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Circuit Models and Fast Optimization of Litz Shield
for Inductive-Power-Transfer Coils

Ming Lu , Member, IEEE, and Khai D. T. Ngo , Fellow, IEEE

Abstract—The metal shields with plates or rings are usually
added to the inductive-power-transfer coils to attenuate the stray
magnetic field. However, the coil-to-coil efficiency is reduced own-
ing to the extra losses on the shields. This paper introduces the
litz shield which attenuates the field with smaller shielding loss
thanks to the uniform distribution of the shield current. Two types
of litz shields, i.e., shorted litz shield and driven litz shield are dis-
cussed in detail. Their performances are analyzed with the circuit
model composed of four coupled inductors. The efficiency and the
field attenuation for the coils with litz shields are optimized with
Pareto fronts. A fast method to derive the fronts using a lumped-
loop model is described. Only tens of finite-element simulations
are required in the entire optimization. The coils with different
shields were optimized to transfer 100-W power across 40-mm gap
with the same efficiency. The measurement results prove that the
shorted litz shield is more effective than the other shields. It atten-
uated 23% more of the stray magnetic field compared to the coils
with traditional metal shield.

Index Terms—Coils, efficiency, inductive power transfer (IPT),
litz wire, magnetic field, shields.

I. INTRODUCTION

INDUCTIVE power transfer (IPT) to charge electric vehicles
uses loosely coupled coils to replace the cables and plugs

[1]–[4]. Planar coils are suitable for the applications that re-
quire mechanical simplicity and constrained depth, so they are
commonly used in IPT. The design process of IPT coils for
power transferability and efficiency has been demonstrated in
literature [5]–[11].

Significant stray magnetic field exists around the IPT coils
owning to the gap. It represents either leakage field or cou-
pling field, depending on the distance from the measurement
position to the coils [12]. The magnetic field B(t) at the point
of measurement is decomposed into Bi(t) (i = X, Y, Z) in
three orthogonal orientations, as shown in Fig. 1. Bi(t) is
sinusoidal because it is proportional to the winding currents
which are roughly sinusoidal in IPT. The magnetic field B(t)
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Fig. 1. (a) Plate shield and (b) ring shield to attenuate stray magnetic fields
around coils.

is quantified as

B =
√∑

i=X,Y ,Z
B2

i (1)

where Bi is the RMS value of the sinusoidal Bi(t).
International Commission on Non-Ionizing Radiation Protec-

tion reports that the effects such as the stimulation of nervous
tissues and induction in the retina of phosphenes are caused
by the exposure to time-varying magnetic field [13]. The fer-
rite plate in Fig. 1 is commonly used for field attenuation. The
methods such as optimizing the size of ferrite plate [14], tuning
the distribution of turns [15], or controlling the currents’ phases
in coils [16] can attenuate the stray magnetic field. However, the
magnetic shield only is not good enough for high-power appli-
cations such as the charging of electric vehicles. Active shields
or passive shields are always applied together with the magnetic
shield.

Active shields are realized with shielding coils placed around
the power-transfer coils. The stray magnetic fields penetrating
the active shields are sensed to calculate the magnitudes and
phases of the currents in the active shields. Using tunable ca-
pacitors is one way to actively control the shielding current [17].
Tunable capacitors which are realized by capacitor blocks and
active switches are connected to the shielding coils. With the
voltage across the shielding coils induced by the power-transfer
coils, the shielding current is determined by the impedance of
the shielding coils plus the tunable capacitance. Another method
is to supply the shield current directly from an ac current source
[18]. The shielding current flows in the opposite direction to the
current in the power-transfer coils. The position and currents
of the active shields are optimized according to the structure
of the power-transfer coils. To make the active shields simpler
to implement, another method is demonstrated in [19] to at-
tenuate the stray magnetic field with the winding current in the
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power-transfer coils. The shielding coil is reversely connected to
the power-transfer coil in series. The magnetic fields generated
by the power-transfer coils and by the shielding coils attenuate
each other on the side of the coils.

Passive shields are made of conductive materials which are
placed around the IPT coils [20]–[25]. Different shapes of pas-
sive shields have been used for inductive-power-transfer coils.
Fig. 1 shows two of the most commonly used passive shields
with plate structure and ring structure. The plate shield im-
plements the metal plate underneath the ferrite plate. The ring
shield uses the metal ring on the side of the coils. When passive
shields are added to IPT coils, the magnetic fields generated by
the windings induce eddy currents in the shields. The directions
of shield currents and winding currents are opposite, leading to
reduced magnetic field around the coils. The dimensions and
position of the passive shields should be optimized for field at-
tenuation and efficiency. However, even with this optimization
of dimensions and position, the shield current in Fig. 1 mostly
flows on the surface owning to skin effect, which significantly
increases the shielding losses. In order to overcome this prob-
lem, shields made of litz wires are used.

In this paper, two types of litz shields, shorted litz shield and
driven litz shield, are discussed in detail. Shorted litz shield
belongs to passive shield because the field is attenuated by the
induced eddy current. The shielding turns of litz wire are self-
shorted and disconnected from the windings. The driven litz
shield is the same as the shield in [19] and belongs to active
shields. Its shielding turns are connected to the windings in
series, but in the reverse direction. The stray magnetic field
is attenuated by the supplied current that flows in the shield.
Both the induced eddy current in the shorted litz shield and the
supplied current in the driven litz shield are evenly distributed,
so the shielding losses are reduced. The circuit models with
four coupled inductors are derived to analyze the performance
of coils with litz shield. The windings’ currents, shields’ cur-
rents, equivalent inductances, and equivalent resistances are all
calculated from the circuit models.

