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Minimizing Inverter Capacity Design and
Comparative Performance Evaluation of

SVC-Coupling Hybrid Active Power Filters
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Abstract—In this study, a minimizing inverter capacity design is
proposed, and the characteristics and performance of static VAR
compensator (SVC) coupling hybrid active power filters (SVC-
HAPFs) are analyzed. The cost of the SVC part is much lower
than that of the active inverter part, and thus, the reduction of
inverter part capacity can lead to a decrease in the total cost of
SVC-HAPF. To demonstrate the advantages of the proposed min-
imizing inverter capacity design of SVC-HAPF, comparisons are
given between the conventional and the proposed SVC-HAPF de-
signs. Comparisons are also provided among active power filters
(APFs), HAPFs, and the proposed SVC-HAPF in terms of dc-link
voltage, compensation range, and performance. Finally, simula-
tion and laboratory-scale experimental results are given to validate
the minimizing inverter capacity design, and to verify the charac-
teristics and compensation performances of APF, HAPF, and the
proposed SVC-HAPF.

Index Terms—Active inverter, active power filters (APFs), dc-
link voltage, hybrid active power filters (HAPFs), static VAR com-
pensator (SVC).

I. INTRODUCTION

CURRENT quality compensators can be installed to solve
current quality problems, such as a low power factor (PF),

harmonic current pollution, and unbalanced problems. A his-
torical review of the various compensators is given below and
summarized in Table I.

To compensate for reactive power, low-cost passive power
filters (PPFs) [1] and static VAR compensators (SVCs) [2]–[4],
were proposed in the 1940s and 1960s, respectively. In practical
applications, PPFs and SVCs suffer from the potential resonance
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TABLE I
CHARACTERISTICS OF DIFFERENT CURRENT QUALITY COMPENSATORS

problem [5], [6] due to system frequency variation [7], parameter
(inductor and capacitor) values changes [7], [8], nonlinear dy-
namics characteristics in thyristor (SVCs only) [9]–[12], etc. To
overcome the resonance problem and to improve performance,
active power filters (APFs) were proposed in 1976 [13], [14].
For medium-voltage applications, APF requires costly multi-
level structures [15]–[19] to reduce the voltage across the dc-link
capacitor and power switches. To reduce the voltage capacity of
the inverter, large LC-impedance coupling hybrid active power
filters (HAPFs) were proposed in 2003 [20]. However, HAPFs
have a narrow compensation range, which limits their compen-
sation ability [20], [21]. In the same year, Dixon et al. [22]
proposed an SVC structure in parallel with APF (SVC//APF).
The SVC part of SVC//APF is used to compensate for most of
the reactive power, thus the current rating of the APF can be
significantly reduced. However, the voltage rating of the APF
part remains high, so the SVC//APF still requires a costly mul-
tilevel structure for medium-voltage level applications. Another
hybrid structure of PPF in parallel with APF (PPF//APF) was
proposed after 2010 in [23] and [24]. The PPF part of PPF//APF
can share the large compensating current, and thus, the current
rating of APF can be reduced. However, when the loading reac-
tive power is capacitive or has a wide reactive power variation,
the APF loses its small current rating characteristic. In 2012,
Luo et al. [25] proposed a novel hybrid system consisting of a
thyristor-controlled reactor (TCR) and a resonant impedance-
type hybrid active power filter (RITHAPF) (TCR//RITHAPF).
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The RITHAPF part is an APF crossing over a matching trans-
former connected in parallel with a fundamental series resonant
circuit. As most of the loads are inductive and the TCR part
is also inductive, the RITHAPF part is required to provide a
large capacitive compensating current for inductive loads com-
pensation so that the current/power rating of RITHAPF can be
high. However, the matching transformer in TCR//RITHAPF
can also drive up the total system cost. After 2014, SVC-
coupling hybrid active power filters (SVC-HAPFs) were widely
studied [26]–[31], which have the characteristics of a wider
compensation range than HAPF and a lower dc-link voltage
than the APF. Of these compensators, the PPF and HAPF have
poor dynamic reactive power tracking performance compared to
the others, and the tracking performances of APF, SVC//APF,
PPF//APF, TCR//RITHAPF, and SVC-HAPFs are better than
those of SVC.

The structure of SVC-HAPF was first proposed in [26], and
the different aspects of SVC-HAPFs discussed in [27]–[31].
The control strategies of SVC-HAPFs for balanced loads com-
pensation have been discussed in [26] and for unbalanced loads
in [27]. To overcome the potential overcapacity problem of the
SVC-HAPFs, the selective compensation control method was
proposed in [28] for harmonic distortion, and unbalanced and
reactive power. The focus of [26]–[28] is on the control meth-
ods, while the focus of [29] and [30] is on the system design
of the SVC-HAPFs. Although the final selected parameters are
the same in [29] and [30], the SVC-HAPF design approaches
differ. In [29], the SVC-HAPF design was for unbalanced loads
compensation. In [30], the SVC-HAPF was designed to compen-
sate for fundamental reactive power, while the current harmonic
components were not taken into consideration. The hardware
implementation of the SVC-HAPF was discussed in [31]. The
minimizing inverter capacity design of the SVC-HAPF was not
considered in [26]–[31], although a reduction in SVC-HAPF
inverter capacity can bring about decreases in the compensation
device capacity, power loss, and cost. Therefore, the parameter
design procedures for reducing the dc-link operation voltage of
the SVC-HAPFs are explored in this study. The proposed SVC-
HAPF design is also compared with the conventional designs in
[29] and [30].

Based on the limitations of the conventional SVC-HAPFs in
[27]–[31], this study aims the following.

1) Enable a reduction in the power rating ratio between the
active inverter part and the SVC part through mathemati-
cal analysis.

2) Propose a minimizing dc-link voltage design for SVC-
HAPFs reactive power and harmonic currents compensa-
tion (see Section III).

