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Model Predictive Flux Control With Cost
Function-Based Field Weakening Strategy for

Permanent Magnet Synchronous Motor
Zhihao Zheng and Dan Sun , Senior Member, IEEE

Abstract—This paper proposes a model predictive flux control
(MPFC) strategy with cost function-based field weakening (FW)
strategy for permanent magnet synchronous motor (PMSM). The
stator flux vector is used as the control variable and the cost function
of the proposed MPFC is configured in the form of flux increment,
which can reflect the saturation degree of the inverter output. A
novel space flux vector plane is introduced to explain the principle
of optimal switching state selection in the proposed MPFC. The
voltage and current limitations of the inverter in the high-speed
region are analyzed in the flux plane to reveal the objective of FW
compensation. The value of the cost function is controlled with
a proportional integral controller in the proposed cost function-
based FW strategy. Moreover, the reference flux vector is compen-
sated with the output of the FW controller to enlarge the operation
region of the stator flux vector. With the proposed FW strategy, the
operation range of the PMSM is extended and the torque output
in high-speed range is increased. Experimental studies are carried
out to verify the validity and effectiveness of the proposed strategy.

Index Terms—Field weakening (FW) control, model predic-
tive flux control (MPFC), permanent magnet synchronous motor
(PMSM).

NOMENCLATURE
ref Reference value.
ud, uq d–q components of stator voltage.
id, iq d–q components of stator current.
ψd, ψq d–q components of stator flux linkage.
Ld, Lq d–q components of stator inductance.
Rs Stator winding resistance.
ωe Rotor electrical angular speed.
ψf Permanent magnet flux linkage.
Te Electromagnetic torque.
np Number of pole pairs.
Ts Sampling period.
θr Rotor angle.
p Differential operator.
Vdc DC-link voltage.
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I. INTRODUCTION

P ERMANENT magnet synchronous motors (PMSMs) have
attractive advantages including high efficiency, excellent

control performance, and high power density [1]. In order to
realize high-performance control of PMSM, more demands are
required for the modern control strategies, including fast dy-
namic response, adaptive for multiple control constraints and
wide operation range.

Field-oriented control (FOC) and direct torque control (DTC)
are two classical control strategies applied in industrial applica-
tions [2]–[5]. In FOC, proportional integral (PI) controllers are
used to control the decomposed stator currents in synchronous
rotatory frame [2], [3]. The space vector modulation is used
to generate the pulses with constant switching frequency. The
torque and flux in FOC can be controlled precisely but the pa-
rameters of the controllers require fine tuning work. In DTC, two
hysteresis comparators are used to select the voltage vector with
a predefined switching table [4], [5]. The DTC has fast dynamic
response and good robustness against parameter changes, but
it also features drawbacks of high torque ripples and variable
switching frequency.

Model predictive control (MPC) is also considered as an ef-
fective control strategy with fast dynamic response and manage-
able constraints [6]–[16]. The development of microprocessors
with powerful computational ability makes it possible for the
implementation of MPC in electrical drives. In MPC, the dis-
cretized mathematical model of PMSM is established to predict
the current, flux, or torque behaviors in the future control periods.
A cost function that contains the errors of the control variables
is used to select the optimal output of the controller. Different
control objectives can be easily incorporated in the constraints
of the cost function [7], [13]–[16].

Model predictive torque control (MPTC) is a typical torque
control strategy implemented with MPC [7]–[9]. In MPTC, the
torque and stator flux are simultaneously evaluated in the cost
function to realize optimal control of both torque and stator flux.
However, the control variables contained in the cost function of
MPTC have different units and magnitudes. The weighting fac-
tors of different constraints need to be well tuned, otherwise,
the performance of the PMSM system will deteriorate. Model
predictive flux control (MPFC) is an alternative MPC strategy
to avoid the tuning work of the weighting factors in MPTC
[10]–[12]. The reference torque and amplitude of the stator flux
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are converted into an equivalent reference flux vector. There-
fore, the constraints in the cost function have same units and
magnitudes and the weighting factors are eliminated. In the pre-
vious research works of MPFC, the optimization of switching
instant [11] and simplified voltage selection [12] are studied.
However, the limitation and operation trajectory of the stator flux
vector in different operation range has not been analyzed thor-
oughly. Especially in the high-speed range, the operation range
of the PMSM system is restricted by the voltage and current
limitations of the inverter. In this case, field weakening (FW)
strategy is required to compensate the stator flux vector and
improve the performance of the PMSM system in high-speed
range.

Incorporation of FW strategy into MPC strategies is an es-
sential concern for PMSM operating at high speed. To realize
FW operation in MPTC strategies, the reference torque and flux
magnitude are simply set to be proportional to the inverse of
the rotor speed in [13]. Despite the simplicity of this method,
it only considers the voltage limitation but the variation of sta-
tor current is neglected. For current-based MPC algorithms, the
voltage control loop is used to compensate the reference cur-
rent for high-speed operation [14]. This FW algorithm is robust
against motor parameters variation but the effectiveness is eas-
ily disturbed by the variation of the dc-link voltage. The work
in [15] adds incremental voltage as another constraint of the
cost function to suppress the influence of undesired disturbance
from dc-link voltage, but the new cost function is more com-
plicated and the tuning work of weighting factor is required.
In [16], the torque and stator flux references are adjusted on-
line to improve the torque capability during FW operation, but
the restrictions of the switching losses and neutral point volt-
age error also introduce more weighting factors in the cost
function.

