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A Negative-Output High Quadratic Conversion Ratio
DC–DC Converter With Dual Working Modes

Jing Li and Jinjun Liu , Senior Member, IEEE

Abstract—A negative-output high quadratic conversion ratio
dc–dc converter with dual working modes is proposed. One work-
ing mode is a step-up mode, and the other is a step-up/step-down
mode. Analysis of the circuit principle and different operation
modes, steady-state calculation, and small-signal modeling are
presented. Comparisons of the proposed converter with other con-
verters demonstrate that the proposed converter has a higher
conversion ratio in its two working modes and, under the same
voltage gain, the proposed converter in the second working mode
has the lowest switching device power rating, a higher efficiency,
and small peak-to-peak value of input current. Simulation results
based on PSpice and circuit experiments are given to verify the
effectiveness of the proposed converter.

Index Terms—DC–DC, dual working modes, negative-output
(N-O), quadratic conversion ratio, step up, step up/step down.

I. INTRODUCTION

R ENEWABLE and clean energy sources such as photo-
voltaic (PV) cells and fuel cells are increasing rapidly

worldwide, and for these sources’ inherent low-voltage charac-
teristic, a prestage high gain dc–dc converter is essential [1], [2].
For example, in a PV system, use of a high-gain dc–dc boost con-
verter is superior to numerical PV modules connected in series
to avoid shading problems and decreased reliability [3]. More-
over, dc–dc switched power supplies with high-voltage gain
are indispensable in applications to uninterruptible power sup-
plies, X-ray systems, and high-density discharge lamps [4], [5].
However, conventional dc–dc boost converters or buck–boost
converters are two common ways to get the required output
voltage within a wide range of input voltages, ultrahigh gain
cannot be obtained for the requirement of extreme high duty
cycle cannot be met because of the constraint of control circuit
and semiconductor devices [6].

In the past few decades, numerous new dc–dc converters with
high-voltage gain have been devised. Maksimovic and Cuk de-
vised a series of quadratic converters [7], but, in practice, most
of them can only work in step-up mode or step-down mode.
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Zhang et al. [8] proposed a converter with a quadratic gain of
D2 /(1 − D)2 , it comprised three-stage basic cells in a cascaded
connection with six semiconductors and six passive elements.
Two boost converters with high-voltage gains of 4/(1 − D) and
(3 + D)/(1 − D) were demonstrated in [1] and [9], respectively,
but the output voltage was floating and the number of semicon-
ductors and passive components needed were both still up to
six, respectively. Miao et al. [10] developed another quadratic
buck–boost converter with a voltage gain of D2 /(1 − D)2 with
fewer components, but the input current ripple was from zero to
peak value and needed a large filter.

However, the switched networks and high-frequency trans-
formers can be employed to widen the voltage gain without
extreme duty cycle, abruptly changing capacitor voltage, or the
leakage inductor causing a current spike, a voltage spike, electro-
magnetic interference (EMI), or efficiency reduction [11]–[13].

In addition, dc–dc converters with negative-output (N-O) are
indispensable in applications to audio amplifiers, signal gener-
ator, and data transmission interface [14]. In particular, for tube
wave traveling amplifiers, for electrical safety and heat dissipa-
tion, the shell is the reference ground and is connected to the
helix pole and the other voltages are negative compared with the
helix voltage [15]–[17]. If the prestage dc–dc converter could
get a high N-O, the high-voltage transformer ratio could be re-
duced and with advantages of the transformer interstage stray
parameters being reduced and higher efficiency.

Some scholars [18], [19] have designed N-O boost convert-
ers with a voltage gain of −1/(1 − D), but this gain is not
high enough. Mostaan et al. [20] proposed a high quadratic
gain N-O buck–boost converter with a conversion ratio of
−D(2 − D)/(1 − D)2 . However, the input current has a large
ripple that varies from zero to peak and needs a large filter; in
addition, the electric stresses are high.

In some applications, such as in aeronautics and astronautics,
the input voltage varies from tens volts to hundred volts, and
the requirement for topology selection is not only high gain, but
also working versatile and flexible.

This paper proposes an N-O high quadratic conversion ratio
dc–dc converter with dual working modes. One is step-up mode
with a conversion ratio of −(1 − D + D2)/D/(1 − D), and
the other is step-up/step-down mode with a conversion ratio of
−D(2 − D)/(1 − D)2 depending on different control strategies.

The rest of this paper is organized as follows. In Section II,
the proposed topology is presented along with the circuit op-
eration principle in continuous-conduction mode (CCM). The
steady-state analysis is given in Section III. Small-signal model-
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Fig. 1. Proposed high quadratic conversion ratio converter with dual working
modes.

ing is presented in Section IV. The design procedure along with
the simulation results are given in Section V. Some compar-
isons with other converters are shown in Section VI. Efficiency
analysis and nonideal conversion ratio analysis are given in
Section VII. Experimental results are given in Section VIII.
Finally, some conclusions are listed in Section IX.

