Idûq − Udîq − Iqûd)

= 1.5[−Ud + ZaId − jZaIq ]̂iq (46)

where Za is the ac-side impedance. Ud is the d-axis current of
three-phase ac voltage after dq transformation. Id is the d-axis
current. Iq is the q-axis current.

In order to establish the small-signal model of the power con-
trol loop, the small-signal model of each small-signal harmonic
of active and reactive powers can be established respectively.

First of all, the small-signal model of the first small-signal har-
monic of active power, which is 1.5Udîd, is established. When
the ac terminal current contains a positive-sequence small-signal
harmonic (f = fp + f1), the d-axis and the q-axis components
of the small-signal harmonic are
⎡
⎣
îd
îq
î0

⎤
⎦ = Tdq

⎡
⎣
îa
îb
îc

⎤
⎦ = Tdq

⎡
⎣

i cos (θp + θ1 + ϕ1)
i cos (θp + θ1 + 120◦ + ϕ1)
i cos (θp + θ1 − 120◦ + ϕ1)

⎤
⎦

=

⎡
⎣

i cos (θp + ϕ1)
i cos

(
θp − π

2 + ϕ1

)
0

⎤
⎦ (47)

where θ = 2πf1t and θp = 2πfpt.
For the first component of small-signal harmonic (1.5Udîd)

of active power in (46), when compensated by the active power
compensator and the phase current compensator, it can be ex-
pressed as

k1îd = 1.5UdHP (j2πfp)Hi (j2πfp) îd. (48)

After dq inverse transformation, it transfers to (49). As can
be seen from (49), two small-signal harmonics after dq inverse
transformation are generated. The frequencies are fp − f1 and
fp + f1, respectively, and the gain of both small-signal harmon-
ics is k1/2 in

TT
dqk1

⎡
⎣
îd
0
0

⎤
⎦ =

k1i

2

×
⎡
⎣

cos (θp − θ1 + ϕ1) + cos (θp + θ1 + ϕ1)
cos (θp − θ1 + 120◦ + ϕ1) + cos (θp + θ1 − 120◦ + ϕ1)
cos (θp − θ1 − 120◦ + ϕ1) + cos (θp + θ1 + 120◦ + ϕ1)

⎤
⎦ .

(49)

For the first component of small-signal harmonic (−1.5Udîq)
of reactive power in (46), when compensated by the reactive
power compensator and the phase current compensator, it can
be expressed as

k2îq = −1.5UdHQ (j2πfp)Hi (j2πfp) îq. (50)

Similar to the (49), after dq inverse transformation, it transfers
to (51)

TT
dqk2

⎡
⎣
0

îq
0

⎤
⎦ =

k2i

2

×
⎡
⎣

−cos (θp − θ1 + ϕ1) + cos (θp + θ1 + ϕ1)
−cos (θp − θ1 + 120◦ + ϕ1) + cos (θp + θ1 − 120◦ + ϕ1)
−cos (θp − θ1 − 120◦ + ϕ1) + cos (θp + θ1 + 120◦ + ϕ1)

⎤
⎦.

(51)
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Another case is that when the ac terminal current contains
a negative-sequence small-signal harmonic (f = fp − f1), the
d-axis and the q-axis components of the small-signal harmonic
are

⎡
⎣
îd
îq
î0

⎤
⎦ = Tdq

⎡
⎢⎣
îa

îb

îc

⎤
⎥⎦ = Tdq

⎡
⎢⎣

i cos (θp − θ1 + ϕ1)

i cos (θp − θ1 − 120◦ + ϕ1)

i cos (θp − θ1 + 120◦ + ϕ1)

⎤
⎥⎦

=

⎡
⎢⎣

i cos (θp + ϕ1)

i cos
(
θp +

π
2 + ϕ1

)
0

⎤
⎥⎦ . (52)

After the compensation and the dq inverse transformation,
the first component of small-signal harmonic of active power
and reactive power generates two small-signal harmonics of
frequency fp − f1 and fp + f1

TT
dqk1

⎡
⎢⎣
îd

0

0

⎤
⎥⎦ =

k1i

2

⎡
⎢⎣

cos (θp − θ1 + ϕ1) + cos (θp + θ1 + ϕ1)

cos (θp − θ1 + 120◦ + ϕ1) + cos (θp + θ1 − 120◦ + ϕ1)

cos (θp − θ1 − 120◦ + ϕ1) + cos (θp + θ1 + 120◦ + ϕ1)

⎤
⎥⎦

(53)

TT
dqk2

⎡
⎢⎣
0

îq

0

⎤
⎥⎦ =

k2i

2

⎡
⎢⎣

cos (θp − θ1 + ϕ1)− cos (θp + θ1 + ϕ1)

cos (θp − θ1 + 120◦ + ϕ1)− cos (θp + θ1 − 120◦ + ϕ1)

cos (θp − θ1 − 120◦ + ϕ1)− cos (θp + θ1 + 120◦ + ϕ1)

⎤
⎥⎦ .

(54)

Based on the abovementioned analysis, the small-signal
model of the first component of small-signal harmonic of active
power is

m̂1
d =

M

2
îa = Mîu = 3UdP11îu

= 3Ud

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

0 0 0 0 0 0 0

0 0 0 0 0 0 0

0 0 m 0 m 0 0

0 0 0 0 0 0 0

0 0 m 0 m 0 0

0 0 0 0 0 0 0

0 0 0 0 0 0 0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

0
0

i cos[2π(fp − f1) + ϕ1]/2

0
i cos[2π(fp + f1) + ϕ1]/2

0

0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

(55)

where

m = HP (j2πfp)Hi(j2πfp)/2. (56)

Similarly, the small-signal model of the first component of
small-signal harmonic of reactive power is

m̂1
q =

M

2
îa = Mîu = −3UdP12îu = −3Ud

×

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎣

0 0 0 0 0 0 0
0 0 0 0 0 0 0
0 0 n 0 −n 0 0
0 0 0 0 0 0 0
0 0 −n 0 n 0 0
0 0 0 0 0 0 0
0 0 0 0 0 0 0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎦

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎣

0
0

i cos[2π(fp − f1) + ϕ1]/2
0

i cos[2π(fp + f1) + ϕ1]/2
0
0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎦

(57)

where

n = HQ(j2πfp)Hi(j2πfp)/2. (58)