Pareto fronts are used to optimize the coil-to-coil efficiency
and the stray magnetic field of litz shield. The fronts are plot-
ted on a Cartesian coordinate system. The horizontal axis and
vertical axis represent efficiency and magnetic field, respec-
tively. One straightforward way to derive the Pareto fronts is
to sweep the physical parameters of the windings and shields
in finite-element simulation, such as the inner and outer radii
of the windings, the dimensions of the shields, and the turns’
distributions of the windings and shields. However, this takes
thousands of simulations which are very time consuming. A
faster method to derive the Pareto front is demonstrated in this
paper, which will be explained in detail in Section III. In this
method, the coils with litz shield are replaced with the lumped-
loop model, in which the windings and shields are represented
by several loops. It is called the lumped loop because each loop
may contain several winding turns. Those physical parameters
to sweep in the coils with litz shields are represented with the
turns’ numbers of the loops. As long as the number of turns for
each lumped loop is known, the inductances and stray magnetic
field can be calculated instead of being simulated. Then, the

Fig. 2. Side view of coils with (a) shorted litz shield and (b) driven litz shield.

efficiency and magnetic field are derived accordingly. There-
fore, sweeping physical parameters in finite-element simulation
is replaced by sweeping turns numbers of lumped loops in cal-
culation. Only tens of simulations are required in the entire
optimization. This makes the optimization faster without losing
the accuracy.

With the method of lumped-loop model, the Pareto fronts for
the coils with litz shield are derived in this paper for an IPT
system which transfers 100-W power across 40-mm gap. Pareto
fronts of coils with metal shields are derived for comparison.
The optimal designs of plate shield, ring shield, shorted litz
shield, and driven litz shield are selected along the fronts for
around 94.5% efficiency. The selected structures are fabricated
and measured in experiment. The simulation and measurement
results match well. The shorted litz shield is more effective than
other shields. It attenuates the stray field by 65% compared to
coils without metal shield, and attenuates the field by at least
23% more effective compared to the coils with other metal
shields.

Section II demonstrates the structures and circuit models of
the litz shield. Section III shows the calculation of stray magnetic
field and efficiency using the lumped-loop model. Section IV
summarizes the procedure of fast optimization with lumped-
loop model and Pareto fronts. In Section V, the performances
of coils with different shields were compared in experiment to
transfer 100-W power across 40-mm gap with the same effi-
ciency. Section VI concludes this paper.

II. LITZ SHIELD FOR INDUCTIVE-POWER-TRANSFER

COILS AND THE CIRCUIT MODEL

A. Structures of Litz Shield

The current of the metal shield in Fig. 1 flows in the opposite
directions to the winding current, and this attenuates the stray
magnetic field on the side of the coils. However, the current
density is not uniformly distributed in the shield owning to
skin effect. The current density is higher in the region that is
closer to the winding because of the higher magnetic field. The
uneven distribution of the current increases the shielding loss
significantly.

The metal shields in Fig. 1 are replaced with the turns of litz
wires, as shown in Fig. 2. The cross section of the litz shield
is fully utilized with negligible skin effect, which reduces the
shielding loss. The turns of shields are connected in series, so
the shield currents are the same for all the turns. Fig. 2 shows
two types of litz shields. The shorted litz shield in Fig. 2(a) is
self-shorted, and it is disconnected from the winding. The eddy
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Fig. 3. (a) Circuit model of coils with litz shield and (b) its simplified circuit
model. Calculations of the parameters are summarized in Fig. 9.

current induced on the shield attenuates the field on the side.
The driven litz shield in Fig. 2(b) is connected to the winding in
series, but in the reverse direction. The fields generated by the
driven litz shield and by the winding have opposite directions
on the side of the coil.

B. Circuit Model of Coils With Litz Shield

The litz shields in Fig. 2 behave like additional coils which
are coupled with the windings. Fig. 3(a) shows the circuit model
of the coils with litz shield. The windings of the transmitter and
receiver are modeled as inductances Lw1 , Lw2 and equivalent
series resistances (ESRs) rw1 , rw2 , whereas the shields are mod-
eled as Lsh1 , Lsh2 and rsh1 , rsh2 . All of the four inductances
are coupled between each other. Mw (j )−sh(i) is the mutual in-
ductance between the winding j and the litz shield i, with i or j
= 1 representing the transmitter and i or j = 2 representing the
receiver; Mw1−w2 is the mutual inductance between the wind-
ings; and Msh1−sh2 is the mutual inductance between the litz
shields. The parameters can be extracted from simulation, or
calculated with lumped-loop model in Section III.