II. CIRCUIT STRUCTURE AND OPERATING PRINCIPLE

Fig. 1 shows the circuit for the proposed high quadratic con-
version ratio converter with dual working modes, which contains
two power switches (S1 and S2), two power diodes (D1 and D2),
two inductors (L1 and L2), two capacitors (C1 and C2), and a
resistive load R.

A. Mode1 (Step-Up Mode)

Fig. 2 shows the typical time-domain waveforms when power
switches S1 and S2 are working complementarily in CCM mode.

1) State 1 (NT ≤ t < (N + D)T ): As shown in Fig. 3(a),
during this time period, power switch S1 and power diode D2
are turned ON at the same time, inductor L1 is magnetized while
inductor L2 is demagnetized, and capacitor C1 is discharged and
output capacitor C2 is charged. Thus, the following equations
can be obtained:

VL1 = vin (1)

VL2 = − vin + vC 1 − vC 2 . (2)

2) State 2 ((N + D)T < t ≤ (N + 1)T ): In state 2,
switch S2 and diode D1 are conducted, inductor L1 is demag-
netized and inductor L2 is magnetized, and capacitor C1 is
charged and output capacitor C2 is discharged. Thus, we obtain
the following equations:

VL1 = vin − vC 1 (3)

VL2 = vC 1 . (4)

Fig. 2. Typical time-domain waveforms of the proposed converter in mode1
in CCM.

Fig. 3. Equivalent circuits of the proposed converter in mode 1. (a) State 1
(S = 1). (b) State 2 (S = 0).

B. Mode 2 (Step-Up/Step-Down Mode)

Fig. 4 shows the typical time-domain waveforms when power
switches S1 and S2 are working simultaneously in CCM mode.

1) State 1 (NT ≤ t < (N + D)T ): As shown in Fig. 5(a),
during this time period, power switches S1 and S2 are turned
ON simultaneously, inductor L1 and L2 are magnetized, and
capacitor C1 is discharged and output capacitor C2 is charged.
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Fig. 4. Typical time-domain waveforms of the proposed converter in mode 2
in CCM.

Fig. 5. Equivalent circuits of the proposed converter in mode 2. (a) State 1
(S = 1). (b) State 2 (S = 0).

Thus, the following equations can be obtained:

VL1 = vin (5)

VL2 = vC 1 . (6)

2) State 2 ((N + D)T < t ≤ (N + 1)T ): In state 2, the
power diodes D1 and D2 are conducted, inductors L1 and L2 are
demagnetized, and capacitor C1 is charged and output capacitor

C2 is discharged, so we can write the following equations:

VL1 = vin − vC 1 (7)

VL2 = − vin + vC 1 − vC 2 . (8)

III. STEADY-STATE ANALYSIS

To perform the steady-state analysis, the following assump-
tions must first be made.

1) The components including resistors, capacitors, and in-
ductors are linear time invariant.

2) Only the CCM is considered.
3) IL1 , IL2 , Vin, VC 1 , VC 2 , and D are the steady-state dc val-

ues of iL1 , iL2 , vin, vC 1 , vC 2 , and d.

A. Mode1 (Step-Up Mode)

1) Voltage Gain: By applying volt–second balance principle
to inductors L1 and L2 , the voltage across capacitor C1 in steady
state and the voltage gain G can be expressed as

VC 1 =
1

1 − D
Vin (9)

G =
VC 2

Vin
=

1 − D + D2

D(1 − D)
. (10)

2) Electric Stress Analysis: From a circuit analysis, the volt-
age stresses of two power switches (S1 and S2) and two diodes
(D1 and D2) are

VS1 =
1

1 − D
Vin (11)

VS2 =
1

(1 − D)D
Vin (12)

VD1 =
1

(1 − D)
Vin (13)

VD2 =
1

(1 − D)D
Vin . (14)

The input current can be expressed by input/output power
balance consideration described as VinIin = VoIo

Iin =
1 − D + D2

D(1 − D)
Io . (15)

By applying the ampere–second balance principle to capaci-
tor C1 and output capacitor C2 , the dc values in steady state of
IL1 and IL2 can be derived as follows:

IL1 =
1

(1 − D)D
Io (16)

IL2 =
1
D

Io. (17)
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The current stresses of two power switches (S1 and S2) and
two diodes (D1 and D2) are

IS1 = DIL1 =
1

(1 − D)
Io (18)

IS2 = (1 − D)IL2 =
(1 − D)

D
Io (19)

ID1 = (1 − D)IL1 =
1
D

Io (20)

ID2 = DIL2 = Io . (21)