The small-signal models of the second component of small-
signal harmonic of active power (1.5ZaIdîd) and reactive power
(1.5ZaIdîq) are

m̂2
d =

M

2
îa = Mîu = 3ZaIdP21îu = 3ZaId

×

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎣

0 0 0 0 0 0 0
0 0 0 0 0 0 0
0 0 m 0 m 0 0
0 0 0 0 0 0 0
0 0 m 0 m 0 0
0 0 0 0 0 0 0
0 0 0 0 0 0 0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎦

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎣

0
0

i cos[2π(fp − f1) + ϕ1]/2
0

i cos[2π(fp + f1) + ϕ1]/2
0
0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎦

(59)

m̂2
q =

M

2
îa = Mîu = 3ZaIdP22îu = 3ZaId

×

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎣

0 0 0 0 0 0 0
0 0 0 0 0 0 0
0 0 n 0 −n 0 0
0 0 0 0 0 0 0
0 0 −n 0 n 0 0
0 0 0 0 0 0 0
0 0 0 0 0 0 0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎦

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎣

0
0

i cos[2π(fp − f1) + ϕ1]/2
0

i cos[2π(fp + f1) + ϕ1]/2
0
0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎦
.

(60)

The small-signal models of the third component of small-
signal harmonic of active power (−j1.5ZaIq îd) and reactive
power (−j1.5ZaIq îq) are

m̂3
d =

M

2
îa = Mîu = 3ZaIqP31îu = 3ZaIq

×

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

0 0 0 0 0 0 0

0 0 0 0 0 0 0

0 0 jm 0 −jm 0 0

0 0 0 0 0 0 0

0 0 jm 0 −jm 0 0

0 0 0 0 0 0 0

0 0 0 0 0 0 0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

0

0

i cos[2π(fp − f1) + ϕ1]/2

0

i cos[2π(fp + f1) + ϕ1]/2

0

0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

(61)
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m̂3
q =

M

2
îa = Mîu = 3ZaIqP32îu

= 3ZaIq

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

0 0 0 0 0 0 0

0 0 0 0 0 0 0

0 0 jn 0 −j (−n) 0 0

0 0 0 0 0 0 0

0 0 j (−n) 0 −jn 0 0

0 0 0 0 0 0 0

0 0 0 0 0 0 0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

×

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎣

0
0

i cos[2π(fp − f1) + ϕ1]/2
0

i cos[2π(fp + f1) + ϕ1]/2
0
0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎦
. (62)

According to the abovementioned derivation method, the
relationship among the other components in the active and re-
active power harmonics and the insertion index can be deduced.
Finally, the small-signal model of the power control loop can be
modeled by

m̂u = m̂1
d + m̂1

q + m̂2
d + m̂2

q + m̂3
d + m̂3

q

= 3(UdP11 + UdP12 + ZaIdP21 + ZaIdP22

+ ZaIqP31 + ZaIqP32)̂iu

= 3(UdP1 + ZaIdP2 + ZaIqP3)̂iu (63)

where Id, Iq, and Ud are steady-state values of d-axis and q-axis
components of ac terminal current and voltage, and the matrices
P1, P2, and P3 are

P 1 =

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎣

0 0 0 0 0 0 0
0 0 0 0 0 0 0
0 0 m− n 0 m+ n 0 0
0 0 0 0 0 0 0
0 0 m+ n 0 m− n 0 0
0 0 0 0 0 0 0
0 0 0 0 0 0 0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎦

(64)

P 2 =

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎣

0 0 0 0 0 0 0
0 0 0 0 0 0 0
0 0 m+ n 0 m− n 0 0
0 0 0 0 0 0 0
0 0 m− n 0 m+ n 0 0
0 0 0 0 0 0 0
0 0 0 0 0 0 0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎦

(65)

P 3 =

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎣

0 0 0 0 0 0 0
0 0 0 0 0 0 0
0 0 j(m+ n) 0 −j(m− n) 0 0
0 0 0 0 0 0 0
0 0 j(m− n) 0 −j(m+ n) 0 0
0 0 0 0 0 0 0
0 0 0 0 0 0 0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎦
. (66)

The corresponding coefficients in the matrix are

m = HP (j2πfp)Hi(j2πfp)/2

n = HQ(j2πfp)Hi(j2πfp)/2. (67)

2) Phase-Locked Loop: Except the fundamental ac terminal
current and fundamental insertion index, the power control loop
will also responses to the phase angle perturbation. Based on
previous analysis, the fundamental phase current will produce
two components after dq transformation, and the small-signal
harmonic caused by the phase angle perturbation is

θ̂Tdq

(
θ +

π

2

)
· is = θ̂

[
i cos

(
ϕz − π

2

)

i cos(ϕz − π)

]
. (68)

So, the small-signal harmonic of power caused by the phase
angle perturbation is

[
p̂
q̂

]
= 1.5Ud

[
îd

−îq

]
= 1.5Udθ̂

[
i cos

(
ϕz − π

2

)
−i cos(ϕz − π)

]
. (69)

When there is a positive-sequence voltage harmonic in ac ter-
minal (f = fp + f1), this small-signal harmonic will generate
two new small-signal responses after the compensation and the
dq inverse transformation, which can be expressed as

3Ud

4
VsiGθ(j2πfp)HP (j2πfp)Hi(j2πfp)

·

⎡
⎢⎣

cos(θp+θ+ϕ− ϕz)− cos(θp − θ+ϕ+ϕz)

cos(θp+θ+ϕ− ϕz − 2π
3 )− cos

(
θp − θ+ϕ+ϕz+

2π
3

)

cos(θp+θ+ϕ− ϕz+
2π
3 )− cos

(
θp − θ+ϕ+ϕz − 2π

3

)

⎤
⎥⎦.

(70)

Similarly, when there is a negative-sequence voltage harmonic
in the ac terminal (f = fp − f1), the final small-signal responses
are

3Ud

4
VsiGθ(j2πfp)HP (j2πfp)Hi(j2πfp)

·

⎡
⎢⎣

cos(θp − θ+ϕ+ϕz)− cos(θp+θ+ϕ− ϕz)

cos(θp − θ+ϕ+ϕz+
2π
3 )− cos

(
θp+θ+ϕ− ϕz − 2π

3

)

cos
(
θp − θ+ϕ+ϕz − 2π

3

)− cos
(
θp+θ+ϕ− ϕz+

2π
3

)

⎤
⎥⎦ .