In this paper, an MPFC with simple cost function-based FW
strategy is proposed to expand the operation range of the PMSM
system without introducing additional FW constraints in the
cost function. The flux increment is used as the control vari-
able in the cost function of the proposed MPFC, which re-
flects the saturation degree of the inverter. The value of the
cost function is controlled in an acceptable range to keep the
PMSM system operating within the voltage and current limits
in the FW region. The limitation and operation trajectory of
the stator flux vector are analyzed to support the proposed FW
strategy.

The rest of this paper is organized as follows: The math-
ematical models of PMSM and the discrete-time model are
introduced in Section II. The principle of the proposed MPFC
strategy is analyzed in Section III. The principle of the proposed
cost function-based FW strategy in MPFC is introduced in
Section IV. Experimental results are given in Section V to
validate the effectiveness of the proposed control strategy. The
conclusion is presented in the last section.

II. MATHEMATICAL MODEL OF PMSM

The dynamic models of PMSM in the d–q synchronous rota-
tory frame can be described as following equations:

The stator voltage of PMSM can be obtained as follows:[
ud

uq

]
= Rs

[
id

iq

]
+

[
p −ωe

ωe p

][
ψd

ψq

]
. (1)

The stator flux linkage of PMSM can be obtained as follows:

[
ψd

ψq

]
=

[
Ld 0

0 Lq

][
id

iq

]
+

[
ψf

0

]
. (2)

The electromagnetic torque can be obtained as follows:

Te =
3

2
npψs ⊗ is =

3

2
np(ψdiq − ψqid) (3)

where ψs is the stator flux vector and is is the stator current
vector.

In digital processing implementation, the dynamic mathemat-
ical model can be discretized to predict the states of variables
in the future. The discrete-time model can be obtained by the
Euler method without introducing additional unwanted nonlin-
ear terms [17]. According to (1), the stator flux linkage in k+1
instant can be predicted as follows:[

ψd (k + 1)

ψd (k + 1)

]
=

[
1 ωeTs

−ωeTs 1

][
ψd (k)

ψq (k)

]

−RsTs

[
id (k)

iq (k)

]
+ Ts

[
ud (k)

uq (k)

]
. (4)

III. PRINCIPLE OF THE PROPOSED MPFC

A. Reference Stator Flux Vector

The electromagnetic torque equation in (3) shows that Te is
decided by the stator flux vector ψs and the current vector is.
The relationship between Te and ψs can be established accord-
ing to a certain current control method. Maximum torque per
ampere control and id = 0 control methods are two well-known
current control methods [18], [19]. In this paper, the id = 0 con-
trol method is applied in the proposed MPFC strategy due to
its concise form to reveal the control principle. The reference
stator flux vector in the proposed MPFC can be converted from
the reference torque according to the id = 0 control method.

Based on the id = 0 control method, the electromagnetic
torque in (3) can be expressed as follows:

Te =
3

2
npψdiq. (5)

When the reference torque T ref
e is given, the d–q components

of the reference stator flux vector ψref
s can be obtained as fol-

lows:

ψref
d = ψf

ψref
q = 2LqT ref

e /3npψf . (6)

It can be seen from (6) that the control of torque can be realized
by tracking the reference stator flux vector ψref

s .
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B. Prediction Model of Stator Flux

The prediction model of ψs(k + 1) in (4) contains different
kinds of variables, including stator flux, voltage, and current. In
order to simplify the explanation of the proposed MPFC strat-
egy, the prediction model of stator flux is reconfigured with flux
variables.

The prediction model of ψs(k + 1) in (4) can be rewritten as
follows:

ψs (k + 1) = ψ0 (k) + Δψs (k) (7)

where ψ0 (k) is the initial flux linkage and Δψs (k) is the flux
increment.

The initial flux linkage ψ0 (k) represents the state of flux
linkage in k instant, which can be estimated with the observers.
The initial flux linkage ψ0 (k) is defined as follows:[
ψ0d (k)

ψ0q (k)

]
=

[
1 ωeTs

−ωeTs 1

][
ψd (k)

ψq (k)

]
−RsTs

[
id (k)

iq (k)

]
.

(8)

The flux increment Δψs (k) represents the flux increment
produced by the inverter in k instant. Assuming that the stator
voltage applied in the entire sampling period Ts, the flux incre-
ment Δψs (k) can be obtained as follows:

Δψs (k) = us (k)Ts (9)

where us (k) is the stator voltage vector in k instant.
In the signal processing implementation, the controller works

one sampling period after the observer and the voltage applied to
the stator winding takes effect on the stator flux after one more
control period [20]. Considering the one-step delay effect during
the sampling and control process, the stator flux in k+2 instant
is predicted and the prediction model in (7) should be rewritten
as follows:

ψs (k + 2) = ψ0 (k) + Δψs (k + 1) . (10)

C. Evaluation of Cost Function

The cost function in MPFC is usually defined as the tracking
error of the stator flux [12], which can be expressed as follows:

C =
∣∣ψd

ref − ψd (k + 2)
∣∣2 + ∣∣ψq

ref − ψq (k + 2)
∣∣2

=
∣∣ψs

ref −ψs (k + 2)
∣∣2. (11)

Substituting (10) into (11), the cost function C can be written
as follows:

C =
∣∣ψs

ref −ψ0 (k)−Δψs (k + 1)
∣∣ 2. (12)

The reference flux increment Δψref
s is defined as the differ-

ence between ψref
s and ψ0 (k), which represents the flux incre-

ment required for the initial flux linkage to follow the reference
stator flux vector. The reference flux increment Δψref

s can be
written as follows:

Δψs
ref = ψs

ref −ψ0 (k) . (13)

Fig. 1. Basic flux vectors in the space flux plane.