3) Voltage Ripple of Capacitors and Current Ripple of
Inductors: The voltage ripples across capacitors C1 and C2
and the current ripples through inductors L1 and L2 are de-
fined as ΔvC 1 and ΔvC 2 and ΔiL1 and ΔiL2 (all of which are
peak-to-peak values), respectively. From simulation waveforms,
using a geometrical method to calculate the ripples of capacitor
voltages ΔvC 1 ,ΔvC 2 and the ripples of inductor currents ΔiL1
and ΔiL2 , results in

ΔvC 1 =
IC 1

C1
DT =

Vin

C1Rf

1 − D + D2

D(1 − D)
(22)

ΔvC 2 =
IC 2

C2
DT =

Vin

C2Rf

1 − D + D2

D
(23)

ΔiL1 =
VL1

L1
DT =

Vin

L1f
D (24)

ΔiL2 =
VL2

L2
DT =

Vin

L2f
. (25)

4) Boundary Condition Between CCM and Discontinuous-
Conduction Mode (DCM): The inductor current is designed to
be continuous with respect to EMI and electromagnetic com-
patibility. In the boundary condition mode, inductor current IL1
reaches its zero point at the end of each switching cycle NT
and inductor current IL2 reaches its zero point at the time point
(N + D)T within each switching cycle. For CCM operation,
the average value of inductor currents must be greater than half
the amount of current ripples

IL1 >
1
2
ΔiL1 (26)

IL2 >
1
2
ΔiL2 (27)

where the normalized inductor time constant τL1,2 is defined as
τL1,2 = L1 , 2 f

R . Therefore, the boundary conditions for L1 and
L2 are

τL1B =
D3(1 − D)2

2(1 − D + D2)
(28)

τL2B =
D2(1 − D)

2(1 − D + D2)
. (29)

Based on (28) and (29), the relationship between τL1,2 and
duty cycle D is plotted in Fig. 6. When τL1 > τL1B and
τL2 > τL2B , the circuit is operating in L1,2 − CCM; otherwise,
it operates in L1,2 − DCM.

Fig. 6. Boundary conditions for the proposed converter in mode 1.

B. Mode 2 (Step-Up/Step-Down Mode)

1) Voltage Gain: By applying the same principle to induc-
tors L1 and L2 , the voltage across capacitor C1 in steady state
and the conversion ratio G are determined as

VC 1 =
1

1 − D
Vin (30)

G =
VC 2

Vin
=

2D − D2

(1 − D)2 . (31)

2) Electric Stress Analysis: The voltage stresses on power
switches (S1 and S2) and power diodes (D1 and D2) are

VS1 =
1

1 − D
Vin (32)

VS2 =
1

(1 − D)2 Vin (33)

VD1 =
1

(1 − D)
Vin (34)

VD2 =
1

(1 − D)2 Vin . (35)

The relationship between input current and output current is

Iin =
2D − D2

(1 − D)2 Io . (36)

The steady-state dc values of IL1 and IL2 can be calculated
by ampere–second balance principle

IL1 =
1

(1 − D)2 Io (37)

IL2 =
1

1 − D
Io. (38)

The current stress of four semiconductor devices S1 , S2 ,D1 ,
and D2 is

IS1 = DIL1 =
D

(1 − D)2 Io (39)

IS2 = DIL2 =
D

1 − D
Io (40)
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ID1 = (1 − D)IL1 =
1

(1 − D)
Io (41)

ID2 = (1 − D)IL2 = Io . (42)

3) Voltage Ripple of Capacitors and Current Ripple of
Inductors: The capacitor voltage ripples ΔvC 1 and ΔvC 2 and
inductor current ripples ΔiL1 and ΔiL2 can be calculated by
using the same method

ΔvC 1 =
IC 1

C1
DT =

VinD

C1Rf

2D − D2

(1 − D)3 (43)

ΔvC 2 =
IC 2

C2
DT =

VinD

C2Rf

2D − D2

(1 − D)2 (44)

ΔiL1 =
VL1

L1
DT =

Vin

L1f
D (45)

ΔiL2 =
VL2

L2
DT =

Vin

L2f

D

1 − D
. (46)

4) Boundary Condition Between CCM and DCM: In
mode 2, in the boundary condition mode, inductor currents IL1
and IL2 reach their zero point at the end of each switching cycle.
The boundary conditions for L1 and L2 are

τL1B =
(1 − D)4

2(2 − D)
(47)

τL2B =
(1 − D)2

2(2 − D)
. (48)

As shown in Fig. 7, when τL1 > τL1B and τL2 > τL2B , the
circuit is operating in L1,2 − CCM; otherwise, it operates in
L1,2 − DCM.

IV. SMALL-SIGNAL MODELING

The state equations in modes 1 and 2 are derived according
to Figs. 3 and 5, as shown in (49) and (50) shown at the bottom
of this page, respectively, in which Mi and Si stand for mode i
and state i, where i equals 1 or 2

Fig. 7. Boundary conditions for the proposed converter in mode 2.