(71)

So the small-signal model of PLL of the power control mode
can be modeled by

m̂u = P pllv̂a = 2P pllZaîu (72)

where

P pll =

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎣

0 0 0 0 0 0 0
0 0 0 0 0 0 0
0 0 E 0 F 0 0
0 0 0 0 0 0 0
0 0 G 0 H 0 0
0 0 0 0 0 0 0
0 0 0 0 0 0 0

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎦

(73)

E = A+ 0.75UdI1HP (j2πfp)Hi(j2πfp)Gθ(j2πfp)

F = B − 0.75UdI1HP (j2πfp)Hi(j2πfp)Gθ(j2πfp)
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TABLE I
ELECTRICAL PARAMETERS OF MMC

G = C − 0.75UdI
∗
1
HP (j2πfp)Hi(j2πfp)Gθ(j2πfp)

H = D + 0.75UdI
∗
1
HP (j2πfp)Hi(j2πfp)Gθ(j2πfp).

(74)

3) DC-Side Impedance Model of Power Control Mode:
Based on the abovementioned analysis, the control system small-
signal model of the power control mode can be simplified as

m̂u = [Qi +Qc + 3(IdP 1Za + UdP 2

+ IqP 3Za) + 2P pllZa ]̂iu. (75)

And then, the relationship between the small-signal current
response of the upper arm and the voltage perturbation on the
dc side is

Y p = [U + Y l(MuZcMu + 2Za)

+ Y l(V u +MuZcIu) · (Qi +Qc

+ 3(IdP 1Za + UdP 2 + IqP 3Za)

+ 2P pllZa)]
−1Y l. (76)

Substituting (76) into (38), the dc-side impedance model of
power control mode can be obtained.

D. Impedance Model Verification

In order to verify the accuracy of the dc-side small-signal
impedance model of MMC deduced in this article, a time-
domain simulation model of MMC with three control modes was
built based on MATLAB/Simulink. The main electrical param-
eters of MMC are shown in Table I. In addition, the modulation
strategy of MMC adopts the nearest level approximation mod-
ulation, and the voltage balance control of submodule capacitor
voltage adopts the sorting algorithm of submodule capacitor
voltage. The corresponding control parameters are shown in
Table II.

The simulation measurement of MMC dc-side impedance is
based on the sweeping frequency method. A series of small
signal voltage perturbations of different frequencies were added
on the MMC dc side, and the small signal current response on the
dc side of the corresponding frequency generated by the voltage
disturbance was measured. Finally, the small-signal impedance
on the MMC dc side at different frequencies was calculated.
The analytical calculation of MMC dc-side impedance is based
on the small-signal impedance modeling proposed above. After
substituting the electrical parameters and control parameters of

TABLE II
CONTROL PARAMETERS OF MMC

Fig. 7. Impedance responses with (a) dc voltage control mode, (b) ac voltage
control mode, and (c) power control mode.

MMC into the established impedance model, we can obtain the
dc-side impedance characteristic curve of MMC.

Fig. 7 shows the comparison of simulation and analytical of
MMC dc-side impedance under the three control modes. Analyt-
ical results of impedance modeling are based on the third-order
harmonic linearization approach. It can be seen from the figure
that the analytical values under the three control modes match
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Fig. 8. Block diagram of the coupling process of the dc impedance with the
ac-side network.

well with the simulation values, which proves the accuracy of the
modeling method proposed in this article. Notably, as can be seen
from the comparison of the three figures, the dc-side impedance
of MMC under different control modes presents very different
characteristics in the low-frequency band (below 30 Hz) due
to the presence of external loop controller, so the small-signal
model of outer control loop cannot be ignored. In addition,
the dc-side impedance of MMC under power control mode
presents negative-damping characteristic in the low-frequency
band, which may affect the stability of its dc side.

E. Effect of the Grid Strength and Submodule Capacitor on
Characteristics of DC Impedance

It is pointed out in [5] that ac-side network impedance will
have effect on the middle- and low-frequency bands of dc
impedance in two-level VSC. It makes a big difference to the
accuracy of stability analysis with and without considering the
coupling relationship of ac network and dc impedance of MMC.

Therefore, the following will introduce how the ac-side net-
work impedance affects the dc-side impedance in the modeling
process.

1) The process of coupling of the dc impedance of MMC
with the ac-side network is shown in Fig. 8. When small
disturbance voltage v̂p of frequency fp is added to the dc
side of MMC, small-signal current response îdc will be
produced on the ac side, as shown in Fig. 8.

2) Then, the small-signal arm current responses îa_p−1 and
îa_p+1 of frequency fp ± f1 will be generated on the ac
side because of the coupling effect of MMC.

3) The small-signal currents îa_p−1 and îa_p+1 will generate
the small disturbance voltages v̂a_p−1 and v̂a_p+1 on the
ac-side impedance, which can be expressed as

v̂a_p−1 = 2Zac(p−1)îa_p−1 (77)

v̂a_p+1 = 2Zac(p+1)îa_p+1. (78)

Fig. 9. Impact of ac-side network impedance on the dc-side impedance.

So, the small-signal disturbance voltage v̂a_p−1 and v̂a_p+1

caused by the ac-side network impedance will affect the electri-
cal system small-signal model, which is shown in (6).

4) Therefore, the small-signal disturbance voltages v̂a_p−1
and v̂a_p+1 will generate small disturbance modulation
wave responses m̂a_p−1 and m̂a_p+1 of frequency fp − f1
and fp + f1, respectively, through the PI controller of ac
voltage control loop, inner current control loop, and dq
inverse transformation, which can be expressed as

m̂v_p−1 = Hv (j2πfp)Hi (j2πfp) v̂a_p−1/2

= Hv (j2πfp)Hi (j2πfp)Zac(p−1)îa_p−1
(79)

m̂v_p+1 = Hv (j2πfp)Hi (j2πfp) v̂a_p+1/2

= Hv (j2πfp)Hi (j2πfp)Zac(p+1)îa_p+1

(80)

where Zac is the ac-side impedance.
5) The ac network impedance will affect the dc impedance

through the electrical system small-signal model and the
control system small-signal model of MMC.