Substituting (13) into (12), the cost function C can be written
as follows:

C =
∣∣Δψs

ref −Δψs (k + 1)
∣∣2. (14)

In order to minimize the tracking error of the stator flux vector,
the flux increment Δψs (k + 1) applied in k+1 instant should
be selected to minimize the cost function. The value of the cost
function in (14) also reflects the output ability of the inverter.
When the maximum output of the inverter cannot satisfy the
requirement of the reference flux increment, the value of the
cost function in (14) becomes large, so as the tracking error of
the stator flux vector.

D. Optimal Selection of Flux Increment

The switching states of the three-phase voltage source inverter
can be denoted as binary variablesSa,Sb, andSc. The switching
state of each phase equals to “1” when the upper switch is ON

and the bottom switch is OFF and “0” for the reverse ON–OFF

state. There are eight switching states of the three-phase inverter,
denoted as Sn (000, 100, 110, 010, 011, 001, 101, and 111). The
flux incrementΔψs can be calculated according to the switching
states as follows:

[
Δψsd

Δψsq

]
=

[
ud

uq

]
· Ts = 2

3
VdcTs ·M ·

⎡
⎢⎣
Sa

Sb

Sc

⎤
⎥⎦ (15)

where

M =

[
cos θr cos(θr − 2π

3 ) cos(θr +
2π
3 )

− sin θr − sin(θr − 2π
3 ) − sin(θr +

2π
3 )

]
.

A novel space flux vector plane is established to describe
the relationship between the switching state Sn and the flux
increment Δψs. Each switching state Sn corresponds to a basic
flux vector Δψn(n = 0, 1 . . . 7). The basic flux vector Δψn

represents the flux increment produced by the inverter when the
corresponding switching state operates in an entire sampling
period Ts. The basic flux vectors in the space flux vector plane
in the α–β stationary frame are shown in Fig. 1.
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The principle of optimal flux increment selection can be ex-
plained in the space flux vector plane. With the given refer-
ence flux increment Δψref

s , the value of cost function can be
evaluated by substituting Δψn into (14). As shown in Fig. 1,
Cn (n = 0, 1 . . . 7) represents the distance between Δψref

s and
Δψn and reflects the value of the cost function. In Fig. 1, Δψ3

(010) is the closest basic flux vector to Δψref
s and the optimal

flux vector that minimizes the cost function. Therefore, C3 is the
optimal value of cost function Copt and S3 (010) is selected as
the optimal switching state that operates in k+1 instant. With the
space flux vector plane, the selection of optimal switching state
and the value of cost function are more intuitive to understand.

The maximum available flux increment produced by the in-
verter can be described with a flux increment limit hexagon
that connects the terminal vertex of the basic flux vectors
Δψn(n = 1, 2 . . . 6), as shown in Fig. 1. When the reference
flux increment Δψref

s locates within the flux increment limit
hexagon, the maximum tracking error of the stator flux vector
can be calculated as follows:

Copt =
∣∣Δψs

ref −Δψs (k + 1)
∣∣2 ≤ |Δψn|2 =

∣∣∣∣23Vdc · Ts
∣∣∣∣
2

.

(16)
Although the tracking error of the stator flux vector in the

proposed MPFC strategy cannot be eliminated, it is essential to
maintain the tracking error in an acceptable range. Otherwise,
the tracking error of the stator flux is large and the steady-state
performance of the PMSM system will deteriorate.

IV. COST FUNCTION-BASED FIELD WEAKENING STRATEGY

When the PMSM operates in the FW region, the output of
the inverter is restricted by the voltage and current limitations
and the operation range is limited. In this section, the voltage
and current limitations of the inverter are transformed as the
limitation of the stator flux vector. The operation trajectory of the
stator flux is analyzed in ψd–ψq plane to explain the FW control
objective. In order to realize FW operation, a novel cost function-
based FW strategy is proposed. The value of cost function is
controlled with a PI controller and the output of the controller
is used to compensate the reference stator flux vector in the FW
region. The operation region of the stator flux vector is extended
with the proposed FW strategy.

A. Voltage and Current Limitations

The operation of PMSM in the high-speed range is limited by
the capacity of the inverter. The main restrictions of the inverter
are voltage and current limits. The restriction functions of stator
voltage and current are given as follows:

u2d + u2q ≤ U2
max (17)

i2d + i2q ≤ I2max (18)

where Umax is the voltage limit and Imax is the current limit.
In the steady state, by neglecting the voltage drop on the sta-

tor winding resistance, the stator voltage function in (1) can be

Fig. 2. Inverter limits and operation trajectory of stator flux vector in the
ψd–ψq plane.

rewritten as follows:[
ud

uq

]
=

[
0 −ωe

ωe 0

][
ψd

ψq

]
. (19)

Substituting (19) into (17), the voltage restriction function can
be written with the flux variables as follows:

ψd
2 + ψq

2 ≤
(
Umax

ωe

)2

. (20)

Substituting (2) into (18), the current restriction function can
be written with the flux variables as follows:(

ψd − ψf

Ld

)2

+

(
ψq

Lq

)2

≤ Imax
2. (21)

According to the voltage and current restriction functions in
(20) and (21), the voltage and current limit curves can be drawn
in the ψd–ψq plane. Hence, the voltage and current limitations
of the inverter are transformed as the limitation of the stator flux
vector. It can be seen in Fig. 2 that the voltage limit curve is a
circle with the center on O(0, 0) and radius of Umax/ωe. The
radius of the voltage limit circle decreases as the rotor speed
increases. The current limit curve is an ellipse with the center on
O1(ψf , 0). The constant electromagnetic torque curves (Tem1,
Tem2, and Tem3) are also shown in Fig. 2. When the PMSM
operates with id = 0 control method, the operation trajectory
of the stator flux vector moves along AO1 with different load
conditions.