The circuit model in Fig. 3(a) is simplified to the model in
Fig. 3(b) with only two coupled inductors. In Fig. 3(b), the
equivalent inductances LTX, LRX, and MTX-RX and the equiv-
alent resistances rTX and rRX are derived from Fig. 3(a). TX1 ,
TX2 , RX1 , and RX2 are the terminals of the windings. The volt-
ages between the terminals in Fig. 3(a) are derived according to
KVL as⎡

⎢⎢⎢⎢⎢⎣

VA 1 D1

VA 2 D2

VB1 C1

VB2 C2

⎤
⎥⎥⎥⎥⎥⎦

= jω

⎡
⎢⎢⎢⎢⎢⎣

Lw1 Mw1−w2 Mw1−sh1 Mw1−sh2

Mw1−w2 Lw2 Mw2−sh1 Mw2−sh2

Mw1−sh1 Mw2−sh1 Lsh1 Msh1−sh2

Mw1−sh2 Mw2−sh2 Msh1−sh2 Lsh2

⎤
⎥⎥⎥⎥⎥⎦

×

⎡
⎢⎢⎢⎢⎢⎣

Iw1

−Iw2

−Ish1

Ish2

⎤
⎥⎥⎥⎥⎥⎦

. (2)

For the coils with shorted litz shield in Fig. 2(a), B1 and C1
are connected, and B2 and C2 are connected. The terminals A1 ,
D1 , A2 , and D2 in Fig. 3(a) are equivalent to the terminals TX1 ,
TX2 , RX1 , and RX2 in Fig. 3(b), expressed as
[
VA 1 D1 VA 2 D2 VB1 C1 VB2 C2

]
=

[
VTX1 TX2 VRX1 RX2 0 0

]
.

(3)
According to (2) and (3), the equivalent inductances LTX,

LRX, and MTX-RX and the equivalent resistances rTX and rRX in
Fig. 3(b) are derived for the coils with shorted litz shield as

LTX = Lw1 −
M 2

w1−sh2

Lsh2

− (Lsh2Mw1−sh1 − Mw1−sh2Msh1−sh2)
2

Lsh2
(
Lsh1Lsh2 − M 2

sh1−sh2

) (4)

LRX = Lw2 −
M 2

w2−sh1

Lsh1

− (Lsh1Mw2−sh2 − Mw2−sh1Msh1−sh2)
2

Lsh1
(
Lsh1Lsh2 − M 2

sh1−sh2

) (5)

MTX−RX = Mw1−w2

− Lsh2Mw2−sh1 − Mw2−sh2Msh1−sh2

Lsh1Lsh2−M 2
sh1sh2

Mw1−sh1

− Lsh1Mw2−sh2 − Mw2−sh1Msh1−sh2

Lsh1Lsh2−M 2
sh1−sh2

Mw1−sh2

(6)

rTX =rw1 +
(Msh1−sh2Mw1−sh2 − Mw1−sh1Lsh2)

2

(
Lsh1Lsh2 − M 2

sh1−sh2

)2 rsh1

+
(Msh1−sh2Mw1−sh1 − Mw1−sh2Lsh1)

2

(
Lsh1Lsh2 − M 2

sh1−sh2

)2 rsh2

(7)

rRX =rw2 +
(Msh1−sh2Mw2−sh2−Mw2−sh1Lsh2)

2

(
Lsh1Lsh2 − M 2

sh1−sh2

)2 rsh1

+
(Msh1−sh2Mw2−sh1 − Mw2−sh2Lsh1)

2

(
Lsh1Lsh2 − M 2

sh1−sh2

)2 rsh2 .

(8)

For the coils with driven litz shield in Fig. 2(b), C1 and C2
are connected to D1 and D2 , respectively. The terminals A1 ,
B1 , A2 , and B2 in Fig. 3(a) are equivalent to the terminals TX1 ,
TX2 , RX1 , and RX2 in Fig. 3(b) as
[
VA 1 B1 VA 2 B2 VC1 D1 VC2 D2

]
=

[
VTX1 TX2 VRX1 RX2 0 0

]
.

(9)
According to (2) and (9), the equivalent inductances LTX,

LRX, MTX-RX and the equivalent resistances rTX, rRX in Fig. 3(b)
for the coils with driven litz shield are derived as

LTX = Lw1 − Lsh1 (10)

LRX = Lw2 − Lsh2 (11)
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Fig. 4. (a) Circuit topology with series–series compensation for inductive
power transfer and (b) its simplified circuit model.

MTX−RX = Mw1−w2 − Msh1−sh2 + Mw1−sh2 − Mw2−sh1
(12)

rTX = rw1 + rsh1 (13)

rRX = rw2 + rsh2 . (14)

The currents in the shields are derived from Fig. 3(a). The
induced eddy currents in shorted litz shield are calculated as

ish1(t) =
Mw1−sh1Lsh2 + Mw1−sh2Msh1−sh2

Lsh1Lsh2 + M 2
sh1−sh2

iw1(t)

− Mw2−sh1Lsh2 + Mw2−sh2Msh1−sh2

Lsh1Lsh2 + M 2
sh1−sh2

iw2(t)

(15)

ish2(t) =
Mw1−sh2Lsh1 − Mw1−sh1Msh1−sh2

Lsh1Lsh2 + M 2
sh1−sh2

iw1(t)

− Mw2−sh2Lsh1 − Mw2−sh1Msh1−sh2

Lsh1Lsh2 + M 2
sh1−sh2

iw2(t)

(16)

where iw1(t) and iw2(t) are the winding currents of the trans-
mitter and the receiver, respectively.

The currents in the driven litz shields are the same as the
supplied currents in the windings as

ish1(t) = iw1(t) (17)

ish2(t) = iw2(t). (18)

The currents iw1(t), iw2(t), ish1(t), and ish2(t) are used
to calculate the stray magnetic field, which is discussed in
Section III.