It is mentioned that the grid strength of the ac side will have
effect on the dc impedance of MMC. Fig. 9 shows different
dc-side impedance curves under the condition of different ac-
side inductances, including 0.001 H (strong grid, SCR = 206),
0.02 H (SCR = 10.3), 0.04 H (SCR = 5.15), and 0.08 H (weak
grid, SCR = 2.58). It is implied that different ac-side network
impedances mainly affect the middle- (10–100 Hz) and low-
frequency (1–10 Hz) bands of the dc-side impedance.

The submodule capacitor will also affect the characteristics of
dc impedance. Taking the MMC under ac voltage control mode
as an example, when the impedance at the ac side of MMC is
0.04 H, the changing trend of dc-side impedance of MMC is
shown in Fig. 9 with the change of submodule capacitor from 4
to 240 mF.

The features shown in Fig. 10 can be concluded as follows.
1) The dc-side impedance of MMC tends to LC series

impedance with the increase in submodule capacitor.
2) With the increase in the submodule capacitor, the reso-

nance peak of the impedance curve will shift to the left,
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Fig. 10. DC-side impedance with different submodule capacitors.

and the resonant peak frequency of the impedance is about
equal to

f0 =
1

4π

√
N

LC
. (81)

The size of submodule capacitor will also have effect on
coupling of ac-side network and dc-side impedance. Along with
the increase in submodule capacitance C, ac-side small-signal
current response îa_p−1 and îa_p+1 generated by the coupling
between dc-side voltage disturbance v̂p and the fundamental
frequency modulation wave will decrease. Then, the voltage
drop on the ac-side impedance v̂a_p−1 and v̂a_p+1 of v̂a in (6)
will decrease so that the influence of ac network impedance on
the MMC electrical system small-signal model will be reduced.
At the same time, the effect of the ac-side small-signal current re-
sponse v̂a_p−1 and v̂a_p+1 on MMC control system small-signal
model will also be reduced.

Taking the MMC under ac voltage control mode as an ex-
ample, the blue solid line and the blue dotted line represent
the difference between dc impedance with and without 0.02 H
ac-side network impedance when the submodule capacitor is
8 mF, the red solid and dotted lines represent that of difference
when the submodule capacitor is 24 mF. And the pink solid line
and the pink dotted line represent that of difference when the
submodule capacitor is 48 mF.

According to Fig. 11, where Zac represents ac side 0.02 H
inductance, it indicates that the influence of ac-side inductance
on dc impedance decreases with the increase in submodule
capacitance. So the conclusion can be drawn that the effect of
the coupling of the ac network with the dc impedance will
decrease with the increase in submodule capacitor.

F. Influence of Different Orders of Harmonic Linearization on
the Accuracy of Impedance Modeling

Fig. 12 shows comparison of simulation and analytical results
of MMC dc-side impedance under different orders of harmonic
linearization modeling.

The definition of the zeroth order of harmonic linearization
modeling is that only the dc component of the submodule
capacitor voltage and the component of frequency fp in the
control system small-signal model are considered. Similarly,
the first order of harmonic linearization modeling means that

Fig. 11. Influence of the sizing of submodule capacitor on coupling of ac-
side network and dc impedance (solid line and dotted line represent dc-side
impedance curves of MMC with and without 0.02 H ac network impedance; the
red, blue, and pink lines represent that submodule capacitor is 8 mF, 24 mf, and
48 mF, respectively).

Fig. 12. Impedance responses using different orders of harmony line lineariza-
tion approach.

the dc and fundamental components of the submodule capacitor
voltage and the component including frequency fp and fp ± f1
in the control system small-signal model are considered.

Observing these curves, it can be inferred that the dc
impedance curve considering the third-order modeling is basi-
cally consistent with the simulated result, and the dc impedance
curves under the second- and the third-order of harmonic
linearization modeling are slightly different. In addition, the
dc impedance curve considering fundamental component has
a large difference with the simulation result in the middle-
frequency band (10–100 Hz). So, the dc impedance curve with-
out considering any harmonic is not accurate.

The reason for the error under the zeroth-order modeling is
that it ignores the fundamental component, the second compo-
nent, and the third component of submodules capacitor voltage
where fundamental component and the second component of
submodule capacitor voltage are greater than 1% compared with
the dc component of submodule capacitor voltage shown in
Fig. 13. Ignoring the fundamental component and the second
component of submodule capacitor voltage will lead to a large
error.

At the same time, taking the phase current control loop and
the second circulating-current control loop matrix that can be
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Fig. 13. Frequency distribution in sum of submodule capacitor voltages of per
arm.

Fig. 14. Small-signal matrix of the current inner loop and the loop suppression
loop with only zero-order accuracy.

Fig. 15. Small signal matrix of the current inner loop and the loop suppression
loop with only one-order accuracy.

expressed asQi +Qc, as shown in Fig. 14, for the model without
considering any harmonic, the matrix of small-signal model will
only contain the component of frequency fp. Elements repre-
senting frequency fp ± f1, fp ± 2f1, and fp ± 3f1 in small-
signal model will be ignored, and the matrix representing the
control system small-signal model will become 1 × 1-order
matrix, which means that a, b, c, and d in the matrix shown
in Fig. 14 will be ignored.

Therefore, the dc impedance without considering any har-
monic is not accurate.

Similarly, for the small-signal model only considering funda-
mental component, the matrix only contains the fundamental
component of submodules capacitor voltage. The matrix of
small-signal model will only contain the components of fre-
quency fp and fp ± f1, so the elements in matrix of small-signal
model representing frequency fp ± 2f1 and fp ± 3f1 will be
ignored. The matrix representing the control system small-signal
model will become second-order square matrix, which means
that c and d in the matrix shown in Fig. 15 will be ignored.

Above all, if the nth components are less than 1% of the dc
component of submodule capacitor voltages, and the elements
on the nth order of control system small-signal matrix are zero,

Fig. 16. Curves of dc impedance changing with the parameters of controllers
in the dc voltage control mode. (a) Kp of current controller. (b) Ki of current
controller.

ignoring nth order components of model has no effect on the
accuracy of the impedance modeling accuracy.