In the low speed range, the stator flux operates on the trajec-
tory of id = 0 control method (i.e., AO1). As the rotor speed
increases, the radius of the voltage limit circle decreases contin-
uously. When the voltage limit circle intersects the current limit
ellipse and AO1 at point A, the PMSM enters the high-speed
region.

If the PMSM operates without FW strategy, the operation
trajectory of the stator flux goes from point A to point O1 with the
increased speed. The maximum torque output deceases rapidly
as the speed increases. The maximum speed will be ωB when
the voltage limit circle intersects AO1 at point O1.

When the PMSM operates at high speed, the operation tra-
jectory of the stator flux should be extended to the FW region,
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Fig. 3. Diagram of the flux vectors in the FW region.

Fig. 4. Diagram of the cost function-based FW control module.

which has the voltage and current limits as its boundary. When
the operation point exceeds the boundary of the FW region, the
reference flux vector should be compensated with FW strategy
to keep the stator flux vector within the limitation. In the FW
region, the maximum speed will be extended to ωC when the
voltage limit circle intersects the current limit ellipse at point C.

Fig. 2 presents the flux compensation objective in the high-
speed range. By modifying the reference flux vector to FW
region, the operation trajectory of the stator flux vector is
maintained within the inverter limits and therefore, the inverter
is capable to produce the reference flux increment.

B. Cost Function-Based FW Strategy

In order to compensate the reference flux vector in the FW
region, a cost function-based FW strategy is proposed. In the
FW region, when the reference flux vector ψref

s locates outside
the voltage limit circle, the inverter is unable to produce the
required flux increment to track on the reference value. In this
case, the terminal vertex of the reference flux increment Δψref

s

goes beyond the flux increment limit hexagon. The schematic
diagram of the flux vectors in FW region is shown in Fig. 3.

In order to reduce the amplitude of Δψref
s , the reference flux

vector ψref
s needs to be compensated in the FW region. When

the optimal value of the cost function Copt is larger than the ref-
erence value Cref, the reference flux vectorψref

s is compensated
with the output of the FW PI controller ΔψFW. In this way, the
reference flux vector ψref

s is kept within the voltage and current
limits to realize FW operation.

The block diagram of the cost function-based FW control
module is shown in Fig. 4. The inputs of the PI controller are the

optimal value of the cost function Copt and the reference value of
the cost function Cref. Cref is set as the maximum tracking error
in the constant torque region to ensure that the output of the PI
controller is zero when Δψref

s locates within the flux increment
hexagon. The optimal value of cost function Copt is controlled
to follow the reference value of cost function Cref and meets the
following equation:

Copt =
∣∣Δψs

ref −Δψs (k + 1)
∣∣2 ≤ Cref =

∣∣∣∣23Vdc · Ts
∣∣∣∣
2

.

(22)

The output of the PI controller ΔψFW is used to compen-
sate the reference stator flux vector ψref

s and keep the operation
trajectory of the stator flux vector within the voltage and cur-
rent limits. The reference stator flux vector ψref

s in (6) can be
compensated with the FW component ΔψFW as follows:

ψref
d = ψf +ΔψFW

ψref
q ≤ Lq ·

√
Imax

2 −
(
ψref
d − ψf

Ld

)2

. (23)

In (23), ψref
d is compensated with ΔψFW and ψref

q is lim-
ited according to (21) to maintain the reference flux vector
ψref

s within the current limit. ΔψFW is limited in the range of
(−Δψdmax, 0], where Δψdmax is the maximum compensated
d-axis flux. The value of Δψdmax is the length of CO1 in Fig. 2
and it can be calculated according to (21) as follows:

Δψdmax = Ld · Imax. (24)

When the reference stator flux vector is kept within the voltage
and current limits, the inverter is able to produce the required flux
increment during the control period. Therefore, the proposed
cost function-based FW strategy can realize FW operation of
the PMSM system at high speed. It can be seen from (16) and
(22) that the maximum tracking errors of the flux increment are
controlled within a finite error and therefore the stability of the
proposed method is guaranteed in both constant torque and FW
region [21].

C. Control Block Diagram

The control block diagram of the proposed MPFC with cost
function-based FW strategy for PMSM system is shown in Fig. 5.
The stator current iabc and rotor angle θr are obtained with the
current sampling module and rotor position observer. The d–q
components of the reference flux vector ψref

d and ψref
q are cal-

culated according to id = 0 control method with the reference
torque T ref

e . The initial flux vector ψ0 is estimated with the rotor
electrical angular speed ωe, rotor angle θr, and the stator cur-
rent iabc. The reference flux increment Δψref

s is calculated with
the reference flux vector ψref

s and initial flux ψ0. By substitut-
ing Δψref

s and different basic flux vectors Δψn into the cost
function, the optimal value of cost function Copt is gained.