C. Circuit Topology With Series–Series Compensation

Different topologies have been proposed to compensate the
reactive power in inductive power transfer [26]–[31]. Fig. 4(a)
shows the circuit topology with series–series compensation. In
Fig. 4(a), Vin, Vout, and Iout are the input voltage, output volt-
age, and output current, respectively. The capacitors C1 and C2

are used to compensate the reactive power, and the resonant
frequency of C1 and LTX is the same as that of C2 and LRX,
expressed as

1/
√

LTXC1 = 1/
√

LRXC2 = 2πf0 . (19)

The simplified circuit model in Fig. 4(b) is used to analyze the
behavior of the circuit in Fig. 4(a). Under first-harmonic approx-
imation, the dc input voltage Vin and the inverter are modeled as
sinusoidal voltage source V̇in,ω in the format of phasor. The pas-
sive rectifier and the load are modeled as the equivalent resistor
RLac . The phasors İTX and İRX are the currents of transmitter
and receiver, respectively. The expressions of V̇in,ω and RLac

are

V̇in,ω =
(
2
√

2/π
)

Vinsin (α/2) ∠0◦ (20)

RLac =
(
8/π2) · (Vout/Iout) (21)

where α is the pulsewidth of the inverter’s output voltage, which
is used to regulate the bulk power transferred to the load by
controlling the phase shift between phase legs. Equations (22)
and (23) are derived from the simplified circuit model in Fig. 4(b)
with KVL

V̇in,ω = [rTX + j · (ωsLTX − 1/ωsC1)] İw1 − j · ωsM · İw2
(22)

0 = j · ωsM · İTX − [rRX + RLac

+ j · (ωsLRX − 1/ωsC2)] İRX . (23)

In order to reduce the circulating energy in the circuit, the
inverter’s switching frequency equals the resonant frequency
of C1 and LTX. In this case, the coil-to-coil efficiency, which
is defined as the ratio of the receiver’s output power to the
transmitter’s input power, is derived from (22) and (23) as

ηcoil = 1/

[
1 +

rRX

RLac
+

rTX

RLac
· (rRX + RLac)

2

(ωsMTX−RX)2

]
. (24)

The windings’ currents iw1(t) and iw2(t), which are used to
calculate the shielding currents in (15)–(18), are calculated from
the equivalent circuit model in Fig. 4(b) as

iw1(t) = [(πRLac)/(2ωsMTX−RX)] Ioutsin(ωst) (25)

iw2(t) = (π/2) Ioutsin(ωst + π/2). (26)

Fig. 5(a) shows a set of coils with litz shield as an example.
The dimensions are labeled in the figure. There are 25 turns for
each winding, and the total number of turns for the litz shield
is swept from 1 to 8. The length of the square shield is fixed
to be 130 mm, so the spacing between the shield and winding
decreases with the shield’s turns number increasing. The litz
wire consists of 100 strands of AWG number 38 wires. Fig. 5(b)
and (c) shows the equivalent mutual inductances and resistances
versus turns number of litz shield. The inductances decrease and
the resistances increase with the shields added. Fig. 5(d) shows
the coil-to-coil efficiency, which is calculated from (24). The
efficiency is reduced because of the shields, so the optimization
of efficiency and field attenuation is necessary.



4682 IEEE TRANSACTIONS ON POWER ELECTRONICS, VOL. 34, NO. 5, MAY 2019

Fig. 5. (a) Structure of coils with litz shield as an example. (b) Equivalent mu-
tual inductances. (c) Equivalent resistances. (d) Coil-to-coil efficiency calculated
for coils without shield and with litz shield versus numbers of turns.

Fig. 6. (a) Top view and (b) side view of the lumped-loop model of IPT coils
with litz shield. The turns vectors are [Nw 1 ,1 , Nw 1 ,2 , . . . , Nw 1 ,N ]
and [Nw 2 ,1 , Nw 2 ,2 , . . . , Nw 2 ,N ] for the windings, and
[Nsh1 ,1 , Nsh1 ,2 , . . . , Nsh1 ,M ] and [Nsh2 ,1 , Nsh2 ,2 , . . . , Nsh2 ,M ]
for the litz shields. Distribution of turns is represented by turns vectors.

III. LUMPED-LOOP MODEL OF COILS WITH LITZ SHIELD

The inductances and resistances in Fig. 3(a) can either be
derived from finite-element simulation or be calculated with
lumped-loop model. When optimizing the litz shield, the phys-
ical parameters are swept. Simulating each case is too time
consuming for the optimization. The calculation with lumped-
loop model is more suitable for the optimization purpose, and
this section will describe the lumped-loop model in detail.

A. Lumped-Loop Model and Turns Vectors

Fig. 6 shows the lumped-loop model of coils with litz shield.
The winding and litz shield are replaced by several loops that

are distributed on top of the ferrite plate with equal spacing.

Each loop is composed of certain turns. Turns vectors
⇀

Nw1 and
⇀

Nw2 describe the turns numbers for the loops of the transmitter
and receiver, respectively,

⇀

Nw1 =
[
Nw1,1 Nw1,2 · · · Nw1,N

]
(27)

⇀

Nw2 =
[
Nw2,1 Nw2,2 · · · Nw2,N

]
(28)

where Nw1,(n) and Nw2,(n) represent the turns number of
loop n in the transmitter and receiver, respectively, with n =
1, 2, . . . , N . Loop 1 represents the outermost loop, and loop N
represents the innermost loop of the windings in Fig. 6(b).