G. Comparison of MMC DC-Side Impedance With
Different Parameters of Controllers

Fig. 16 shows the comparison of MMC dc-side impedances
obtained by different parameters of current inner loop under dc
voltage control mode. The PI parameters of the current inner loop
are initially set as Kp = 0.6 and Ki = 8. The corresponding
bandwidth and phase margin are 300 Hz and 68.5°, respectively.
The changes of impedance are compared with the variation of
Kp andKi, respectively. It can be seen from Fig. 16(a) that asKp

increases from 0.4 to 1.0, the bandwidth increases from 175 to
531 Hz, and the phase margin decreases from 74.4° to 57.1°. DC-
side impedance magnitude increases whereas impedance phase
fluctuates in the low- and middle-frequency bands. Moreover, it
can be seen from Fig. 16(b) that asKi increases from 2 to 20, the
bandwidth increases from 296 to 301 Hz, and the phase margin
decreases from 69.0° to 67.5°. DC-side impedance magnitude
increases whereas impedance phase decreases in the low- and
middle-frequency bands.

Fig. 17 shows the comparison of MMC dc-side impedances
with different control parameters of the dc voltage controller.
The PI parameter of the dc voltage controller is initially set as
Kp = 12 and Ki = 500, and the corresponding bandwidth and
phase margin are 33 Hz and 66.7°, respectively. The changes
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Fig. 17. Curves of dc impedance changing with the parameters of controllers
in the dc voltage control mode. (a) Kp of the dc voltage controller. (b) Ki of
the dc voltage controller.

of impedance are compared with the variation of Kp and Ki,
respectively. It can be seen from Fig. 17(a) that as Kp increases
from 8 to 20, the bandwidth increases from 26 to 56 Hz, and the
phase margin first increases from 55.4° to 71.8° and then de-
creases to 66.1°. And impedance magnitude decreases whereas
impedance phase fluctuates in the low- and middle-frequency
band. Moreover, it can be seen from Fig. 17(b) that as Ki

increases from 200 to 1200, the bandwidth increases from 29
to 42 Hz, and the phase margin decreases from 76.2° to 51.6°.
DC-side impedance magnitude decreases whereas impedance
phase increases in the low-frequency band.

In addition, the PI parameters of power controller, circulating
current controller, and PLL have little effect on the MMC dc-side
impedance, so no more figures in detail are shown here.

H. Comparison of MMC DC-Side Impedances Obtained by
Different Modeling Methods

Fig. 18 shows the comparison of MMC dc-side impedances
obtained by different modeling methods. The black line repre-
sents the impedance model obtained by the mean value mod-
eling, the pink line represents the open-loop impedance model
obtained by the harmonic linearization modeling, and the blue
line represents the impedance model based on the impedance
modeling method proposed in this article. It can be seen from the
figure that the frequency impedance characteristics of these three
models have a big difference below 100 Hz, which indicates

Fig. 18. Comparison of impedance with (a) dc voltage control mode, (b) ac
voltage control mode, and (c) power control mode.

that the impedance model considering the influence of internal
harmonic coupling characteristics and control system is very
important for the accurate analysis of the low-frequency dc
impedance characteristics of MMC.

IV. STABILITY ANALYSIS OF DC PORTS IN

MMC-BASED DC GRID

MMC-based dc grid is a complex system, and the stability
of its dc system is the premise to ensure the stable operation
of the whole system. Based on dc-side impedance modeling
of MMC, the frequency impedance characteristics of the dc
ports in the multiterminal MMC-based dc grid can be analyzed.
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Fig. 19. Four-terminal MMC-based dc grid.

TABLE III
ELECTRICAL PARAMETERS OF CONVERTER IN MMC-BASED GRID

TABLE IV
DC LINE PARAMETERS OF MMC-BASED GRID

TABLE V
CONTROL PARAMETERS OF MMC-BASED GRID

Furthermore, stability of dc system can be studied based on the
impedance-based stability criterion.

Fig. 19 shows a four-terminal MMC-based dc grid, which
includes four converter stations, and the dc side is connected to
a loop network. The detailed system parameters are shown in
Tables III–V. In this project, converter stations A and C operate
in ac voltage control, whose ac side is connected to island new
energy electric field. Converter station B operates in dc voltage
control mode, whereas converter station D operates in power

Fig. 20. Small-signal equivalent circuit of dc grid.

Fig. 21. Small-signal equivalent circuit of an interconnected system.

control. Converter station B and D ac side is connected to ac
large power grid.

Based on MMC dc-side impedance modeling proposed in this
article, the dc-side impedance model of these four converter
stations can be obtained respectively. At the same time, the
impedance of dc line can be obtained according to the circuit
parameters presented in Table IV. Based on the aforementioned,
the small-signal equivalent circuit of dc grid can be obtained,
as shown in Fig. 20. According to the established small-signal
equivalent circuit of dc grid, the stability of each dc port can be
analyzed.

As shown in Fig. 21, each dc port in the MMC-based dc
grid can be equivalent to the interconnection system of voltage
source and current source according to Thevenin’s theorem. And
the small-signal impedance of dc grid can be obtained by circuit
equivalence according to small-signal equivalent circuit of dc
grid shown in Fig. 20. For each dc port, the side that supports
the dc voltage is equivalent to one impedance in series of voltage
source, whereas the other side is equivalent to one impedance in
parallel of current source.

The power supply in Fig. 20 is set to zero. Taking port D as an
example, the rest part of dc grid besides MMC D is equivalent
to impedance ZgD. The specific process is shown in Fig. 22.
Step 1: In Fig. 22(a), connect the impedance grounding termi-

nals contained in the red dashed box.
Step 2: Combine the parallel impedance Z11, ZA, and Z21

in Fig. 22(a) into one impedance ZA1, as shown in
Fig. 22(b). Similarly, ZB1 and ZC1 can be obtained in
the same way.

Step 3: Transform the impedances in Y connection (ZA1, Z1,
and Z2), as shown in the red dashed box in Fig. 22(b),
into delta connection (Z�11, Z�12, Z�13), as shown in
Fig. 22(c), through the Y–� transformation.
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Fig. 22. Diagram of impedance network equivalent transformation.

Step 4: Combine Z�12 and ZC1, as shown in the red dashed
box in Fig. 22(c), into one impedance Z∗Δ12, as shown
in Fig. 22(d).

Step 5: Transform the impedances in delta connection
(Z∗Δ12, ZΔ11, ZΔ13), as shown in the red dashed box
n Fig. 22(d), into Y connection (ZY 11, ZY 12, ZY 13)
through�–Y transformation, as shown in Fig. 22(e).