The cost function-based FW strategy is realized with a FW
PI controller. The optimal and reference value of the cost
function, Copt and Cref, are inputs of the FW PI controller.
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Fig. 5. Control block diagram of the proposed MPFC with cost function-based FW strategy.

Fig. 6. Experimental equipment of the PMSM system.

The output of the FW PI controller ΔψFW is used to compen-
sate the d-axis component of the reference flux vector ψref

d and
the q-axis component of the reference flux vector ψref

q is lim-
ited according to the current limit function. Finally, the pulse
signals for the switching states Sabc are generated to drive the
three-phase inverter.

V. EXPERIMENTAL STUDIES

The effectiveness of the proposed MPFC with cost function-
based FW strategy is verified with experimental studies. The
steady-state performances of the MPFC strategy at both low and
high speeds are investigated. The comparison of the MPFC with
and without FW strategy is given to verify the enhancement of
the proposed FW strategy in the high-speed region. For safety
concern, the dc-link voltage is decreased to 90 V to limit the
maximum speed of the PMSM.

The experimental equipment is shown in Fig. 6. The inverter
is built with SEMIKRON SKM75GB12T4 IGBTs and driven by

TABLE I
PARAMETERS OF THE PMSM SYSTEM

Fig. 7. Steady-state performance of the PMSM with maximum achievable
torque output at 500 r/min.

SEMIKRON SKHI61. The experimental studies are carried out
based on TI DSP TMS320F28335 controller board. Parameters
of the PMSM system are listed in Table I. The experimental
results are shown in Figs. 7–12.
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Fig. 8. Steady-state performance of the PMSM with maximum achievable
torque output at 1000 r/min. (a) Without FW strategy. (b) With FW strategy.

Fig. 9. Dynamic response when the reference speed changes from 500 to
1250 r/min without load. (a) Without FW strategy. (b) With FW strategy.

Fig. 10. Stator flux response when the reference speed changes from 500 to
1250 r/min without load. (a) Without FW strategy. (b) With FW strategy.

Fig. 11. Comparison of operation range and torque output of the proposed
MPFC. (a) Without FW strategy. (b) With FW strategy.

Fig. 12. Steady-state performance of the proposed strategy with different set-
tings of Ld and Lq (a) at 500 r/min (b) at 1000 r/min.

A. Steady-State Performance

Fig. 7 shows the steady-state performance of the proposed
MPFC strategy in constant torque region at 500 r/min with max-
imum torque output. The waveforms in Fig. 7 are speed N, elec-
tromagnetic torque Te, amplitude of stator flux ψs, and stator
current of phase A ia from top to bottom. It can be seen that
the PMSM operates in stable condition with low torque and flux
ripples. The stator current is sinusoidal with less harmonic com-
ponents. The maximum torque output of the proposed strategy
at 500 r/min is 6.25 N·m and the amplitude of the stator flux is
0.172 Wb.

Fig. 8 shows the steady-state performance of the proposed
method in FW region at 1000 r/min with maximum torque out-
put. The experimental results with and without the proposed

FW strategy is compared in Fig. 8(a) and (b) when the PMSM
operates with maximum achievable torque output at 1000 r/min.
The waveforms in Fig. 8 are speed N, electromagnetic torque Te,
amplitude of stator fluxψs, and stator current of phase A ia from
top to bottom.

The maximum achievable electromagnetic torque output in
Fig. 8(a) is 0.82 N·m and it is increased to 3.35 N·m with the
proposed FW strategy in Fig. 8(b). With the given PMSM pa-
rameters in this paper, the theoretical optimal toque output at
1000 r/min is calculated as 3.80 N·m [22], and the experimen-
tal result is 88.8% of the theoretical value. The stator current
in Fig. 8(b) is more sinusoidal with less harmonic components
than that in Fig. 8(a). It can be seen from Fig. 8 that the proposed
FW strategy has enhanced the steady-state performance and the
maximum torque output of the PMSM in the FW region.
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B. Dynamic Performance

The dynamic performances of the proposed MPFC with and
without FW strategy are compared in Fig. 9 with the opera-
tion condition that the reference speed changes from 500 to
1250 r/min without load. The waveforms in Fig. 9 are speed N,
the optimal value of cost function Copt, electromagnetic torque
Te, and amplitude of stator flux ψs from top to bottom. It can
be seen from Fig. 9(a) that when the PMSM system enters the
FW region, the optimal value of cost function Copt increases
rapidly and the output of the inverter reaches the limits. The
maximum speed in Fig. 9(a) is 1025 r/min, which is lower than
the reference value. With the proposed FW strategy, it can be
seen from Fig. 9(b) that the optimal value of cost function Copt

is controlled to be small and the actual speed reaches the ref-
erence value. The amplitude of the stator flux decreases in the
FW region, which shows the effectiveness of the FW strategy.
The torque output in the FW region is also enhanced with the
proposed FW strategy. It takes 1.25 s for the PMSM system
without FW strategy to reach 1000 rpm in Fig. 9(a) and only
0.78 second for the PMSM system with FW strategy. It can be
seen from Fig. 9 that the proposed FW strategy can realize FW
operation of the PMSM system by controlling the value of the
cost function. The dynamic response and output performance of
the PMSM system are enhanced with the proposed FW strategy.