The turns vectors
⇀

Nsh1 and
⇀

Nsh2 describe the number of
turns for each loop of the litz shields in the transmitter and
receiver, respectively,

⇀

Nsh1 =
[
Nsh1,1 Nsh1,2 · · · Nsh1,M

]
(29)

⇀

Nsh2 =
[
Nsh2,1 Nsh2,2 · · · Nsh2,M

]
(30)

where Nsh1,(n) and Nsh2(n) represent the turns number of loop
n in litz shields of transmitter and receiver, respectively, with
n = 1, 2, . . . , M. Loop 1 represents the loop that is most close
to the winding, whereas loop M represents the outermost loop
of the litz shield in Fig. 6(b).

The purpose of using two-dimensional (2-D) axial symmet-
rical structure in Fig. 6(b) is to better explain the lumped-loop
model and to label the elements of turns vector. The concept
of the lumped-loop model and the optimization methodology
are good for planar winding with different ferrite shapes (e.g.,
circular, square, or rectangular). For example, for the lumped-
loop model in Fig. 6, the windings and shields are replaced by
lumped loops, and the square ferrite plate is not changed. Three-
dimensional (3-D) finite-element simulations in Ansys Maxwell
are implemented to derive the permeance matrices and current-
to-field matrices for the lumped loops model, which will be
demonstrated in the following section.

The physical parameters of the coils are equivalent to the
turns vectors in (27)–(30). In Fig. 6(b), the loops shown as hol-
low circles are assigned zero turn to realize the values of Rinner,
Router, the length of the square shield, and the spacing between
the winding and shield. The numbers of turns for the loops
shown as solid circles represent the distribution of turns. There-
fore, with the lumped-loop model and turns vectors, sweeping
the physical parameters for the original coils such as Fig. 5(a)
is equivalent to sweeping the turns vectors in (27)–(30) for the
lumped-loop model in Fig. 6.

B. Inductances With Permeance Matrices

The lumped-loop model in Fig. 6 includes four parts: the
windings and shields of transmitter and receiver. The perme-
ance matrices in Fig. 7 are used to calculate the inductances in
Fig. 3(a), together with turns vectors.

The permeance matrices Lw (i) and Lsh(i) are used to calcu-
late the self-inductances of winding i and litz shield i, with i = 1
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Fig. 7. Permeance matrices Lw1 , Lw2 , Lsh1 , Lsh2 , Mw1−w2 ,
Msh1−sh2 , Mw1−sh1 , Mw1−sh2 , Mw2−sh1 , and Mw2−sh2 of the
lumped-loop model.

representing the transmitter and i = 2 representing the receiver

Lw (i)

=

⎡
⎢⎢⎢⎢⎢⎢⎣

Lw (i),1 Mw (i),1−w (i),2 · · · Mw (i),1−w (i),N

Mw (i),2−w (i),1 Lw (i),2 · · · Mw (i),2−w (i),N

...
...

. . .
...

Mw (i),N −w (i),1 Mw (i),N −w (i),2 · · · Lw (i),N

⎤
⎥⎥⎥⎥⎥⎥⎦
(31)

Lsh(i)

=

⎡
⎢⎢⎢⎢⎢⎢⎣

Lsh(i),1 Msh(i),1−sh(i),2 · · · Msh(i),1−sh(i),M

Msh(i),2−sh(i),1 Lsh(i),2 · · · Msh(i),2−sh(i),M

...
...

. . .
...

Msh(i),M −sh(i),1 Msh(i),M −sh(i),2 · · · Lsh(i),M

⎤
⎥⎥⎥⎥⎥⎥⎦

(32)

where Lw (i),n and Lsh(i),n are the self-inductances of loop n in
the winding and litz shield, respectively; Mw (i),n−w (i),m is the
mutual inductance between loops n and m of the windings; and
Msh(i),n−sh(i),m is the mutual inductance between loops n and
m of the litz shields.

The permeance matrices Mw1−w2 , Msh1−sh2 , Mw1−sh1 ,
Mw1−sh2 , Mw2−sh1 , and Mw2−sh2 are used to calculate the
mutual inductances among the four parts

Mw1−w2

=

⎡
⎢⎢⎢⎢⎢⎢⎣

Mw1,1−w2,1 Mw1,1−w2,2 · · · Mw1,1−w2,N

Mw1,2−w2,1 Mw1,2−w2,2 · · · Mw1,2−w2,N

...
...

. . .
...

Mw1,N −w2,1 Mw1,N −w2,2 · · · Mw1,N −w2,N

⎤
⎥⎥⎥⎥⎥⎥⎦

(33)

Msh1−sh2

=

⎡
⎢⎢⎢⎢⎣

Msh1,1−sh2,1 Msh1,1−sh2,2 · · · Msh1,1−sh2,M

Msh1,2−sh2,1 Msh1,2−sh2,2 · · · Msh1,2−sh2,M

...
...

. . .
...

Msh1,M −sh2,1 Msh1,M −sh2,2 · · · Msh1,M −sh2,M

⎤
⎥⎥⎥⎥⎦

(34)

Mw (i)−sh(j)

=

⎡
⎢⎢⎢⎢⎣

Mw (i),1−sh(j ),1 Mw (i),1−sh(j ),2 · · · Mw (i),1−sh(j ),M

Mw (i),2−sh(j ),1 Mw (i),2−sh(j ),2 · · · Mw (i),2−sh(j ),M

...
...

. . .
...

Mw (i),N −sh(j ),1 Mw (i),N −sh(j ),2 · · · Mw (i),N −sh(j ),M

⎤
⎥⎥⎥⎥⎦

(35)

where Mw1,n−w2,m is the mutual inductance between loops
n of transmitter winding and loop m of receiver winding;
Msh1,n−sh2,m is the mutual inductance between loops n of trans-
mitter shield and loop m of receiver shield; and Mw (i),n−sh(j ),m
is the mutual inductance between loops n of the winding i and
loop m of the shield j, with i or j = 1 representing the transmitter
and i or j = 2 representing the receiver.