3) Compare the conventional design of the SVC-HAPFs
[29], [30] with the proposed one through analysis and
simulations (see Section III).

4) Perform a comprehensive study of dc-link voltage, com-
pensation, and tracking performances of the APF, conven-
tional HAPF, and SVC-HAPF (see Section IV).

5) Provide power loss and efficiency analyses of the APF,
the conventional HAPF, and the proposed SVC-HAPF
(see Section V).

Fig. 1. Structure of the conventional multilevel APF and HAPF.

The layout of this paper is as follows. In Section II, the struc-
tures, modeling, and control are introduced for the APF, HAPF,
and SVC-HAPF. In Section III, the power rating ratio analysis is
proposed between the active inverter part and the coupling SVC
part of the SVC-HAPF, based on the structures and modeling.
The required dc-link voltage is also deduced and analyzed for
both the conventional and the proposed SVC-HAPFs. The con-
ventional HAPF and the proposed SVC-HAPF are compared in
Section IV. The experimental verifications are provided in Sec-
tion V for the conventional HAPF and the proposed SVC-HAPF.
Finally, a summary is given in Section VI.

II. STRUCTURES, MODELING, AND CONTROL

OF HAPF AND SVC-HAPF

Figs. 1 and 2 show the structures of the APF, HAPF, and the
SVC-HAPF. The subscript “x” stands for phases a, b, and c in the
following analysis. vsx and vx are the source and load voltages;
and isx , iLx , and icx are the source, load, and compensating
currents, respectively. Ls is the transmission line impedance.
In Fig. 1, L is the coupling inductor of APF, and Lc and Cc

are the coupling inductor and capacitor of HAPF, respectively.
Lc, LPF, and CPF in Fig. 2 are the coupling inductor, SVC part
inductor, and capacitor, respectively.

Fig. 1 shows that the inverter voltage of APF is high due to
the small coupling inductive impedance L. The coupling LC
part (Lc and Cc ) of HAPF is used to provide the fixed reactive
power compensation, and the active inverter part is used to en-
large the reactive power compensation range and compensate
the harmonic current. Compared with HAPF, the SVC part of
SVC-HAPF provides a wide and continuous inductive and ca-
pacitive reactive power compensation range, which is controlled
by the firing angles (αx ) of the thyristors. As the SVC part can
provide the fundamental voltage drop, the rating of the active
inverter part can be small and the use of a costly multilevel struc-
ture is, thus, avoided [29]. In addition, the isolation transformer
is used to protect the active inverter part from the inrush current.

The control model of the SVC-HAPF for simulation and
experiments is provided in Fig. 2. The inputs are load voltage
vx , load current iLx , and compensating current icx , and the
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Fig. 2. Structure and control method of the SVC-HAPF.

outputs are the trigger signals for the thyristors in the SVC part
and IGBTs in the active inverter part. For the SVC part control,
the first step is to calculate the load reactive power qLx via the
single-phase instantaneous p-q theory [19], [20]. The required
fundamental impedance XSVCx of the SVC part can then be
obtained based on the load reactive power qLx and load voltage
vx . The corresponding firing angle αx of the SVC part can then
be obtained. Finally, by comparing the firing angle αx with the
phase angle of the load voltage θx , the trigger signals for the
thyristor of the SVC can be obtained.

The active inverter part is used to limit the compensating
current icx to its reference i∗cx , which includes the harmonic
component and reactive power component. By using the in-
stantaneous p-q theory [13], the instantaneous active power and
reactive power in α − β frame can be calculated from the load
voltage and current (vx and iLx ). The obtained reactive power
and harmonic active power can then be used to calculate the
reference i∗cx . Through the current hysteresis pulsewidth modu-
lation (PWM) control method, the trigger signals for the active
inverter part can be generated by comparing icx with i∗cx . Dis-
cussions of the tradeoffs of different PWM control methods are
included in the Appendix.

Fig. 3 shows the single-phase equivalent fundamental and
harmonic frequency circuit models of the APF, HAPF, and SVC-
HAPF. The coupling impedances of the models are found to be
different. For the harmonic models in Fig. 3(b) and (d), the

Fig. 3. Single-phase equivalent circuit models. (a) APF/HAPF fundamental
frequency model. (b) HAPF harmonic frequency model. (c) SVC-HAPF funda-
mental frequency model. (d) SVC-HAPF harmonic frequency model.

L part of APF and the LC part of the HAPF cannot generate
the harmonic current, while the SVC part of SVC-HAPF can
produce the harmonic current Iixn . Therefore, the compensating
current Icxn of SVC-HAPF includes both the load harmonic
current ILxn and the SVC part harmonic current Iixn .

III. RATING RATIO OF THE ACTIVE INVERTER PART AND THE

SVC PART, AND THE MINIMUM REQUIRED

DC-LINK VOLTAGE OF SVC-HAPF

Based on the circuit analysis in Fig. 2, the power rating in
the active inverter part can be calculated as VinvxIcx , while the
power rating of the SVC part can be calculated as VSVCIcx .
Accordingly, the power rating ratio of the active inverter and the
SVC parts (Sinvx /SSVCx ) can be expressed as

Rtot =
Sinvx

Ssvcx
=

Vinvx · Icx

Vsvcx · Icx
=

Vinvx

Vsvcx
(1)

where Sinvx and SSVCx are the ratings of the phase active inverter
part and the SVC part; Vinvx and VSVCx are the phase root-
mean-square (RMS) voltages of the active inverter part and the
SVC part, and Icx is the phase RMS compensating current. The
required dc-link voltage VDC tot can be expressed as [28]–[30]

VDC tot =
√

6 · Vinvx . (2)

As shown in Fig. 3(c) and (d), the current passing through the
SVC-HAPFs includes both fundamental and harmonic compo-
nents. Therefore, the VSVCx and Vinvx in (1) and (2) can be
expressed by using Ohm’s law as