The stator flux responses of the PMSM system with and
without FW strategy are analyzed to validate the effectiveness
of the proposed FW strategy. The operation conditions are the
same as that in Fig. 9. The reference value and observed value
of the d–q components of the stator flux are shown in Fig. 10.
It can be seen from Fig. 10(a) that when the PMSM operates
without FW strategy, ψref

d and ψref
q are constant in the FW

region. However, ψq is not able to follow the reference value
ψref

q , which has significant influence on the torque output of the
PMSM system. By applying the proposed FW strategy, ψd and
ψq are able to follow ψref

d and ψref
q , which are compensated in

the FW region, as shown in Fig. 10(b).

C. Operation Range

The operation range and torque output of the PMSM system
with and without FW strategy are compared in Fig. 11 with
the reference speed changes from 500 to 1750 r/min without
load. It can be seen from Fig. 11(a) that the maximum speed
of the proposed MPFC without FW strategy is 1025 r/min. In
Fig. 11(b), the maximum speed is extended to 1500 r/min with
the proposed FW strategy. The operation range of the PMSM
system with the FW strategy is 146% of that without the FW
strategy. It can be seen from Fig. 11 that the torque output in the
FW region is also enhanced with the proposed FW strategy.

D. Parameter Sensitivity

In order to analyze the parameter sensitivity of the proposed
method, the control performances of the proposed method are
compared when the PMSM parameters are set in different value.
In Fig. 12, the steady-state performances of the proposed method
with 2 N·m load in constant torque region (500 r/min) and FW

region (1000 r/min) are given with different settings of Ld and
Lq for comparison.

In Fig. 12(a) and (b), the values of Ld and Lq are set as the
actual value (Ld and Lq), half of the actual value (0.5Ld and
0.5Lq), and twice of the actual value (2Ld and 2Lq). It can be
seen from the experimental results that the control performances
are nearly the same in Fig. 12(a) or (b), which indicates that the
robustness of the proposed control strategy against parameter
variation is pretty good in both constant torque region and FW
region.

VI. CONCLUSION

In this paper, a modified MPFC with cost function-based FW
strategy was proposed. The main contributions of this paper can
be concluded as follows.

1) The prediction model and cost function of MPFC have
been reconfigured using the flux increment as the control
variable. A novel space flux vector plane has been pro-
posed to explain the principle of the proposed MPFC.

2) The voltage and current limitations have been transformed
as the limitation of the stator flux vector. The operation
trajectories of the stator flux vector in both constant torque
and FW regions have been analyzed to reveal the control
objectives in different operation regions.

3) A cost function-based FW strategy has been proposed to
expand the operation range of the PMSM system. The
value of the cost function has been used as the FW control
variable without increasing additional FW control con-
straints in the cost function.

REFERENCES

[1] J. A. Güemes, A. M. Iraolagoitia, J. I. Del Hoyo, and P. Fernández, “Torque
analysis in permanent-magnet synchronous motors: A comparative study,”
IEEE Trans. Energy Convers., vol. 26, no. 1, pp. 55–63, Mar. 2011.

[2] R. D. Lorenz and D. B. Lawson, “Flux and torque decoupling control
for field-weakened operation of field-oriented induction machines,” IEEE
Trans. Ind. Appl., vol. 26, no. 2, pp. 290–295, Mar./Apr. 1990.

[3] A. D. Alexandrou, N. K. Adamopoulos, and A. G. Kladas, “Development
of a constant switching frequency deadbeat predictive control technique for
field-oriented synchronous permanent-magnet motor drive,” IEEE Trans.
Ind. Electron., vol. 63, no. 8, pp. 5167–5175, Aug. 2016.

[4] I. Takahashi and T. Noguchi, “A new quick-response and high-efficiency
control strategy of an induction motor,” IEEE Trans. Ind. Appl., vol. IA-22,
no. 5, pp. 820–827, Sep. 1986.

[5] G. S. Buja and M. P. Kazmierkowski, “Direct torque control of PWM
inverter-fed AC motors – A survey,” IEEE Trans. Ind. Electron., vol. 51,
no. 4, pp. 744–757, Aug. 2004.

[6] F. Mwasilu, H. T. Nguyen, H. H. Choi, and J. Jung, “Finite set model
predictive control of interior PM synchronous motor drives with an external
disturbance rejection technique,” IEEE/ASME Trans. Mechatronics, vol.
22, no. 2, pp. 762–773, Apr. 2017.

[7] A. Mora, Á. Orellana, J. Juliet, and R. Cárdenas, “Model predictive torque
control for torque ripple compensation in variable-speed PMSMs,” IEEE
Trans. Ind. Electron., vol. 63, no. 7, pp. 4584–4592, Jul. 2016.

[8] X. Zhang and B. Hou, “Double vectors model predictive torque control
without weighting factor based on voltage tracking error,” IEEE Trans.
Power Electron., vol. 33, no. 3, pp. 2368–2380, Mar. 2018.

[9] W. Xie et al., “Finite-control-set model predictive torque control with a
deadbeat solution for PMSM drives,” IEEE Trans. Ind. Electron., vol. 62,
no. 9, pp. 5402–5410, Sep. 2015.

[10] Y. Zhang, H. Yang, and B. Xia, “Model-predictive control of induction
motor drives: Torque control versus flux control,” IEEE Trans. Ind. Appl.,
vol. 52, no. 5, pp. 4050–4060, Sep./Oct. 2016.



ZHENG AND SUN: MODEL PREDICTIVE FLUX CONTROL WITH COST FUNCTION-BASED FIELD WEAKENING STRATEGY FOR PMSM 2159

[11] Y. Zhang and H. Yang, “Model-predictive flux control of induction motor
drives with switching instant optimization,” IEEE Trans. Energy Convers.,
vol. 30, no. 3, pp. 1113–1122, Sep. 2015.