All the elements of the permeance matrices in (31)–(35) are
derived from one finite-element simulation with the lumped-
loop model in Fig. 7, by setting single turn for each loop. The
inductances of the circuit models in Fig. 3(a) are calculated from
the permeance matrices and turns vectors as

Lw (i) =
⇀

Nw (i)Lw (i)
⇀

Nw (i)

T

(36)

Lsh(i) =
⇀

Nsh(i)Lsh(i)
⇀

Nsh(i)

T

(37)

Mw1−w2 =
⇀

Nw1Mw1−w2
⇀

Nw2
T

(38)

Msh1−sh2 =
⇀

Nsh1Msh1−sh2
⇀

Nsh2
T

(39)

Mw (i)−sh(j ) =
⇀

Nw (i)Mw (i)−sh(j)
⇀

Nsh(j )

T

. (40)

C. Stray Magnetic Field With Current-to-Field Matrices

The stray magnetic fields are calculated from the currents of
the windings and the shields, using the current-to-field matrices.
Similar concept has been described in [15] and [32]. According
to superposition, the magnetic field Bi(t) at the point of mea-
surement in Fig. 8 is calculated from the summation of the fields
generated by each loop

Bi(t) =
N∑

n=1

αw1,n,iNw1,n iw1(t) +
N∑

n=1

αw2,n,iNw2,n iw2(t)

+
M∑

n=1

αsh1,n,iNsh1,n ish1(t)

+
M∑

n=1

αsh2,n,iNsh2,n ish2(t) (41)
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Fig. 8. Current-to-field matrices αw1 , i , αw2 , i , αsh1 , i , and αsh2 , i of the
lumped-loop model.

where αw (j ),n,i and αsh(j ),n,i are the current-to-field coeffi-
cients for loop n of winding j and shield j, respectively, with
j = 1 representing the transmitter and j = 2 representing the
receiver; i represents the orientations X, Y, or Z in Fig. 1(b);
Nw (j ),n and Nsh(j ),n are the numbers of turns for the corre-
sponding loop, which are the elements of the turns vectors in
(27)–(30); and iw (j )(t) and ish(j )(t) are the currents of winding
j and litz shield j, respectively.

The current-to-field matrices αw1,i , αw2,i , αsh1,i , and
αsh2,i are composed of the current-to-field coefficients in (41)

αw (j),i =
[
αw (j ),1,i αw (j ),2,i · · · αw (j ),N ,i

]
(42)

αsh(j),i =
[
αsh(j ),1,i αsh(j ),2,i · · · αsh(j ),M ,i

]
. (43)

The current-to-field coefficients of one loop is derived by
setting 1 ampere-turn in this loop and setting 0 ampere-turn
to all the others. If there are N loops for the winding and M
loops for the shield in both transmitter and receiver, 2(N + M)
simulations are required to derive all the elements in the current-
to-field matrices. After the current-to-field matrices in (42) and
(43) are derived, the stray magnetic fields in X, Y, Z orientations
are calculated from (41) with turns vectors in (27)–(30), winding
currents in (25) and (26), and shielding currents in (15)–(18).

D. Coil-to-Coil Efficiency

According to (24), the coil-to-coil efficiency is determined
by rTX and rRX, which are calculated from rw1 , rw2 , rsh1 , and
rsh2 in Fig. 3(a) using (7), (8), (13), and (14). The winding
resistance rw1 includes the dc resistance of transmitter winding,
the proximity-effect resistance of transmitter winding, and the
reflected proximity-effect resistance of the transmitter shield.
The shield resistances rsh1 represents the dc resistances of the
transmitter shield. The definitions of rw2 and rsh2 for the re-
ceiver are similar to rw1 and rsh1 . The skin-effect resistances
are negligible when the strand diameter is selected to be much
smaller than the skin depth. Litz wire with proper strand diam-
eter is utilized for the windings in all the cases studied in this
paper.

The dc resistances are calculated from the physical parame-
ters of the litz wire (e.g., the cross-sectional area and length).
The proximity-effect resistance can be calculated following the

methods in [33]–[37]. The method in [34] is applied in this paper

Pe,n =
[(

πlt,nNd4
c

)
/(64ρc)

] · 〈(dB(t)/dt)2
〉

(44)

where Pe,n is the proximity-effect loss of turn n for either the
winding or the shield; lt,n is the average length of the turn; N is
the number of strands; dc is the diameter of the strand; ρc is the
resistivity of copper; B(t) is the time-varying flux density across
the turn; 〈x〉 is the spatial average over the turn’s cross section;
and x̄ is the time average.

The proximity-effect loss of the transmitter is mainly caused
by the transmitter itself. The receiver contributes a negligible
portion of the proximity-effect loss on the transmitter. It is the
same for the receiver. This is because the proximity-effect loss
is caused by the magnetic field penetrating the turns, and the
majority of the magnetic field penetrating the turns of the trans-
mitter is generated by the transmitter itself.

The proximity-effect resistance re1 of the transmitter is cal-
culated from the total proximity-effect loss of the winding turns
and shielding turns

re1 =
N t u r n s∑
n=1

Pe,n/I2
w1 (45)

where Iw1 is the RMS value of winding current. The proximity-
effect resistance of the receiver re2 is calculated similarly.