VSVCx =

√
√
√
√V 2

SVCx1 +
∞∑

n=2

V 2
SVCxn

=

√
√
√
√(XSVC1 · Icx1)

2 +
∞∑

n=2

(XSVCn · Icxn )2 (3)
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Vinvx =

√
√
√
√V 2

invx1 +
∞∑

n=2

V 2
invxn

=

√
√
√
√V 2

invx1 +
∞∑

n=2

(XSVCn · Icxn )2 . (4)

Combining (1)–(4), the Rtot and VDC tot can also be expressed
in terms of fundamental and harmonic components as

Rtot

=

√

V 2
invx1

V 2
SVCx1 +

∑∞
n=2 V 2

SVCxn

+
∑∞

n=2 V 2
invxn

V 2
SVCx1 +

∑∞
n=2 V 2

SVCxn

=

√
√
√
√R2

tot1 +
∞∑

n=2

R2
totn (5)

VDC tot =

√
√
√
√6 · V 2

invx1 + 6 ·
∞∑

n=2

V 2
invxn

=

√
√
√
√V 2

DC tot1 +
∞∑

n=2

V 2
DC totn . (6)

In (1)–(6), the subscript “n” stands for the fundamental (n =
1) and harmonic (n ≥ 2) frequency components. XSV C 1 and
XSVCn are the impedance of the SVC part at the fundamental
and at each harmonic frequency order. Vinvx1 and Vinvxn are
the fundamental and harmonic inverter output voltage. Icx1 and
Icxn are the fundamental and harmonic compensating currents.
The Icxn includes two parts: Iixn and ILxn . Iixn represents the
self-harmonic injection current components by SVC and ILxn

represents the loading harmonic current components. Rtot1 and
VDC tot1 along with Rtotn and VDC totn are the fundamental and
harmonic components of the power rating ratio Rtot and the
dc-link voltage of VDC tot, respectively.

In the following analysis, the Rtot in (5) and VDC tot in (6) is
deduced, compared, and discussed through six parts, described
as follows.

1) In Section III-A: The parameter design and characteristics
of SVC (XSV C 1 and XSVCn ) are proposed and discussed.

2) In Section III-B: The fundamental components (Rtot1 and
VDC tot1) of Rtot and VDC tot are deduced.

3) In Section III-C: The harmonic components (Rtotn and
VDC totn ) of Rtot and VDC tot are obtained.

4) In Section III-D: The required Rtot and VDC tot are deduced
and discussed.

5) In Section III-E: Simulation case studies are provided.
6) In Section III-F: A section summary is drawn.
The calculation of the parameters in Rtot (5) and VDC tot (6)

are explained in Sections III-A–III-C. In Section III-D, the de-
duced Rtot in (5) and VDC tot in (6) are plotted in Figs. 8 and 9
discussions of Rtot and VDC tot are also included. The simulation
case studies are provided in Section III-E to verify the analysis
in Sections III-A–III-D. Finally, a section summary is drawn in
Section III-F.

A. Parameter Design and Characteristics of SVC

The expressions of impedance of SVC (XSVCn ) at fundamen-
tal (n = 1) and harmonic frequency order (n = 2, 3, 4 . . . ) can
be given as

XSVCn (α)

=
∣
∣
∣
∣

π(nωLPF)
(2π − 2α + sin 2α) − π(nω)2 · LPFCPF

+ nωLc

∣
∣
∣
∣

(7)

where α is the firing angle, ω is the angular frequency (ω =
2πf ), and f is the fundamental frequency.

At the fundamental frequency, the compensating reactive
power by the SVC part (Qcx SVC) can be expressed as

Qcx SVC =
V 2

x1

XSVC1(α)
(8)

where Vx1 is the RMS value of the fundamental load voltage,
and XSVC1 can be obtained from (7) with n = 1.

From Figs. 2 and 3, the impedance SVC part is controlled
by back-to-back connected thyristors T1x and T2x through the
firing angle α. When α = 180◦, the SVC part provides the max-
imum capacitive compensating reactive power Qcx SVC(MaxCap)
for inductive load reactive power compensation. However, when
α = 90◦, the SVC part provides the maximum inductive reac-
tive power Qcx SVC(MaxInd) for capacitive load reactive power
compensation. Based on (7) and (8), the LPF and CPF of the
SVC part can be designed as

CPF =
QLx(MaxInd)

ω2 · QLx(MaxInd) · Lc − ω · V 2
x1

(9)

LPF =

V 2
x1−ωLcQLx(MaxCap)

ω · QLx(MaxCap)−ω3 · Lc · CP F · QLx(MaxCap) + ω · V 2
x1 · CPF

(10)

where QLx(MaxInd) and QLx(MaxCap) are the load maximum in-
ductive and capacitive reactive power, respectively.

Based on (7), the design criteria of Lc can be expressed as

Lc =
1

(ωn1)
2CPF

(XSVC (n) = 0, with α = 180◦)

Lc =
1

(ωn2)
2CPF − 1/LPF

(XSVC (n) = 0, with α = 90◦).

(11)

According to the research in [29], the Lc in the SVC part is
to filter out the current ripple caused by the power switches of
the active inverter part. In [30], the Lc is designed to tune the n1
and n2 away from the dominated harmonic orders. In [27]–[31],
the zero harmonic impedance point is in fact tuned at around
the 3.7th harmonic order (XSVC(n) = 0 at n1 ≈ n2 ≈ n ≈ 3.7)
[27]–[31].

In this study, the proposed fifth-harmonic order (XSVC(n) =
0 at n1 ≈ n2 ≈ n ≈ 5) is based on the general comparative per-
formance evaluation (in Fig. 4) and the minimized Rtot inverter
design (in Fig. 5).
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Fig. 4. Simulated source current THDisx with different PFL and tuned at
different n after SVC-HAPF compensation (VDC tot = 2500 V).