[12] C. Sun, D. Sun, Z. Zheng, and H. Nian, “Simplified model predictive con-
trol for dual inverter-fed open-winding permanent magnet synchronous
motor,” IEEE Trans. Energy Convers., vol. 33, no. 4, pp. 1846–1854,
Dec. 2018.

[13] M. Habibullah, D. D. Lu, D. Xiao, J. E. Fletcher, and M. F. Rahman,
“Predictive torque control of induction motor sensorless drive fed by a
3L-NPC inverter,” IEEE Trans. Ind. Informat., vol. 13, no. 1, pp. 60–70,
Feb. 2017.

[14] J. Liu, C. Gong, Z. Han, and H. Yu, “IPMSM model predictive control in
flux-weakening operation using an improved algorithm,” IEEE Trans. Ind.
Electron., vol. 65, no. 12, pp. 9378–9387, Dec. 2018.

[15] J. Su, R. Gao, and I. Husain, “Model predictive control based field-
weakening strategy for traction EV used induction motor,” IEEE Trans.
Ind. Appl., vol. 54, no. 3, pp. 2295–2305, May/Jun. 2018.

[16] Y. Zhang, Y. Bai, H. Yang, and B. Zhang, “Low switching frequency
model predictive control of three-level inverter-fed IM drives with speed-
sensorless and field-weakening operations,” IEEE Trans. Ind. Electron.,
vol. 66, no. 6, pp. 4262–4272, Jun. 2019.

[17] Z. Mynar, L. Vesely and P. Vaclavek, “PMSM model predictive control
with field-weakening implementation,” IEEE Trans. Ind. Electron., vol.
63, no. 8, pp. 5156–5166, Aug. 2016.

[18] P. Cortes, J. Rodriguez, C. Silva, and A. Flores, “Delay compensation in
model predictive current control of a three-phase inverter,” IEEE Trans.
Ind. Electron., vol. 59, no. 2, pp. 1323–1325, Feb. 2012.

[19] Y. Cho, K. Lee, J. Song, and Y. I. Lee, “Torque-ripple minimization
and fast dynamic scheme for torque predictive control of permanent-
magnet synchronous motors,” IEEE Trans. Power Electron., vol. 30, no. 4,
pp. 2182–2190, Apr. 2015.

[20] M. Preindl and S. Bolognani, Model predictive direct torque control
with finite control set for PMSM drive systems, part 1 maximum
torque per ampere operation, IEEE Trans. Ind. Informat., vol. 9, no. 4,
pp. 1912–1921, Nov. 2013.

[21] R. P. Aguilera and D. E. Quevedo, “Predictive control of power converters:
Designs with guaranteed performance,” IEEE Trans. Ind. Informat., vol.
11, no. 1, pp. 53–63, Feb. 2015.

[22] J. SalomÄki, M. Hinkkanen, and J. Luomi, “Influence of inverter output
filter on maximum torque and speed of PMSM drives,” IEEE Trans. Ind.
Appl., vol. 44, no. 1, pp. 153–160, Jan./Feb. 2008.

Zhihao Zheng was born in 1993. He received the
B.S. degree in electrical engineering in 2015 from
Zhejiang University, Hangzhou, China, where he is
currently working toward the Ph.D. degree.

His current research interests include power elec-
tronics and advanced control strategy of electric
machine.

Dan Sun (M’05–SM’17) received the B.S. degree
from Shenyang Jianzhu University, Shenyang, China,
in 1997, the M.S. degree from Hohai University, Nan-
jing, China, in 2000, and the Ph.D. degree from Zhe-
jiang University, Hangzhou, China, in 2004, all in
electrical engineering.

In 2004, she joined the College of Electrical En-
gineering, Zhejiang University. Since 2017, she has
been a Full Professor with Zhejiang University. Her
research interests include the advanced electric ma-
chine drives and control for wind power generation
system.