Using an averaging method to get the average model of the
proposed converter in modes 1 and 2 result in

Mode 1

⎧
⎪⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎪⎩

d〈iL 1 〉
dt = 〈v in 〉

L1
− 〈vC 1 〉

L1
(1 − d)

d〈iL 2 〉
dt = 〈vC 1 〉

L2
− 〈v in 〉

L2
d − 〈vC 2 〉

L2
d

d〈vC 1 〉
dt = −〈iL 2 〉

C1
+ 〈iL 1 〉

C1
(1 − d)

d〈vC 2 〉
dt = 〈iL 2 〉

C2
d − 〈vC 2 〉

RC2

(51)

Mode 2

⎧
⎪⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎪⎩

d〈iL 1 〉
dt = 〈v in 〉

L1
− 〈vC 1 〉

L1
(1 − d)

d〈iL 2 〉
dt = 〈vC 1 〉

L2
− 〈v in 〉

L2
(1 − d) − 〈vC 2 〉

L2
(1 − d)

d〈vC 1 〉
dt = −〈iL 2 〉

C1
+ 〈iL 1 〉

C1
(1 − d)

d〈vC 2 〉
dt = −〈vC 2 〉

RC2
+ 〈iL 2 〉

C2
(1 − d)

(52)

in which 〈iL1〉, 〈iL2〉, 〈vC 1〉, 〈vC 2〉, and 〈vin〉 are the average
values of iL1 , iL2 , vC 1 , vC 2 , and vin, respectively.

We can define 〈x〉, x̂, and X as the averaged value, the small
ac value, and the dc value of x, respectively, for the circuit
variables such as iL1 , iL2 , vC 1 , vC 2 , and d. The relationship
among x, x̂, and X is given in (53) and satisfies the small-signal
assumption x̂ � X

x = X + x̂. (53)

Substituting (53) into (51) and (52), using the small-signal
perturbation method, and ignoring high-order ac items, we can

M1 − S1

⎧
⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

L1
diL 1
dt = vin

L2
diL 2
dt = vC 1 − vin − vC 2

C1
dvC 1

dt = −iL2

C2
dvC 2

dt = iL2 − vC 2
R

M1 − S2

⎧
⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

L1
diL 1
dt = vin − vC 1

L2
diL 2
dt = vC 1

C1
dvC 1

dt = iL1 − iL2

C2
dvC 2

dt = − vC 2
R

(49)

M2 − S1

⎧
⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

L1
diL 1
dt = vin

L2
diL 2
dt = vC 1

C1
dvC 1

dt = −iL2

C2
dvC 2

dt = − vC 2
R

M2 − S2

⎧
⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

L1
diL 1
dt = vin − vC 1

L2
diL 2
dt = vC 1 − vin − vC 2

C1
dvC 1

dt = iL1 − iL2

C2
dvC 2

dt = iL2 − vC 2
R

(50)
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derive the small-signal transfer functions of the proposed con-
verter by using the Laplace transformation. Based on these
transfer functions, the small-signal dynamic behaviors of the
proposed converter can be analyzed (54) and (55) are shown at
the bottom of the next page.
where A1 ,B11 ,B12 ,A2 ,B21 , and B22 are expressed as
follows:

A1 =

⎡

⎢
⎢
⎢
⎢
⎣

0 0 − (1−D )
L1

0

0 0 1
L2

− D
L2

(1−D )
C1

− 1
C1

0 0

0 D
C2

0 − 1
RC2

⎤

⎥
⎥
⎥
⎥
⎦

(56)

A2 =

⎡

⎢
⎢
⎢
⎢
⎢
⎣

0 0 − (1−D )
L1

0

0 0 1
L2

− (1−D )
L2

(1−D )
C1

− 1
C1

0 0

0 (1−D )
C2

0 − 1
RC2

⎤

⎥
⎥
⎥
⎥
⎥
⎦

(57)

B11 =

⎡

⎢
⎢
⎢
⎢
⎢
⎣

VC 1
L1

−VC 2
L2

− IL 1
C1

IL 2
C2

⎤

⎥
⎥
⎥
⎥
⎥
⎦

B12 =

⎡

⎢
⎢
⎢
⎢
⎢
⎣

1
L1

0

0

0

⎤

⎥
⎥
⎥
⎥
⎥
⎦

(58)

B21 =

⎡

⎢
⎢
⎢
⎢
⎢
⎣

VC 1
L1

VC 2
L2

− IL 1
C1

− IL 2
C2

⎤

⎥
⎥
⎥
⎥
⎥
⎦

B22 =

⎡

⎢
⎢
⎢
⎢
⎢
⎣

1
L1

− 1
L2

0

0

⎤

⎥
⎥
⎥
⎥
⎥
⎦

. (59)

V. DESIGN PROCEDURE AND SIMULATIONS

This proposed converter is designed to operate in the dual
working modes. The given specifications are listed in Table I.