Fig. 5. Simulated source current THDisx with different load power factor
(PFL ) after SVC-HAPFs compensation with different Rtot.

Fig. 4 shows that the SVC-HAPF with XSVC(n) = 0 at n = 5
can provide the best compensation results. The performance
of SVC-HAPF becomes worse with XSVC(n) = 0 at n < 5 or
n > 5. Fig. 5 shows that the SVC-HAPF with Rtot = 17% can
provide the relatively best THDisx performance. In addition, the
corresponding zero impedance point for Rtot = 17% is n � 5.

In the following, two different designs for the SVC part
with XSVC(n) = 0 at n ≈ 3.7 [27]–[31] and the proposed
XSVC(n) = 0 at n ≈ 5 are discussed.

B. Fundamental Frequency Analysis of Rtot1 and VDC tot1

From Fig. 3(c), the fundamental inverter voltage Vinvx1 can
be expressed as

Vinvx1 = Vx1 − XSVC1(α) · Icx1 (12)

where Vx1 , Icx1 , and XSVC1 are the fundamental load voltage,
fundamental compensating current, and fundamental SVC part
impedance, respectively. The load reactive power can be ex-
pressed as

QLx = Vx1 · ILxq1 = Vx1 · (−Icx1) (13)

where QLx is the loading reactive power and ILxq1 is the load
fundamental reactive current, which is equal to −Icx1 during

Fig. 6. SVC equivalent single-phase model for harmonic currents rejection
analysis.

compensation. Combining (2), (8), (12), and (13), the Rtot1 and
VDC tot1 can be expressed as

Rtot1 =
Vinvx1

VSVC1
=

∣
∣
∣
∣

|QLx | − |Qcx SVC |
QLx

∣
∣
∣
∣

(14)

VDC tot1 =
√

6 · Vinvx1 =
√

6 · Vx1

∣
∣
∣
∣

|QLx | − |Qcx SVC |
Qcx SVC

∣
∣
∣
∣
.

(15)

In (14) and (15), Qcx SVC and QLx are the compensating
reactive power by the SVC part and the load reactive power,
respectively.

C. Harmonic Frequency Analysis of Rtotn and VDC totn

As shown in Fig. 3(d), the harmonic compensating current
can be expressed as

Icxn = Iixn + (−ILxn ) (16)

where Iixn is the self-harmonic injection current by SVC and
ILxn is the load harmonic current.

In this section, the required Rtotn and VDC totn are discussed
separately in two sections. In Section III-C1, the required Rtotn

and VDC totn to compensate iixn injected by the SVC part are
deduced under assumptions of Icxn = Iixn and ILxn = 0 (linear
loading condition). In Section III-C2, the total required Rtotn and
VDC totn are obtained so that both current ILxn and Iixn (Icxn =
Iixn + (−ILxn )) can be compensated for the nonlinear loading
condition.

1) Rtotn and VDC totn for Compensating Self-Harmonic In-
jection Current by SVC Part (iixn ) Only: In this section, the
required Rtotn and VDC totn can be obtained to compensate for
iixn injected by the SVC part. To clearly illustrate the iixn

problem, the loading is assumed to be linear (iLxn = 0). The
equivalent single-phase self-harmonic current rejection analysis
model is provided in Fig. 6.

In Fig. 6, the thyristors (T1x and T2x ) in each phase of the
SVCs can be considered as a pair of bidirectional switches,
which can generate the low-order harmonic current iixn . As the
switch S turns ON and OFF, the two differential equations of
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Fig. 7. Simulated fundamental and harmonic compensating currents at dif-
ferent firing angles under linear loading with: (a) SVC with (XSVC(n) = 0 at
n ≈ 3.7) [27]–[31] and (b) SVC with (XSVC(n) = 0 at n ≈ 5)

icx(t) (icx off and icx on) can be obtained as

icx off = icx1 + iixn = A1 sin(ωt − α) + K1 sin(ωn1 t + ϕn1)

Fundamental Harmonic (17)

icx on = icx1 +iixn = A2 sin(ωt + α)+K2 cos(ωn2 t+ϕn2)+K3

Fundamental Harmonic (18)

where A1 and A2 are the peak values of the fundamen-
tal compensating current during each turn off and turn on;
K1 , K2 , K3 , φn1 , and φ n2 are constants during each switching
cycle and depend on the initial conditions of the compensating
current and capacitor voltages; and ωn1 and ωn2 are the har-
monic angular frequencies, which can be expressed as

ωn1 =
1

√

(Ls + Lc) · CPF

(

n1 =
ω1

2πf

=
1

2πf
√

(Ls + Lc) · CPF

)

(19)

ωn2 =

√

Ls + Lc + LPF

(Ls + Lc) · LPFCPF

(

n2 =
ω2

2πf

=
1

2πf

√

Ls + Lc + LPF

(Ls + Lc) · LPFCPF

)

(20)

where Ls is the system inductor, which is typically a small value,
and the Lc, LPF, and CPF are parameters in the SVC part.

Fig. 7 shows the fundamental and harmonic compensating
current at different firing angles of two SVC-HAPFs. For a
three-phase three-wire system, the common harmonic orders
are 6n ± 1 (≥ 5) with n = 1, 2, 3 . . . . Based on Fig. 7(a), (19),
and (20), if the SVC part is with XSVC(n) = 0 at n ≈ 3.7, the
generated harmonic current can be significantly reduced as the
possible generated harmonic orders n1 and n2 are far from
the 6n ± 1 order. From Fig. 7(b), for the SVC part with
XSVC(n) = 0 at n ≈ 5, the significant fifth-order harmonic cur-
rent can be generated when n1 and n2 are designed close to 5.