To analytically calculate the magnetic fields across the turns
in (44), the lumped-loop model is translated back to the original
coils with real turns according to the turns vectors. The magnetic
field across each turn is then analytically calculated using the
methods in [35].

IV. FAST OPTIMIZATION OF COILS WITH LITZ SHIELD

The coils’ efficiency is reduced after the shields are added.
The optimization of the efficiency and stray magnetic field is
herein realized with Pareto fronts for the coils with litz shield.
The fronts are plotted on a 2-D Cartesian coordinate system. The
horizontal axis and vertical axis represent the magnetic field and
coil-to-coil efficiency, respectively. The optimal designs of the
coils are selected along the fronts [12].

The straightforward method to derive Pareto fronts is by
sweeping the physical parameters in finite-element simulation.
The efficiency and stray magnetic field are then obtained for
each case from the simulation results. Taking the coils struc-
tures in Fig. 5(a) as an example, the circular winding is placed
above the ferrite plate and the litz shield is placed around the fer-
rite plate. The swept physical parameters include Rinner, Router,
the length of the square shield, the spacing between winding
and shield, and the distributions and types of the litz wires. The
parametric sweep takes thousands of simulations, which is very
time consuming especially for 3-D models. Therefore, the ef-
ficiency and magnetic field should be calculated for each case
instead of being simulated, in order to make the optimization
faster. This is realized with the lumped-loop model, following
the procedure in Fig. 9.



LU AND NGO: CIRCUIT MODELS AND FAST OPTIMIZATION OF LITZ SHIELD FOR INDUCTIVE-POWER-TRANSFER COILS 4685

Fig. 9. Procedures to derive the Pareto front of coil-to-coil efficiency versus
stray magnetic field from calculation with lumped-loop model.

In Fig. 9, one simulation is required to derive the permeance
matrices in (31)–(35), and tens of simulations are implemented
to obtain the current-to-field matrices in (42) and (43).

The procedure starts off by selecting the lumped-loop model
with some fixed parameters, such as the size of ferrite, the air
gap, and the frequency. The turns vectors in (27)–(30) are swept
to represent the physical parameters, such as the Rinner, Router,
length, and the spacing between the winding and shield. The
domain of the represented Router and Rinner can be selected to
avoid unnecessary cases that are obvious far away from optimal
solutions. For example, if Router is considerably smaller than
ferrite side, more turns of thinner wires are required to realize
the desired inductance, resulting in extremely low efficiency.
During the optimization procedure in this paper, the domain of
Router is selected to be (ferrite side/10) �Router � (ferrite side/2),
and the domain of Rinner is selected to be 0 < Rinner ≤ Router,
respectively.

For each set of turns vectors, the stray magnetic field and
coil-to-coil efficiency are calculated following the method in
Section III. The stray magnetic fields are derived from (41), with
the current-to-field matrices, the shields currents, the winding
currents, and the turns vectors. The shields currents ish1(t) and
ish2(t) are calculated from (15)–(18) with the inductances in
Fig. 3(a). The winding currents iw1(t) and iw2(t) are calculated
from (25) and (26) with the inductances in Fig. 3(b). The in-
ductances in Fig. 3(a) are derived from the permeance matrices
in (36)–(40), and the inductances in Fig. 3(b) are derived from
(4)–(6) and (10)–(12).

The coil-to-coil efficiency is calculated from (24), with rTX

and rRX in Fig. 3(b). The equivalent resistances rTX and rRX

are calculated from (7), (8), (13), (14) with the resistances rw1 ,

Fig. 10. Pareto fronts of coil-to-coil efficiency versus stray magnetic field for
coils with no shield, plate shield, ring shield, shorted litz shield, and driven litz
shield. Horizontal axis is the stray magnetic field at point (0, 100 mm, 0) in
Fig. 1(b), with 100-W power transferred across 40-mm gap.

rw2 , rsh1 , and rsh2 in Fig. 3(a). The resistances include dc
resistances and proximity-effect resistances. The dc resistance
is calculated from the physical parameters of the coils, and the
proximity-effect resistances are calculated from (44) and (45).

After the coil-to-coil efficiencies and stray magnetic fields
for all the turns vectors are calculated, the Pareto fronts are
derived in MATLAB and plotted on the Cartesian coordinate
system. Fig. 10 shows the Pareto fronts derived following the
procedure in Fig. 9, for the coils structures in Fig. 5(a) with
shorted litz shield and driven litz shield. The power of 100 W
is transferred across 40-mm gap, with 35-V output voltage and
100-kHz switching frequency. The square ferrite plate has the
dimensions of 100 mm × 100 mm × 5 mm with 3C96 material.
The magnetic field is optimized at the point (0, 100 mm, 0) in
Fig. 1. The origin is the center between transmitter and receiver.

The Pareto fronts for coils without shields, with plate shield,
and with ring shield are plotted in Fig. 10 for comparison. During
the optimization of the plate shield and ring shield, the size
and position of the plate, the width and position of the flat
ring were swept in finite-element simulation. The efficiency is
reduced with shields, but the stray magnetic field is significantly
attenuated. The shorted litz shield attenuates the field most when
the four shields are designed for the same efficiency. Compared
to the plate shield and ring shield, the skin effect in shorted
litz shield is negligible so the shield current is higher for the
same amount of losses. Higher current in the shields helps us
to attenuate the stray magnetic field more. The performance of
the shorted litz shield is better than that of the driven litz shield.
This is because the current of the driven litz shield is limited to
the supplied value, while the induced eddy current in shorted
litz shield is able to adjust according to the magnetic field.