From the input voltage and output voltage, the duty cycle in
modes 1 and 2 can be calculated as follows:

D1 =
(G + 1) ± √

(G + 1)(G − 3)
2(G + 1)

(60)

D2 = 1 − 1
√

(G + 1)
. (61)

In mode 1, the duty cycle should be chosen as 0.5. In
mode 2, the duty cycle should be chosen as 0.1835 in the step-
down state and 0.3675 in the step-up state.

TABLE I
SPECIFICATIONS FOR THE PROPOSED CONVERTER

TABLE II
SELECTED COMPONENTS FOR THE PROPOSED CONVERTER

According to the capacitor voltage, inductor current, and rip-
ple calculation shown in (9), (10), (16), (17), and (22)–(25) in
mode 1 and in (30), (31), (37), (38), and (43)–(46) in mode 2, the
inductors and capacitors should satisfy the following equations:

⎧
⎨

⎩

L1 > R
40%f

(1−D1 )2 D1
3

1−D1 +D1
2

L1 > R
40%f

(1−D2 )4

2−D2

(62)

⎧
⎨

⎩

L2 > R
40%f

(1−D1 )D1
2

1−D1 +D1
2

L2 > R
40%f

(1−D2 )2

2−D2

(63)

⎧
⎨

⎩

C1 > 1
10%Rf

1−D1 +D1
2

D1

C1 > 1
10%Rf

(2−D2 )D2
2

(1−D2 )2

(64)

{
C2 > 1

1%Rf (1 − D1)

C2 > 1
1%Rf D2 .

(65)

Based on the electric stress calculations in modes 1 and 2, the
power MOSFET and the power diode are selected for the proposed
converter. Table II lists the design parameters.

Fig. 8 shows the PSpice simulations of the proposed converter
in modes 1 and 2.

Fig. 9 shows Bode plot comparisons of the proposed con-
verter in two modes between PSIM simulations and numerical
calculations.

Mode1

⎧
⎪⎨

⎪⎩

Gvd1(s) = v̂C 2 (s)
d̂(s)

∣
∣
∣
v̂ in (s)=0

= [0, 0, 0, 1](sI − A1)−1B11

Gvv1(s) = v̂C 2 (s)
v̂ in (s)

∣
∣
∣
d̂(s)=0

= [0, 0, 0, 1](sI−A1)−1B12
(54)

Mode2

⎧
⎪⎨

⎪⎩

Gvd2(s) = v̂C 2 (s)
d̂(s)

∣
∣
∣
v̂ in (s)=0

= [0, 0, 0, 1](sI − A2)−1B21

Gvv2(s) = v̂C 2 (s)
v̂ in (s)

∣
∣
∣
d̂(s)=0

= [0, 0, 0, 1](sI−A2)−1B22
(55)
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Fig. 8. PSpice simulations of the proposed converter (from top to bottom,
iL 1 , iL 2 , vo , vC 1 , and vg ). (a) Step-up state in mode 1. (b) Step-down state in
mode 2. (c) Step-up state in mode 2.

VI. COMPARISONS WITH OTHER CONVERTERS

A. Mode1 (Step-Up Mode)

Table III gives comparisons among the traditional boost con-
verter, the N-O self-lift Luo converter [18], the N-O KY boost
converter [19], and the proposed N-O converter in mode 1 (step-
up mode).

Fig. 9. Bode plot comparisons of the proposed converter (blue solid line:
theoretical calculations from derived model; red dashed line: PSIM simulations).
(a) Step-up state in mode 1. (b) Step-down state in mode 2. (c) Step-up state in
mode 2.

Fig. 10 shows the voltage gains of the traditional boost
converter, the N-O self-lift Luo converter, the N-O KY
boost converter, and the proposed N-O converter in mode 1
(step-up mode). One can see that the gain of the proposed
N-O converter in mode 1 is the largest, and the gain is sym-
metrical with D = 0.5. The lowest voltage gain is 3 when
D = 0.5.
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TABLE III
COMPARISONS AMONG DIFFERENT CONVERTERS (MODE 1: STEP UP)

Fig. 10. Voltage gains of different boost converters.

The switching device power (SDP) rating as the product of the
voltage stress Vsi and the average current stress Isi is introduced
as a cost indicator for the power device. The total SDP, expressed
as SDPsum =

∑N
i=1 VSi · ISi , where N is the number of power

device used, can be a rough cost estimation of the converter

Fig. 11. SDP comparisons of different boost converters.

system, and, furthermore, it is also an indicator of the thermal
requirements and conversion efficiency [21], [22].

Fig. 11 shows the SDP comparisons of the traditional boost
converter and the proposed N-O converter in mode 1. One can
see that for the proposed N-O converter in mode 1, the SDP is
a little larger than that of the traditional boost converter, and,
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TABLE IV
COMPARISONS AMONG DIFFERENT CONVERTERS (MODE 2: STEP UP/STEP DOWN)

with the same voltage gain, the SDPs are the same under the
two corresponding duty cycles.