2) Rtotn and VDC totn for Compensating Both Load Harmonic
Current (iLxn ) and Self-Harmonic Injection Current (iixn ): As
the SVC has poor harmonic compensation ability, the active
inverter part of SVC-HAPF is designed to compensate load
harmonic current iLxn and to absorb the SVC self-generated
iixn (already discussed in Section III-C1) simultaneously.

Fig. 8. Ratio of Rtot with varying QLx and ILxn . (a) SVC-HAPF with
(XSVC(n) = 0 at n ≈ 3.7) [27]–[31] and (b) SVC-HAPF with (XSVC(n) = 0
at n ≈ 5).

Fig. 9. VDC tot with varying QLx and ILxn . (a) SVC-HAPF with
(XSVC(n) = 0 at n ≈ 3.7) [27]–[31]. (b) SVC-HAPF with (XSVC(n) = 0
at n ≈ 5).

In this study, the six-pulse rectifier nonlinear loads are con-
sidered as the worst case of the three-phase three-wire harmonic
loads (ILxn = ILx1/n). As the rating of a nonlinear loading is
10 kV to 500 A, the total required Rtotn and VDC totn of SVC-
HAPFs for compensating both iixn and iLxn can be plotted as
in Figs. 8 and 9.

D. Minimizing Inverter Capacity Design of Rtot and VDC tot

In this section, minimizing the inverter capacity design of
SVC-HAPF is discussed, including the fundamental compo-
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Fig. 10. Simulated load voltage, source current under SVC-HAPF
(XSVC(n ≈ 3.7) = 0) compensation [27]–[31], and source current under SVC-
HAPF(XSVC(n ≈ 5) = 0) compensation.

nent (discussed in Section III-B) and harmonic components
(discussed in Section III-C). The Rtot in (5) and VDC tot in (6)
are plotted in Figs. 8 and 9, which also show the Rtot and VDC tot

with varying QLx and ILxn (also including Iixn ) for different
SVC-HAPFs.

From Figs. 8 and 9, at ILxn = 0, it can be seen that the
SVC-HAPF still requires the Rtot and VDC tot to absorb the self-
harmonic injection currents by the SVC part, which is consistent
with the discussions in Section III-C1. With ILxn increasing,
the required Rtot and VDC tot are also increasing. When the QLx

is outside of the designed Qcx SV C range, the designed Rtot

and VDC tot can further enlarge the reactive power compensation
range of the SVC part, which is consistent with the analysis in
Section III-B. As the SVC-HAPF (XSVC(n) = 0 at n ≈ 5) re-
quires a lower dc-link voltage for nonlinear loading compensa-
tion (ILn > 0), the following discussions focus on SVC-HAPF
(XSVC(n) = 0 at n ≈ 5).

E. Simulated Comparison Between the Conventional
SVC-HAPF and the Proposed SVC-HAPF

In this section, simulation case studies are conducted using
PSCAD/EMTDC. Fig. 10 illustrates the load voltage (and its
ripple), the source current, load current, and dc-link voltage
waveforms for 10 kV to 500 A six-pulse rectifier nonlinear load
before and after different SVC-HAPF compensations.

Based on Fig. 9, the required dc-link voltage of the SVC-
HAPF (XSVC(n) = 0 at n ≈ 5) is lower than the SVC-HAPF
(XSVC(n) = 0 at n ≈ 3.7) for nonlinear loads compensation.
The dc-link voltage of 2500 V is designed based on the SVC-
HAPF tuned at the fifth-harmonic order (XSVC(n) = 0 at n ≈ 5)
as in Fig. 10. Thus, the SVC-HAPF (XSVC(n) = 0 at n ≈ 5) can
provide better THD and PF performance [see Fig. 10(b)] than
the SVC-HAPF tuned at the 3.7th harmonic order, which is due
to insufficient dc-link voltage [see Fig. 10(a)], as verified by
Fig. 9. The detailed descriptions of compensation performance
are given below.

From Fig. 10, after the SVC-HAPF compensation, the PF is
improved to �0.98 for both SVC-HAPFs under the same dc-
link voltage. However, the source current THDisx is improved to

TABLE II
COMPARISON AMONG THE CONVENTIONAL DESIGN AND THE PROPOSED

DESIGN SVC-HAPFS

14.1% for the design of XSVC(n ≈ 3.7) = 0 case, while THDisx

is improved to less than 8% for the design of XSVC(n ≈ 5) = 0
case. Therefore, the SVC-HAPF (XSVC(n ≈ 5) = 0) has better
compensating performance.

F. Summary of the Conventional SVC-HAPF and the
Proposed SVC-HAPF

Based on the above discussions, a brief summary is drawn
in Table II. This shows that the SVC-HAPF with XSVC(n) =
0 at n ≈ 3.7 requires lower Rtot and VDC tot for linear loads
compensation, whereas the SVC-HAPF (XSVC(n) = 0 at n ≈
5) requires lower Rtot and VDC tot for both linear and nonlinear
loads compensation.

When the loads are linear, the SVC part is the only harmonic
source, which can generate low-order harmonic currents when
the switches/thyristors change their states. The two designs use
different approaches to avoid harmonic injection by the SVC
part. To avoid the harmonic currents injection by the SVC part,
the conventional design XSVC(n) = 0 at n ≈ 3.7 suggests tun-
ing the zero impedance point away from the 6n ± 1th order
and/or close to the 3nth order (e.g., n ≈ 3.7). Thus, the SVC
part does not generate a large harmonic current to the system, so
the rating of the active inverter part can be reduced. Unlike the
conventional method, the proposed SVC part with XSVC(n) = 0
at n ≈ 5 may generate a fifth-order harmonic current. The SVC
part also provides a zero impedance path for the generated fifth-
order harmonic current flowing into the active part. Thus, the
active inverter part can easily absorb the generated fifth-order
harmonic current without affecting the compensation perfor-
mance. Therefore, the required active inverter rating of the pro-
posed design can be low for linear loads compensation.