Step 6: Combine ZY 13 and Z4 into one impedance
Z∗Y 13 (Z

∗
Y 13 = ZY 13 + Z4), as shown in Fig. 22(f).

Step 7: Transform the impedances in delta connection
(Z∗Y 13, ZY 11, ZY 12), as shown in the red dotted box
in Fig. 22(f), into Y connection (ZY 21, ZY 22, ZY 23)
through�–Y transformation, as shown in Fig. 22(g).

Step 8: After a series of simple circuit transformations, ZgD

can be obtained, see Fig. 22(h).
According to the impedance-based stability criterions men-

tioned in [42]–[48], the stability of the interconnected system
could be judged by checking whether the close-loop transfer
function has right half plane (RHP) poles. Applying the Nyquist
criterion or inverse Nyquist criterion depends on the number of
RHP poles and RHP zeros of impedance ratio. If two subsystems
has been proved to be stable, respectively, which means that there
are no RHP poles in Zg and Z0

–1, the system stability could
be judged by checking whether the Nyquist plot of impedance
ratio Tm(s) = Zg(s)/Z0(s) encircles (–1, j0) point, where Zg is
the output impedance of voltage source subsystem and Z0 is
the output impedance of current source subsystem. It can also
be stated as “The interconnected system is stable only when
the amplitude of impedance Zg is always less than impedance
Z0, or the phase margin at the intersection of amplitude curves
of Zg and Z0 is greater than zero.”

Fig. 23. Small-signal equivalent circuit of dc port A.

Fig. 24. Frequency impedance characteristics of dc port A.

If we apply the impedance ratio of Z0(s)/Zg(s) to judge the
port stability, inverse Nyquist criterion should be adopted, which
is equivalent to applying the Nyquist criterion to the impedance
ratio of Zg(s)/Z0(s).

Based on the abovementioned analysis, here the impedance
ratio of voltage source subsystem to current source subsystem is
adopted to analyze the stability of ports A, B, C, and D. As for
the four-port dc grid, as shown in Fig. 16, in order to analyze the
stability of each dc port in the MMC-based dc grid, the dc grid
need to be equivalent to an interconnection system consisting
of a voltage source subsystem and a current source subsystem,
as shown in Fig. 21, at ports A, B, C, and D respectively. In
addition, before applying the Nyquist criterion at every dc port,
the stability of subsystems has been verified, so the stability of
these four ports could be evaluated by checking whether the
number of the crossings in Bode plots of impedances is zero and
calculating the phase margins [49].

A. Frequency Impedance Characteristics of DC Port A

For the dc port A, the dc grid supports the voltage for the
dc side of converter station A, whereas the converter station A
injects current into the dc grid as a current source. According to
Thevenin’s equivalence principle, dc port A can be equivalent
to the circuit shown in Fig. 23. In the figure, ZA0 represents the
dc-side impedance of converter station A, and ZgA represents
the small-signal equivalent impedance of dc grid at dc port A.

As shown in Fig. 24, the blue line is the Bode diagram of
ZA0(s), whereas the red line represents the Bode diagram of
ZgA(s).

When frequency tends to infinity, difference of the magnitude
of impedance values 20lg(|ZgA|)− 20lg(|ZA0|) is a constant
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Fig. 25. Small-signal equivalent circuit of dc port B.

Fig. 26. Frequency impedance characteristics of dc port B.

value, which means the magnitude of the impedance ratio
|ZgA|/|ZA0| is a constant. Besides, the phase difference of ZgA

and ZA0 tends to 0. So the Nyquist plot of impedance ratio
ZgA/ZA0 will go to concentrate around the (k, 0) point, where
k is a finite constant value. Therefore, the characteristics of
impedance in high-frequency (1000–� Hz) band have no effect
on the judgement of system stability. Instead, the system stability
can be judged by applying Nyquist criterion in low-frequency
(1–1000 kHz) band of frequency impedance curves. Similar
conditions exist in station B, C, and D, which will not be
explained repeatedly later. As for the impedance curves of dc
port A in Fig. 24, it can be seen that the intersection frequency
of amplitude curves of ZA0(s) and ZgA(s) is 10.2 Hz, and the
phase margin is 27°, and thus dc port A is stable.

B. Frequency Impedance Characteristics of DC Port B

For dc port B, converter station B operates in dc voltage con-
trol mode, and its dc side supports the voltage of dc grid, whereas
the dc grid inject power into converter station B. According to the
principle of Thevenin’s equivalence, dc port B can be equivalent
to the circuit, as shown in Fig. 25. In the figure, ZgB represents
the dc-side impedance of converter station B, andZB0 represents
the small-signal equivalent impedance of the dc grid at dc
port B.

The Bode diagram of ZB0(s) and ZgB(s) is shown in Fig. 26.
It can found that the amplitude curves of ZB0(s) and ZgB(s)
exist four intersections. According to the impedance-based sta-
bility criterion, the frequency of the intersection with minimum
phase margin is 3.9 Hz, and the corresponding phase margin is
28°, so dc port B is stable.

Fig. 27. Small-signal equivalent circuit of dc port C.

Fig. 28. Frequency impedance characteristics of dc port C.

C. Frequency Impedance Characteristics of DC Port C

For dc port C, the dc grid provides voltage support for the
dc side of converter station C, whereas the converter station C
injects dc current into the dc grid. According to the principle
of Thevenin’s equivalence, dc port C can be equivalent to the
circuit, as shown in Fig. 27. In the figure, ZC0 represents
the dc-side impedance of converter station C, and ZgC repre-
sents the small-signal equivalent impedance of dc grid at dc
port C.

The Bode diagram of ZC0(s) and ZgC(s) is shown in Fig. 28.
It can be seen from the diagram that the amplitude curves
of ZC0(s) and ZgC(s) exist three intersections. According to
the impedance-based stability criterion, the frequency of the
intersection with minimum phase margin is 9.5 Hz, and the
corresponding phase margin is 13.5°, so dc port C is stable.

D. Frequency Impedance Characteristics of DC Port D

For dc port D, the dc grid provides voltage support for the
dc side of converter station D, whereas the dc side of converter
station D absorbs power from the dc grid. According to the
principle of Thevenin’s equivalence, dc port D can be equivalent
to the circuit, as shown in Fig. 29. In the figure, ZD0 represents
the dc-side impedance of converter station D, and ZgD repre-
sents the small-signal equivalent impedance of dc grid at dc
port D.