<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Gray Gamma 2.2)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Warning
  /CompatibilityLevel 1.4
  /CompressObjects /Off
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.0000
  /ColorConversionStrategy /sRGB
  /DoThumbnails true
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams true
  /MaxSubsetPct 100
  /Optimize true
  /OPM 0
  /ParseDSCComments false
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo false
  /PreserveFlatness true
  /PreserveHalftoneInfo true
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts false
  /TransferFunctionInfo /Remove
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
    /Algerian
    /Arial-Black
    /Arial-BlackItalic
    /Arial-BoldItalicMT
    /Arial-BoldMT
    /Arial-ItalicMT
    /ArialMT
    /ArialNarrow
    /ArialNarrow-Bold
    /ArialNarrow-BoldItalic
    /ArialNarrow-Italic
    /ArialUnicodeMS
    /BaskOldFace
    /Batang
    /Bauhaus93
    /BellMT
    /BellMTBold
    /BellMTItalic
    /BerlinSansFB-Bold
    /BerlinSansFBDemi-Bold
    /BerlinSansFB-Reg
    /BernardMT-Condensed
    /BodoniMTPosterCompressed
    /BookAntiqua
    /BookAntiqua-Bold
    /BookAntiqua-BoldItalic
    /BookAntiqua-Italic
    /BookmanOldStyle
    /BookmanOldStyle-Bold
    /BookmanOldStyle-BoldItalic
    /BookmanOldStyle-Italic
    /BookshelfSymbolSeven
    /BritannicBold
    /Broadway
    /BrushScriptMT
    /CalifornianFB-Bold
    /CalifornianFB-Italic
    /CalifornianFB-Reg
    /Centaur
    /Century
    /CenturyGothic
    /CenturyGothic-Bold
    /CenturyGothic-BoldItalic
    /CenturyGothic-Italic
    /CenturySchoolbook
    /CenturySchoolbook-Bold
    /CenturySchoolbook-BoldItalic
    /CenturySchoolbook-Italic
    /Chiller-Regular
    /ColonnaMT
    /ComicSansMS
    /ComicSansMS-Bold
    /CooperBlack
    /CourierNewPS-BoldItalicMT
    /CourierNewPS-BoldMT
    /CourierNewPS-ItalicMT
    /CourierNewPSMT
    /EstrangeloEdessa
    /FootlightMTLight
    /FreestyleScript-Regular
    /Garamond
    /Garamond-Bold
    /Garamond-Italic
    /Georgia
    /Georgia-Bold
    /Georgia-BoldItalic
    /Georgia-Italic
    /Haettenschweiler
    /HarlowSolid
    /Harrington
    /HighTowerText-Italic
    /HighTowerText-Reg
    /Impact
    /InformalRoman-Regular
    /Jokerman-Regular
    /JuiceITC-Regular
    /KristenITC-Regular
    /KuenstlerScript-Black
    /KuenstlerScript-Medium
    /KuenstlerScript-TwoBold
    /KunstlerScript
    /LatinWide
    /LetterGothicMT
    /LetterGothicMT-Bold
    /LetterGothicMT-BoldOblique
    /LetterGothicMT-Oblique
    /LucidaBright
    /LucidaBright-Demi
    /LucidaBright-DemiItalic
    /LucidaBright-Italic
    /LucidaCalligraphy-Italic
    /LucidaConsole
    /LucidaFax
    /LucidaFax-Demi
    /LucidaFax-DemiItalic
    /LucidaFax-Italic
    /LucidaHandwriting-Italic
    /LucidaSansUnicode
    /Magneto-Bold
    /MaturaMTScriptCapitals
    /MediciScriptLTStd
    /MicrosoftSansSerif
    /Mistral
    /Modern-Regular
    /MonotypeCorsiva
    /MS-Mincho
    /MSReferenceSansSerif
    /MSReferenceSpecialty
    /NiagaraEngraved-Reg
    /NiagaraSolid-Reg
    /NuptialScript
    /OldEnglishTextMT
    /Onyx
    /PalatinoLinotype-Bold
    /PalatinoLinotype-BoldItalic
    /PalatinoLinotype-Italic
    /PalatinoLinotype-Roman
    /Parchment-Regular
    /Playbill
    /PMingLiU
    /PoorRichard-Regular
    /Ravie
    /ShowcardGothic-Reg
    /SimSun
    /SnapITC-Regular
    /Stencil
    /SymbolMT
    /Tahoma
    /Tahoma-Bold
    /TempusSansITC
    /TimesNewRomanMT-ExtraBold
    /TimesNewRomanMTStd
    /TimesNewRomanMTStd-Bold
    /TimesNewRomanMTStd-BoldCond
    /TimesNewRomanMTStd-BoldIt
    /TimesNewRomanMTStd-Cond
    /TimesNewRomanMTStd-CondIt
    /TimesNewRomanMTStd-Italic
    /TimesNewRomanPS-BoldItalicMT
    /TimesNewRomanPS-BoldMT
    /TimesNewRomanPS-ItalicMT
    /TimesNewRomanPSMT
    /Times-Roman
    /Trebuchet-BoldItalic
    /TrebuchetMS
    /TrebuchetMS-Bold
    /TrebuchetMS-Italic
    /Verdana
    /Verdana-Bold
    /Verdana-BoldItalic
    /Verdana-Italic
    /VinerHandITC
    /Vivaldii
    /VladimirScript
    /Webdings
    /Wingdings2
    /Wingdings3
    /Wingdings-Regular
    /ZapfChanceryStd-Demi
    /ZWAdobeF
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 150
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages false
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 900
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.00111
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages false
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /ColorImageDict <<
    /QFactor 0.40
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 150
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages false
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 1200
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.00083
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages false
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /GrayImageDict <<
    /QFactor 0.40
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages false
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 1600
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.00063
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e55464e1a65876863768467e5770b548c62535370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc666e901a554652d965874ef6768467e5770b548c52175370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /DAN <>
    /DEU <>
    /ESP <>
    /FRA <>
    /ITA (Utilizzare queste impostazioni per creare documenti Adobe PDF adatti per visualizzare e stampare documenti aziendali in modo affidabile. I documenti PDF creati possono essere aperti con Acrobat e Adobe Reader 5.0 e versioni successive.)
    /JPN <>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020be44c988b2c8c2a40020bb38c11cb97c0020c548c815c801c73cb85c0020bcf4ace00020c778c1c4d558b2940020b3700020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken waarmee zakelijke documenten betrouwbaar kunnen worden weergegeven en afgedrukt. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /PTB <>
    /SUO <>
    /SVE <>
    /ENU (Use these settings to create PDFs that match the "Suggested"  settings for PDF Specification 4.0)
  >>
>> setdistillerparams
<<
  /HWResolution [600 600]
  /PageSize [612.000 792.000]
>> setpagedevice