When the loads are nonlinear, the required dc-link voltages
for harmonic compensation are different for the two designs,
which can be expressed as

VDC toth ≈
√

6 · Vinvxh =
√

6 ·
√
√
√
√

∞∑

n=2

V 2
invxn

=
√

6 ·
√
√
√
√

∞∑

n=2

(XSVCn · ILxn )2 (21)

where VDC toth is the required dc-link voltage for harmonic
current compensation, ILxn is the load harmonic current, and
XSVCn is the harmonic impedance of the SVC part. In (21), the
difference between the conventional design and the proposed
design is the XSVCn values at each harmonic order. Based on
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(6), (21), and Fig. 9, the proposed design with XSVC(n) = 0
at n ≈ 5 has a lower required VDC toth than the conventional
design with XSVC(n) = 0 at n ≈ 3.7. Therefore, the proposed
design XSVC(n) = 0 at n ≈ 5 can obtain better THD and PF
performance with the same dc-link voltage as in Figs. 4, 5, and
10.

IV. COMPARISONS AMONG THE CONVENTIONAL APF, HAPF,
AND THE PROPOSED SVC-HAPF

In this section, comparisons are provided among the APF,
HAPF, and the proposed SVC-HAPF. In Section IV-A, com-
parisons of dc-link voltages are given for APF, HAPF, and
SVC-HAPF, and in Section IV-B, simulation comparisons are
provided.

A. DC-Link Voltage Comparison

The dc-link voltage of the APF and HAPF can be deduced
with the help of Fig. 3(a) and (b). Based on these, the equations
for APF and HAPF can be obtained as

Vinvx1(APF) = |Vx1 + XL1 · ILxq1 |

= Vx1 ·
∣
∣
∣
∣
∣

V 2
x1

/

XL1 − Vx1ILxq1

V 2
x1

/

XL1

∣
∣
∣
∣
∣
= Vx1 ·

∣
∣
∣
∣

Qcx L + QLxf

Qcx L

∣
∣
∣
∣

(22)

Vinvx1(HAPF) = |Vx1 − (XC c1 − XLc1) · ILxq1 |

= Vx1 ·
∣
∣
∣
∣

Qcx LC−QLxf

Qcx LC

∣
∣
∣
∣

(23)

Vinvxn(APF) = XLn · ILxn (24)

Vinvxn(HAPF) = (XC cn − XLcn ) · ILxn (25)

where XL1 , XLn , XC c1 , XC cn , XLc1 , and XLcn are the fun-
damental and harmonic impedances of the coupling inductor
(L) of APF, coupling capacitor (Cc ), and inductor (Lc ) of the
HAPF, respectively. ILxq1 is the reactive power component of
the load current, and ILxn is the load harmonic current. In (22),
the loading reactive power, the reactive power provided by the
coupling L part of the APF, and the coupling LC part of the
HAPF can be expressed as

QLx1 = Vx1 · ILxq1 (26)

Qcx1 L = V 2
x1

/

XL1 (27)

Qcx1 LC = V 2
x1

/

(XL1−XC 1). (28)

Based on (6), (22)–(28), the required dc-link voltages of the
APF and HAPF can be plotted as in Fig. 11.

By comparing Figs. 11 with 9(b), the following brief conclu-
sions can be drawn.

1) For APF, as shown in Fig. 11(a), the required Vinvx(APF) is
close to Vx due to the small coupling impedance XL .

2) The HAPF has a low dc-link voltage characteristic only
within a narrow inductive load range. When the load reac-
tive power is outside its designed range, the HAPF requires
a high dc-link operating voltage (>10 kV) due to its large

Fig. 11. VDC tot with varying QLx and ILxn . (a) APF. (b) HAPF.

TABLE III
SIMULATION SYSTEM PARAMETERS FOR APF, HAPF, AND SVC-HAPF

coupling capacitor impedance, and, thus, it easily loses its
low-inverter rating advantage.

3) The SVC-HAPF has the desirable characteristic of a wide
compensation range (from capacitive to inductive reactive
power) with a low dc-link voltage.

B. Simulated Comparison Between the HAPF and the
Proposed SVC-HAPF

The tracking performance of APF, HAPF, and SVC-HAPF
are compared and discussed in this section by simulation case
studies. In the below simulations, the system parameters of
the APF, HAPF, and SVC-HAPF are from Table III. In this
study, the base values of the voltage, current, and power are
Vbase = 5.77 kV (VL−L = 10 kV), Ibase = 500 A, and Sbase =
2887 VA. The reactive powers of different loads in per unit
(p.u.) values are provided in Table III. The power capacity of
the active inverter parts of the APF, HAPF, and SVC-HAPF can
be expressed as [26]

Sinv =
√

6 · VDC tot√
2

· Icx (29)

where VDC tot is the dc-link voltage and Icx is the RMS value of
the phase compensating current. The required power capacities
of the active inverter part for different compensators are shown
in Table IV.

Based on Fig. 12(a) and Table IV, the APF can provide a wide
compensation range with high dc-link voltage VDC tot = 15 kV.
For the different loads compensations, the APF can provide a
satisfactory PF and source current THDisx performance. After
APF compensation, the PF is improved to ≥0.99 and THDisx

≤4.2%.
From Fig. 12(b) and Table IV, the HAPF can only compensate

for a narrow range of reactive power (matches only with the
first inductive loads case). However, the HAPF cannot provide
satisfactory source-side PF and current compensation results
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TABLE IV
SIMULATION RESULTS BY USING APF, HAPF, AND SVC-HAPF

when the reactive power is capacitive or outside its inductive
compensation range. Specifically, the PF and THDisx are 0.86
and 22.0% for the second inductive loads compensation, and
the PF and THDisx are 0.62 and 26.6% respectively, for the
capacitive loads compensation.