For the N-O self-lift Luo converter and the N-O KY boost
converter, abrupt voltage changes occur for the capacitors, and
a very large current spike will flow through the power switch
and power diode. Consequently, the SDP cannot be calculated
precisely.

B. Mode 2 (Step-Up/Step-Down Mode)

Table IV gives comparisons among the N-O single switch
quadratic buck–boost converter in [20], the transformerless
quadratic buck–boost converter in [10], the N-O hybrid buck–
boost converter in [6], and the proposed N-O converter in mode 2
(step-up/step-down mode).

Fig. 12. Voltage gains of different buck–boost converters.

Fig. 12 shows the voltage gains of the N-O single switch
quadratic buck–boost converter, the transformerless quadratic
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Fig. 13. SDP comparisons of different buck–boost converters.

Fig. 14. Efficiency comparisons of different buck–boost converters.
(a) Efficiency in step-down state. (b) Efficiency in step-up state.

buck–boost converter, the N-O hybrid buck–boost converter,
and the proposed N-O converter in mode 2 (step-up/step-down
mode). One can see that the gain of the proposed N-O converter
in mode 2 is larger than that of the transformerless quadratic
buck–boost converter and the N-O hybrid buck–boost converter
and is equal to the gain of the N-O single switch quadratic
buck–boost converter.

Fig. 13 shows the SDP comparisons of the N-O single switch
quadratic buck–boost converter, the transformerless quadratic
buck–boost converter, the N-O hybrid buck–boost converter,
and the proposed N-O converter in mode 2. One can see that for
the proposed N-O converter in mode 2’, the SDP is the smallest
one among these four converters under the same voltage gain.

Fig. 14 shows the efficiency comparisons of different buck–
boost converters in PSpice simulation based on the same cir-
cuit condition, same ripple, and same semiconductor device

Fig. 15. Input current comparisons of different buck–boost converters.
(a) Input current in step-down state. (b) Input current in step-up state.

selection. It is found that in step-down state, the efficiency of
the proposed N-O converter in mode 2’s is a little lower than
that of the transformerless quadratic buck–boost converter, and
it is higher than the other two converters’. In step-up state, the
efficiency of the proposed N-O converter in mode 2’s is always
higher than that of the N-O single-switch quadratic buck–boost
converter, the transformerless quadratic buck–boost converter,
and the N-O hybrid buck–boost converter.

Fig. 15 shows the input current comparisons of different
buck–boost converters. It is found that the peak-to-peak value
of input current of the proposed N-O converter in mode 2 is
lowest.

Fig. 16 gives the FFT analysis of input current among different
buck–boost converters. One can see that except the second-order
and third-order switching frequency components in step-down
state, the switching frequency components of input current of
the proposed N-O converter in mode 2 are lowest.

VII. EFFICIENCY ANALYSIS AND NONIDEAL

CONVERSION RATIO ANALYSIS

In general, the power losses of dc–dc converter mainly contain
four parts: power switch loss, diode loss, inductor loss, and
capacitor loss [23].
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Fig. 16. FFT analysis of input current among different buck–boost converters.
(a) Step-down state. (b) Step-up state.

Fig. 17. Equivalent circuit of the proposed converter considering the parasitic
elements.

We suppose that RS1 and RS2 are the power switches S1
and S2 (MOSFET) on resistances, VF 1 and VF 2 are the power
diodes’ (D1 and D2) threshold voltages, RL1 , RL2 , RC 1 , and
RC 2 are the equivalent series resistances (ESRs) of L1 , L2 , C1 ,
and C2 , respectively, and the voltage and current ripples across
the capacitors and the inductors are neglected.

A. Power Loss Analysis of Power Switch

The power losses of power switch (MOSFET) mainly contain
switching loss, conduction loss, and driving loss, which are

Fig. 18. Absolute value of voltage gain G considering the parasitic elements.
(a) Mode 1. (b) Mode 2.

calculated as follows according to [23]:

PS (switching) =
2∑

i=1

(PSi cross turnon

+ PSi cross turnoff + PSi Co s s )

=
2∑

i=1

(
1
2
ISiVSitS i cross onf

+
1
2
ISiVSitS i cross off f +

1
2
CSi ossV

2
Sif

)

(66)

PS (conduction) =
2∑

i=1

I2
Si(rms)RSi (67)

PS (drive) =
2∑

i=1

VSi driveQSi g f . (68)

Obviously, the switching loss of power switch is related to
the turn-ON cross time, turn-OFF cross time, the voltage stress on
the power switch, the averaged current through it, switching fre-
quency, and the output capacitor of the switch. The conduction
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Fig. 19. Experimental waveforms of the proposed converter in step-up state in mode 1 (time: 20 μs/div). (a) iL 1 (1 A/div), iL 2 (1 A/div), and vg 1 (10 V/div).
(b) vo (50 V/div), vC 1 (25 V/div), and vg 1 (10 V/div).(c) is1 (2.5 A/div), vs1 (25 V/div), and vg (10 V/div). (d) is2 (2.5 A/div), vs2 (100 V/div),
and vg (10 V/div).