The Bode diagram ofZD0(s) andZgD(s) is shown in Fig. 30.
It can be seen from the diagram that the intersection frequency
of amplitude curves of ZD0(s) and ZgD(s) is 9.3 Hz and the
phase margin is 4°. It is obvious that the phase margin of dc
port D is too small. Therefore, it is extremely easy for the
system to oscillate and even collapse when the system operation
conditions changed greatly. This is mainly because converter
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Fig. 29. Small-signal equivalent circuit of dc port D.

Fig. 30. Frequency impedance characteristics of dc port D.

station D adopts constant power control mode, and its dc-side
impedance ZD0(s) shows negative impedance characteristics in
the low-frequency band. Therefore, it is necessary to change the
frequency impedance characteristic ofZD0(s) at the intersection
to increase the phase margin of dc port D.

E. Verification of Stability Analysis

In order to verify the validity of stability analysis, a time-
domain simulation of four-terminal MMC-based dc grid is
built based on MATLAB/Simulink. The system parameters
of the simulation model are consistent with those shown in
Tables III–V. When the MMC-based dc grid is in a stable
operation, make the transmission power of converter station
under power control mode change and observe the change of
operation characteristics of the whole dc system, as shown in
Fig. 31.

Fig. 31 shows the current waveform on the dc side of the four
converter stations when no stabilization measures are taken. As
shown in Fig. 31(d), at 5 s, the transmission power of converter
station D under power control mode jumps from 2/3 to 1 p.u. The
dc-side current of converter station under power control mode
shows a trend of divergent oscillation, and the magnitude of
dc-side current increases very fast. The frequency of oscillation
current is about 9 Hz, corresponding to the frequency at the
intersection of ZD0(s) and ZgD(s) amplitude curves, which
indicates the correctness of the stability analysis results. In
addition, the dc-side current of other converter stations also os-
cillates to different degrees. By observing the current oscillation
waveform of the four converter stations, it can be found that the
oscillation current of dc port D flows into other dc ports through
the dc line and causes current oscillation of other dc ports, in
which dc port C is the most affected.

Fig. 31. DC-side current of four converter stations.

V. CONTROL STRATEGY FOR IMPROVING THE

STABILITY OF THE DC SYSTEM

The dc-side impedance of converter station under power
control mode shows negative-impedance characteristics in the
low-frequency band, which makes its dc port prone to oscillation
and other unstable problems. Therefore, in order to improve
the stability of the dc system in the MMC-based dc grid, the
dc-side frequency impedance characteristics of converter station
under power control mode should be changed. In this article, the
control strategy of optimizing controller parameters and adding
virtual damping controller are adopted to improve the stability
of dc system.

A. Optimization of Controller Parameters at Converter
Station Under Power Control Mode

In view of the problem of insufficient phase margin of dc
port D mentioned above, optimizing its controller parameters
is the most effective improvement measure. Since the dc-side
frequency impedance characteristics of MMC in low-frequency
band are largely affected by the outer-loop controller parameters,
it is supposed to keep the parameters of the inner-loop controller
of converter station D unchanged and optimize the outer-loop
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Fig. 32. Phase margin of dc port D varies with Kp.

controller parameters only. Meanwhile, in the optimization pro-
cess, the ratio of proportional coefficient and integral coefficient
of the outer loop should be kept at Ki/Kp = 400 to offset the
main poles of the MMC closed-loop system. According to the
engineering design experience, in order to ensure the MMC
has a fast-dynamic response, the bandwidth of the outer-loop
controller is generally designed to be no less than 1/10 of the
inner-loop bandwidth, and the power outer-loop proportional
coefficient Kp should be no less than 0.1 through calculation.
At the same time, from the perspective of improving the phase
margin of dc port D, the power outer-loop proportional coeffi-
cient Kp should not be greater than 0.5. Therefore, Kp ranges
from 0.1 to 0.5.

As shown in Fig. 32, the phase margin of dc port D varies with
Kp. As can be seen from the figure, the phase margin of dc port D
gradually decreases asKp changes from 0.1 to 0.5. However, the
Kp is larger, the bandwidth of the outer-loop controller is higher,
and the dynamic response speed of converter station D will
be faster. Obviously, the tradeoff between the optimization of
phase margin and dynamic response speed must be considered.
In addition, the phase margin can reach 30° only when Kp

is close to 0.1. However, if Kp is 0.1, the dynamic response
speed of converter station D is slow, which is not conducive to
the system timely response to dynamics. Therefore, considering
improvement of both the dynamic characteristics and the phase
margin of the system,Kp should be a compromise. In this article,
Kp is selected as 0.2. As can be seen from Fig. 32, when Kp is
0.2, the phase margin of dc port D is 16°, and the phase margin is
still insufficient. Therefore, it is necessary to furtherly improve
the phase margin by adopting additional virtual damping control
strategy.

B. Additional Virtual Parallel Damping Controller at
Converter Station Under Power Control Mode

In the MMC-based dc grid mentioned in this article, the ac
side of converter station D is connected to the strong ac grid,
so it can be approximately considered that the ac-side voltage
of converter station D remains unchanged, and the active power
perturbation of dc port D can be simplified as

Δp = UdcΔidc + IdcΔudc = 1.5UdΔid. (82)

Fig. 33. Control block of converter station D with parallel damping controller.

Assuming that the active power perturbation of dc port D
is still Δp after parallel virtual resistance rv , the active power
perturbation flows into the converter station D dc port and
changes to

Δp∗ = Δp− Udc
Δudc

rv
= 1.5UdΔid − Udc

Δudc

rv
. (83)

For high-voltage and high-capacity MMC, the control system
generally adopts the per unit value parameter. So after trans-
forming (83) into per-unit values, it can be obtain by

ΔP ∗ = ΔId − ΔUdc

Rv
(84)

where ΔP∗, ΔId, ΔUdc, and Rv are per-unit values.
Based on the abovementioned analysis, if additional virtual

parallel resistance controller is adopted, only one loop should be
added to the original control structure of converter station D, as
shown in the red box of Fig. 33. BPF is the bandpass filter, and
its central frequency is the frequency of the intersection of ZD0

and ZgD magnitude curves. In this article, it is set as 10 Hz, and
the bandwidth is set as 8 Hz.