V. EXPERIMENTAL VERIFICATION

The circles along the Pareto fronts in Fig. 10 represent the
optimal coils with different shields, and they have similar ef-
ficiency around 94.5%. The coils corresponding to the circles
were fabricated for experimental test, as shown in Fig. 11. The
litz wires used for all the structures in Fig. 11 are composed of
100 AWG #38 strands with 100-μm strand diameter. This strand
diameter is a reasonable choice for 100-kHz operation when the
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Fig. 11. Fabricated coils for the selected structures marked as circles along
the Pareto fronts in Fig. 10 with (a) plate shield, (b) ring shield, (c) shorted
litz shield, and (d) driven litz shield. The coils are optimized to transfer 100-W
power across 40-mm gap.

TABLE I
MEASURMENT RESULTS FOR COILS IN FIG. 11

skin depth is 206 μm. Even though it cannot completely elimi-
nate the skin effect, it makes the skin-effect loss negligible. The
dc resistance is more dominating at 100 kHz than ac resistance
for the coils in Fig. 11. The ac resistance is less than 20% of the
total resistance.

The measurement results of the inductances and resistances
for the coils in Fig. 11 are listed in Table I. They were measured
in the presence of both transmitter and receiver coils with a
40-mm air gap. Impedance analyzer Agilent 4294 A was used
for the measurement. The switching frequency is 100 kHz for the
IPT circuit in the experiment and the ac resistances at 100 kHz
are given in Table I. When the resistance of one coil was mea-
sured, the other coil was open. The coil-to-coil efficiencies are
calculated from (24) with the mutual inductances and resis-
tances. The weight breakdown of the coils is listed in Table II.
The increase of weight for ring shield and litz shields is negli-
gible, while the plate shield almost doubles the total weight.

TABLE II
WEIGHT BREAKDOWN FOR TRANSMITTER COIL IN FIG. 11

(FERRITE WEIGHT = 240 g)

Fig. 12. Hardware setup for field measurement of the coils in Fig. 11.

The hardware for field measurement is shown in Fig. 12. The
near-field probe Langer EMV LF-R 50 was used to measure
BX (t), BY (t), and BZ (t) at each point. Fig. 13 shows the mea-
sured waveforms of BY (t) and BZ (t) at the point (0, 100 mm,
0) in Fig. 1, for the coils without shield and with the shields in
Fig. 11. The power of 100 W was transferred from the transmit-
ter to receiver across 40-mm gap. The field in the X-direction is
negligible due to the symmetry, so it is not plotted. The com-
parison in Fig. 13 proves that the shorted litz shield attenuates
the field more than other shields on both Y- and Z-directions.

The measurement results of the coil-to-coil efficiency in
Table I and the stray magnetic fields for the coils in Fig. 11 are
plotted as diamonds in Fig. 10. The magnetic fields were quan-
tified with (1). The diamonds match well with the circles which
are the calculation results. The errors are mostly caused by the
deviations of coils’ fabrication and probe’s position. Shorted litz
shield with 94.4% efficiency attenuates the stray field by 65%
compared to coils without shield whose efficiency is 95.7%.

Moreover, the optimal design of the shorted litz shield is
usually composed of only a few turns of shield, because too
many turns increase the shielding loss. The shield should not
be too close to the ferrite plate, to avoid inducing too much
eddy current on the shield which will reduce the efficiency
significantly.

Although the shields were optimized for the magnetic field
at the point (0, 100 mm, 0), the stray magnetic fields at other
positions are attenuated as well. Fig. 14 shows the quantified
results of the measured fields on the side of the coils along the
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Fig. 13. Comparison of BY (t) and BZ (t) at point (0, 100 mm, 0) for coils
without and with shields. The stray magnetic fields were measured with 100-W
power transferred across 40-mm gap.

Fig. 14. Quantified stray magnetic fields from measurement along Y-axis,
with the distance to the center ranging from 75 to 150 mm in Fig. 1(b).

Y-axis. The stray magnetic field is attenuated effectively with
shorted litz shield.

VI. CONCLUSION

Litz shield is used to attenuate the stray magnetic field around
the inductive-power-transfer coils in this paper. Compared to the
plate shield and ring shield, litz shield is able to attenuate the
magnetic field with smaller shielding loss, because the shield
current is more uniformly distributed. The increased weight due
to the litz shield is negligible. Litz shields are categorized as
shorted litz shield and driven litz shield. The circuit models
with four coupled inductors are derived for both categories,
from which the equivalent inductances, the equivalent resis-
tances, the windings’ currents, and the shields’ currents are all

analyzed and obtained. Pareto fronts are used to optimize the
coil-to-coil efficiency and stray magnetic field. A fast method to
get the Pareto fronts using the lumped-loop model is described.
The efficiency and magnetic field are calculated with perme-
ance matrices, current-to-field matrices, and turns vectors of the
lumped-loop model. Only tens of simulations are needed in the
entire optimization procedure, which is much faster than the con-
ventional method that takes thousands of simulations. The coils
with different structures of shields were fabricated and measured
in experiment. Both calculation and measurement show that the
shorted litz shield is most effective for field attenuation. With all
the shields designed for the same efficiency, shorted litz shield
attenuated the stray magnetic field by up to 65% compared to
coils without metal shield, in an IPT system to transfer 100-W
power across 40-mm gap.
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