Fig. 20. Experimental waveforms of the proposed converter in step-down state in mode 2 (time: 20 μs/div). (a) iL 1 (500 mA/div), iL 2 (500 mA/div), and
vg 1 (10 V/div). (b) vo (10 V/div), vC 1 (25 V/div), and vg 1 (10 V/div). (c) is1 (1 A/div), vs1 (25V/div), and vg (10 V/div). (d) is2 (1 A/div), vs2 (50 V/div), and
vg (10 V/div).
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Fig. 21. Experimental waveforms of the proposed converter in step-up state in mode 2 (time: 20 μs/div). (a) iL 1 (1 A/div), iL 2 (1 A/div), and vg 1 (10 V/div).
(b) vo (20 V/div), vC 1 (25 V/div), and vg 1 (10 V/div). (c) is1 (2.5 A/div), vs1 (25 V/div), and vg (10 V/div). (d) is2 (1 A/div), vs2 (50 V/div), and vg (10 V/div).

loss of power switch is related to the averaged current through it
and the on resistance. The driving loss of power switch is related
to drive voltage, gate charge, and the switching frequency.

The total power losses of power switch are the summation of
the above three parts

PS = PS (switching) + PS (conduction) + PS (drive) . (69)

B. Power Loss Analysis of Diode

The power loss of diode is mainly related to the forward
voltage drop and the current through it, and the calculation is

PD =
2∑

i=1

VF iIDi. (70)

C. Power Loss Analysis of Inductor

The power loss of inductor is mainly the copper loss caused
by winding ESR and the core loss caused by eddy current and
hysteresis of the magnetic core. The copper losses of inductors
are shown as follows

PL copper =
2∑

i=1

I2
Li(rms)RLi. (71)

The core loss calculation is based on the Steinmetz formula
in engineering application shown as

PL Core =
2∑

i=1

leiAei(Cmif
αiBi

βi) (72)

where Cm ,α, and β are experiential parameters derived from
fitting curve of the magnetic core date sheet, B is defined as half
of the ac-flux swing, le is the length of the magnetic path, and
Ae is the cross section of the core.

Hence, the total power losses of inductors are as follows

PL = PL copper + PL Core . (73)

D. Power Loss Analysis of Capacitor

The capacitors losses are

PC =
2∑

i=1

I2
C i(rms)RC i. (74)

E. Efficiency Calculation

Accordingly, the efficiency can be calculated and its
result is

η =
Po

Po + PL + PS + PD + PC
. (75)

F. Nonideal Conversion Ratio Analysis

Considering the parasitic elements, the equivalent circuit of
the proposed converter is shown in Fig. 17.

In two modes, when the power switch S1 is turned ON, the
voltages across the inductors are eq. (76) is shown at the bottom
of the next page.
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Fig. 22. Efficiency of calculation, PSpice simulation, and experimental mea-
surement of the proposed converter versus output current. (a) Step-up state in
mode 1. (b) Step-down state in mode 2. (c) Step-up state in mode 2.

When the power switch S1 is turned OFF, the voltages across
the inductors are (77) is shown at the bottom of the next page.

According to the volt–second balance principle of inductors,
the average output voltage in mode 1 considering the parasitic
elements can be obtained as follows: (78) is shown at the bottom
of the next page.

Similarly, the voltage gain G in mode 2 considering the par-
asitic resistances and forward voltage drops of diodes is shown

Fig. 23. Control block diagram of the proposed converter with dual working
modes.

Fig. 24. Dynamic response with load current changing from 50% to 100% of
the proposed converter in mode 1 (time: 5 ms/div), iL 1 (2 A/div), iL 2 (2 A/div),
and vo (50 V/div).

in the following equation: (79) is shown at the bottom of the
next page.

The absolute values of the voltage gain G in two modes
considering the parasitic resistances and forward voltage drops
of diodes are depicted in Fig. 18. From Fig. 18, it can be seen that
the voltage conversion ratio is influenced by parasitic elements.

VIII. EXPERIMENTAL DETAILS

The system parameters in the experiment were the same as
those in the simulation. vg and v̄g are outputs of driving chip,
and vg1 is the output of excitation tranformer, we can see that
there is a little difference between vg and vg1 , which is good to
drive the switch.