From Fig. 12(c) and Table IV, the SVC-HAPF can provide
a wide reactive power compensation range (from inductive to
capacitive). After the proposed SVC-HAPF compensation, the
source reactive power is reduced to around zero in different
loads cases. The PF and THDisx are compensated to unity and
≤4.0%, respectively, for the different loads.

V. EXPERIMENTAL RESULTS

The experimental results should verify the dc-link voltage
characteristics, tracking performances, and compensation per-
formances of the APF, HAPF, and SVC-HAPF. The three-phase
three-wire APF, HAPF, and SVC-HAPF experimental proto-
types are constructed in the laboratory. The experimental con-
ditions of the phase voltage and current in the laboratory are
110 V to 10 A. The base values of the voltage, current, and
power are Vbase = 110 V (VL−L = 191 V), Ibase = 10 A, and
Sbase = Vbase · Ibase = 1100 VA (a total rating of 3.3 kVA for
three phases). The constructed SVC-HAPF experimental pro-
totype and the testing environment are shown in Fig. 13. The
digital control system of the SVC-HAPF consists of two par-
alleled digital signal processors (DSPs) TMS320F2812s, and
the basic settings of both DSPs are the same. The sampling
frequency of the control system is 25 kHz in both simulation
and experiment (for both DSPs). For every 1/25 kHz(s) pe-
riod, the timer will provide a signal to process analog-to-digital
(A/D) conversion and the corresponding interrupt. The SanRex
PK110FG160 thyristors are used for the SVC part, while the
Mitsubishi IGBT intelligent power modules PM300DSA60 are
used as the switching devices of the inverter. Two sets of loads
are built. The first loading is the six-pulse rectifier nonlinear
loads, while the second is the inductive linear loads. The param-
eters of APF, HAPF, SVC-HAPF, and loads are given in Table V.
The experimental results are summarized in Table VI.

Fig. 12. Dynamic compensation waveforms of load voltage, dc-link volt-
age, source current, and load and source reactive powers by applying (a) APF,
(b) HAPF, and (c) SVC-HAPF in different loadings cases.
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Fig. 13. 110 V-5 kVA SVC-HAPF experimental prototype and its testing
environment.

TABLE V
EXPERIMENTAL PARAMETERS FOR POWER QUALITY COMPENSATION OF APF,

HAPF, AND SVC-HAPF

TABLE VI
EXPERIMENTAL RESULTS FROM USING APF, HAPF, AND SVC-HAPF

A. Experimental Results of APF

From Fig. 14 and Table VI, it can be seen that after APF com-
pensation, the experimental PF and THDisx can be improved
to 0.98 and 9.5%, respectively, for the worst phase for the first
loading compensation, and 0.99 and 8.7, respectively, for the
first and second loading compensation. The required dc-link
voltage for APF is about 340 V.

Fig. 14. Waveforms of source voltage, current, natural current, and dc-link
voltage: Before and after APF starts operation (a) during the first load and
(b) when the second load is connected.

For the transient performance, as shown in Fig. 14(b), when
the load suddenly changes, the response time of the conventional
APF is much less than one fundamental period.

B. Experimental Results of HAPF

From Fig. 15(a) and Table VI, it can be seen that the exper-
imental PF and THDisx are compensated to 0.85 and 12.5%,
respectively, for the worst phase after the HAPF compensation.
Due to the loading falling outside of its operational range, the
PF becomes even worse after compensation. During the start-up
process, the HAPF requires about five fundamental periods to
charge the dc-link voltage to its reference value. The dc-link
charging period mainly depends on the design (such as P or PI
gain) of the controller.

From Fig. 15(b) and Table VI, the experimental PF and
THDisx are improved to 0.99 and 7.5%, respectively, for the
worst phase during the first and second loads compensation.
The required dc-link voltage for the HAPF is about 105 V. For
the transient performance, as shown in Fig. 15(b), when the load
suddenly changes the response time of the conventional HAPF
is about 7 ms, which is less than one fundamental period.
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Fig. 15. Waveforms of source voltage, source current, and dc-link voltage:
Before and after HAPF starts operation (a) during the first load case and
(b) when the second load is disconnected.

Based on Fig. 15 and Table VI, the HAPF can be confirmed to
have a narrow compensation range, thus causing overcompen-
sation for the first loading compensation. The PF and THDisx

compensation performance is also relatively poor for the first
inductive loading case.

C. Experimental Results of SVC-HAPF

From Fig. 16(a) and Table VI, the experimental PF and
THDisx can be improved to 0.99 and 6.3%, respectively, for
the worst phase after SVC-HAPF compensation. During the
start-up process, the SVC-HAPF also requires about five fun-
damental periods to charge the dc-link voltage to its reference
value.

Based on Fig. 16(b) and Table VI, the experimental PF and
THDisx are improved to 0.99 and 5.5%, respectively, for the
worst phase during the first and second loads case. To com-
pensate both loads, the required dc-link voltage for the SVC-
HAPF is about 60 V, which is lower than that of the HAPF. The
SVC-HAPF obtains a smooth transient performance, in which
the response time is much less than one fundamental period.
Comparing Figs. 15 with 16, the compensation results of the

Fig. 16. Waveforms of source voltage, source current, and dc-link voltage:
Before and after SVC-HAPF starts operation (a) during the first load case and
(b) when the second load is connected.

SVC-HAPF are better than the HAPF even with a lower dc-link
voltage.

D. Power Loss and Efficiency Studies

The 1) switching loss, 2) component conduction loss, and
3) coupling transformer loss (SVC-HAPF only) contribute to
the main power loss of the different compensators, which
are discussed in Sections V-D1—V-D3, respectively. The to-
tal efficiency of APF, HAPF, and SVC-HAPF is provided in
Section V-D4.

1) Switching Loss (Analysis and Measurement Results): The
switching loss of the APF and HAPF are from the switching
components (IGBTs) of the active inverter part. In contrast, the
switching loss of the SVC-HAPF consists of two parts: 1) from
the IGBTs of the active inverter part and 2) from the thyristors
of the SVC part.