The value of virtual parallel resistance plays a decisive role
in improving the phase margin of dc port D, so it is necessary to
design the optimal value interval through detailed calculation. In
the industry field, it is universally agreed that the phase margin of
interconnected system is supposed to be designed as 30° to 60°.
Thus, in this article, the phase margin is designed as 45°, and
the parameter design of the parallel virtual damping controller
will follow the abovementioned design criteria.

First, the outer-loop controller parameter of converter station
D remain unchanged (Kp = 0.2, Ki = 80), and then the influ-
ence of the value of additional parallel virtual resistance on the
phase margin of port D is studied. As shown in Fig. 34, the
phase margin of dc port D varies with the value of the parallel
virtual resistance. When the resistance value in parallel is getting
smaller, the phase margin at the intersection of ZD0 and ZgD

amplitude curves will be larger. However, when the resistance
value of the parallel resistor is getting smaller, the amplitude
of ZD0 will be smaller, which will reduce the frequency of
the intersection of ZD0 and ZgD amplitude curves. This will
make the designed bandpass filter have a high phase shift, and
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Fig. 34. Frequency impedance characteristics of dc port D varies with Rv and
PI parameters.

the dynamic characteristics of the system will become worse.
In fact, from both the perspective of the system dynamic and
the damping characteristics of dc ports, the value of parallel
resistance should not be too small. Therefore, in the guarantee
intersection ofZD0 andZgD, amplitude curve under the premise
of the phase margin is greater than 45°, and parallel virtual
resistance value should be smaller to get bigger phase margin. It
can be seen from Fig. 24, the phase margin of 45° corresponds to
the parallel resistance whose value is 81.5 Ω. Therefore, parallel
virtual resistance should be less than 81.5 Ω. In this article, the
final parallel virtual resistance is 80 Ω, and the corresponding
phase margin of dc port D is 46.5°.

According to Fig. 34, the influence process of the abovemen-
tioned two measures on the phase margin of station D is as
follows.

1) By optimizing PI parameters, the phase–frequency curve
of station D is shifted from blue dotted line to blue dashed
line. By optimizing PI parameters, the phase margin is
increased by 12°.

2) The phase margin is further increased by 30.5° by apply-
ing a virtual resistance of 80 Ω to increase damping at
station D.

In addition, the impact of the abovementioned two mea-
surements on the stability of other dc ports also needs to be
considered. Calculation results shows that the phase margin
of dc port A has been increased from 27° to 29°. The phase
margin of dc port B has been increased from 28° to 92°, and
the phase margin of dc port C has been increased from 13.5° to
29.7°. Obviously, the stability margin of the whole dc system
is improved. Therefore, the abovementioned two measures can
not only improve the phase margin of port D, but also effectively
improve the stability of the whole system.

C. Verification of Control Strategy

The stabilization control strategy proposed in this article is
applied to the converter station D to verify its validity. When
the MMC-based dc grid is in stable operation, the transmission
power of converter station D is changed, and the operating
characteristics of the whole dc system are observed. The dc-side
current waveforms of the four converter stations with stabiliza-
tion control strategy are shown in Fig. 35.

Fig. 35. DC-side current of four converter stations.

As can be seen from Fig. 35(d), at 5 s, the transmission power
of the converter station D jumps from 2/3 to 1 p.u., the dc-side
current reaches steady state after 2.5 s, and the overshoot of
current is also small. This indicates that the stability of port D is
greatly improved after adopting the two stabilization strategies
mentioned above. In addition, comparing Figs. 31 and 35, it can
be found that the oscillation current of other dc ports is also
suppressed after the stabilization strategies are taken, which in-
dicates that the stability of the whole system has been improved,
verifying the validity of the stabilization strategy proposed in this
article.

D. Comparison With Existing Control Strategies

In this section, the stabilization control strategy proposed in
this article will be compared with two existing methods [50].
First, these two methods will be introduced briefly as follows.

Method 1 (dc voltage control mode with filter): In order to
eliminate negative damping, which is caused by dc voltage
control loop, a filter is added to the voltage outer loop in the
dc voltage control. In this article, station B adopts dc voltage
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Fig. 36. DC-side current of D converter station under different improvement
strategies.

control mode. After adding the filter, the dc voltage outer-loop
transfer function of station B is

HF
v (s) =

kp · ωf

s+ ωf
+

ki
s

(85)

where kp is proportionality coefficient in the PI controller, ωf

is the natural frequency of the low-pass filter, and ki is integral
coefficient in the PI controller.

Method 2 (power control mode with active damping): The
active damping control can improve the harmonic stability of the
system by adding compensating damping voltage to the insertion
index of the bridge arm.

Fig. 36 shows the comparison of this article’s improvement
strategy with method 1 and method 2. As can be seen from
Fig. 36, at 5 s, the transmission power of the converter station
D jumps from 2/3 to 1 p.u. The red line has a smaller overshoot
and reaches steady state much faster compared with the blue line
and green line. Therefore, the method proposed in this article has
better effect on the improvement of system stability.

VI. CONCLUSION

This article developed a dc-side impedance model of MMC.
This impedance model considers the coupling characteristics
of multiple harmonics within MMC and the complete small-
signal model of control system under different control modes,
making the small-signal impedance model established more
accurate than previous researches. Meanwhile, it is found that
the dc-side impedance of MMC presents different characteristics
under different control modes. The main difference exists in
low-frequency band due to the low bandwidth of the outer-loop
controller.

Based on the presented impedance model, the stability of
dc system in the MMC-based dc grid is analyzed accord-
ing to impedance-based stability criterion. Since the dc-side
impedance of converter station under power control mode shows
negative impedance characteristics in low-frequency band, its
dc port is prone to introduce oscillation and other unstable
problems. Therefore, the control strategies such as optimizing
controller parameters and adding virtual damping controller
can be adopted to improve the stability of the dc system in
MMC-based dc grid. Due to the high accuracy of impedance
model presented in this article, the design of control strategy can
meet the requirements of dynamic performance and stability. In
this article, a bandpass filter is used to design the virtual damping

controller, which can effectively improve the stability of the
dc system and reduce the negative influence on the dynamic
performance of the system.
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