Fig. 19 shows the experimental waveforms for the induc-
tor currents iL1 and iL2 , output voltage vo , capacitor voltage

M1 − S1

⎧
⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

L1
diL 1
dt = vin − iL1(RS1 + RL1)

L2
diL 2
dt = vC 1 − iL2(RC 1 + RL2 + RF 2) − VF 2 − vin − vo

C1
dvC 1

dt = −iL2

C2
dvC 2

dt = iL2 − vo

R

M2 − S1

⎧
⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

L1
diL 1
dt = vin − iL1(RS1 + RL1)

L2
diL 2
dt = vC 1 −iL2(RC 1 +RL2 + RS2)

C1
dvC 1

dt = −iL2

C2
dvC 2

dt = − vo

R
(76)
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Fig. 25. Dynamic response with load current from 50% to 100% of
the proposed converter in mode 2 (time: 2 ms/div). (a) Step-down
state, iL 1 (1 A/div), iL 2 (1 A/div), and vo (10 V/div). (b) Step-up state,
iL 1 (2 A/div), iL 2 (2 A/div), and vo (20 V/div).

vC 1 , driving signal, and voltages and currents of the two power
switches for the proposed converter in step-up state in mode 1,
while Figs. 20 and 21 show them in step-down state and in
step-up state in mode 2, respectively.

It can be observed that the circuit experiments are in good
agreement with the PSpice simulations. Figs. 19–21 of compar-
isons between waveforms of iL1 , iL2 , vo , and vC 1 in simulation
and experiment demonstrate that the proposed converter is us-
able from an engineering standpoint.

From Fig. 22, it is obvious that the efficiencies of the proposed
converter in step-up state in modes 1 and 2 are higher than that
of the converter in step-down state in mode 2. The highest
efficiency can be reached 93.0% in experimental measurement.

When considering the transient response, the whole circuit
should be in closed-loop control. The control block diagram is
shown in Fig. 23.

The dynamic response of the proposed converter with voltage
mode control under the output load current changing from 50%
to 100% of the rated value in two modes is presented in Figs. 24
and 25. From these figures, it is clear that the proposed converter
has a good dynamic response.

IX. CONCLUSION

An N-O high quadratic conversion ratio dc–dc converter with
dual working modes is proposed in this paper.

Through analysis, comparisons, simulation, and experimental
results, the following is proved.

1) The proposed converter is flexible and capable of working
in step-up mode or step-up/step-down mode depending on
the external requirements.

2) The proposed converter has a higher N-O voltage gain in
mode 1 compared with the boost converter and the other
two N-O boost converters.

3) The voltage gain of the proposed converter in mode 2
is greater than or equal to the other three buck–boost
converters. Moreover, under the same voltage gain, the
proposed converter in mode 2 has the lowest SDP.

4) The efficiency of the proposed converter in step-up state in
mode 2 is highest among those comparative converters’

M1 − S2

⎧
⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

L1
diL 1
dt = vin − vC 1 − iL1(RF 1 + RL1) − (iL1 − iL2)RC 1 − VF 1

L2
diL 2
dt = vC 1 − iL2(RL2 + RS2) + (iL1 − iL2)RC 1

C1
dvC 1

dt = iL1 − iL2

C2
dvC 2

dt = − vo

R

M2 − S2

⎧
⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

L1
diL 1
dt = vin − vC 1 − iL1(RF 1 + RL1) − (iL1 − iL2)RC 1 − VF 1

L2
diL 2
dt = vC 1 − iL2(RL2 + RF 2) − VF 2 − vin − vo + (iL1 − iL2)RC 1

C1
dvC 1

dt = iL1 − iL2

C2
dvC 2

dt = iL2 − vo

R

(77)

Vo =
(1 − D)D[Vin − (1 − D)VF 1 ] − (1 − D)2D2(Vin + VF 2)

(1 − D)2D2 + RL 1
R + (1 − D)2 RL 2

R + D RS 1
R + (1 − D)3 RS 2

R + (1 − D)RF 1
R + (1 − D)2D RF 2

R + D(1 − D)RC 1
R

(78)

Vo =
(1 − D)2Vin − (1 − D)4Vin − (1 − D)3VF 1 − (1 − D)4VF 2

(1 − D)4 + RL 1
R + (1 − D)2 RL 2

R + D RS 1
R + (1 − D)2D RS 2

R + (1 − D)RF 1
R + (1 − D)3 RF 2

R + (1 − D)D RC 1
R

(79)
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in PSpice simulation, and the highest efficiency can be
reached 93.0% in experimental measurement.

5) The peak-to-peak value of input current of the proposed
converter in mode 2 is lowest, and the switching frequency
components of input current of the proposed converter in
mode 2 are lowest among those comparative converters’ in
PSpice FFT analysis, which means a small volume input
filter is needed.

6) The proposed converter has good dynamic response with
load current changing from 50% to 100% of rated value
based on the same set of hardware settings in two modes.

7) The simulation results based on PSpice and the circuit
experiments verify that the proposed converter is usable
in engineering applications.
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