For the IGBTs in the active inverter part, the switching loss
is obtained by measuring the collector–emitter voltage and the
current of each IGBT, and the total inverter switching loss can
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Fig. 17. Efficiency measurements for the first load compensation using
(a) APF, (b) HAPF, and (c) SVC-HAPF.

be found through the following equation [21]:

Psw(IGBT) =
n=6∑

n=0

Psw(IGBt),n

=
n=6∑

n=0

1
tf

∫ Tf

0
vce,n (t) · ice,n (t)dt (30)

where vce,n (t) and ice,n (t) are the collector–emitter voltage and
current of IGBT, respectively. Tf is a fundamental period, and
n is the number of IGBTs.

Each thyristor of the SVC part only turns on one time in a
fundamental period, unlike the IGBTs of the active inverter part.
In SVC-HAPF applications, the on-state switching loss is the
dominant part for the thyristor, which can be easily calculated

Fig. 18. Efficiency measurements for the first and second loads compensation
using (a) APF, (b) HAPF, and (c) SVC-HAPF.

as [32]

Psw(thyristor) =
n=6∑

n=0

Pthy ,n

=
n=6∑

n=0

(

UT O,n × IT AV ,n + rT × I2
T RMS,n

)

(31)

where IT RMS,n is the RMS value of the current passing through
the thyristor, IT AV,n is the average value of the same current,
UT O is the thyristor threshold voltage, and rT is the thyristor
slope resistance. According to the datasheet of thyristor modules
(PK110FG160), rt =∼ 0.44 mΩ and UT O = 0.25 V. Table VII
shows the switching losses of APF, HAPF, and SVC-HAPF.
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TABLE VII
SWITCHING LOSSES OF APF, HAPF, AND SVC-HAPF BY ANALYSIS

TABLE VIII
INVERTER CAPACITY, LOSS, AND EFFICIENCY OF APF, HAPF, AND SVC-HAPF

The above switching loss analyses are based on experimental
waveforms, equations, and calculations. To confirm the pro-
posed loss analysis, direct loss/efficiency measurements are re-
quired by the FLUKE 435 POWER QUALITY ANALYZER
measurement instrument, which has a “power inverter effi-
ciency” function. The direct measurement results are provided
in Figs. 17 and 18. Comparisons of the loss/efficiency analysis
and the direct measurement results are provided in Table VIII.

In Table VIII, the analysis results of inverter/switching loss
are derived from Table VII. The analysis results of efficiency
are obtained from (32). The measured results of efficiency are
obtained from Figs. 17 and 18, and the measured results of
inverter/switching loss are calculated from (33) by using the
efficiency from Figs. 17 and 18

Eff inv(%) =
(

Scomp inv−Ploss inv

Scomp inv

)

· 100% (32)

Ploss inv = (1−Eff inv(%)) · Scomp inv (33)

where Ploss inv is the inverter power loss, Eff inv is the inverter
efficiency, and SComp inv is the inverter capacity, which can be
obtained from Figs. 17 and 18 by multiplying the inverter voltage
by the current. Table VIII shows that the analysis results and
measured results are close to each other and that the error of
efficiency is less than 5%.

2) Component Conduction Loss: According to the measure-
ment results, the quality factor (Q) and equivalent series re-
sistance (ESR) of APF, HAPF, and SVC-HAPF are given in
Table V. The conduction loss is mainly caused by ESR in the
inductor and capacitor.

TABLE IX
COMPONENT CONDUCTION LOSS OF APF, HAPF, AND SVC-HAPF

TABLE X
IMPACT OF THE COUPLING TRANSFORMER ON THE LOSS/EFFICIENCY OF THE

SVC-HAPF

For APF and HAPF, the conduction loss of coupling inductor
and/or coupling capacitor can be expressed as

Ploss(L) = 3 · ESRL · I2
cx (34)

Ploss(C ) = 3 · ESRC · I2
cx (35)

where ESRL and ESRC are equivalent series resistances of
coupling inductor L and coupling capacitor C of the APF and
HAPF. Icx is the RMS value of compensating current. For SVC-
HAPF, the power loss of the Lc, LPF, and CPF can be calculated
as

Ploss(Lc ) = 3 · ESRLc
· I2

cx (36)

Ploss(CP F ) = 3 · ESRCP F · I2
CP F x

(37)

Ploss(LP F ) = 3 · ESRLP F · I2
LP F x

(38)

where ESRLc , ESRCPF, and ESRLPF are the equivalent series
resistance of Lc, CPF, and LPF. Icx, IC PFx , and ILPFx are the
RMS values of the compensating current passing through CPF

and LPF. Table IX shows the component conduction losses of
APF, HAPF, and SVC-HAPF.

3) Coupling Transformer Loss: According to the datasheet
of the coupling transformer, the efficiency of the transformer is
≥98%, and the capacity of the coupling transformer is small.
Therefore, compared with the switching loss, the power loss of
the coupling transformer constitutes a small proportion of the to-
tal power loss. Details of the impact of the coupling transformer
on the loss/efficiency are provided in Table X.

In Table X, the coupling transformer is connected to the active
inverter part, and the capacity of the coupling transformer can be
calculated from Figs. 17 and 18. The transformer loss increases
the total power loss by 8.6% for the first load compensation
and 13.7% for the first and second loads compensation. The
transformer loss is only reduced by about 0.5% for the SVC-
HAPF efficiency for both cases.

4) Efficiency of APF, HAPF, and SVC-HAPF: The efficiency
of the different compensators can be calculated as

Eff (%) =
SComp−Ploss tot

SComp
× 100% (39)
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TABLE XI
TOTAL POWER LOSSES AND EFFICIENCY OF APF, HAPF, AND SVC-HAPF

where Ploss tot is the total power loss, which can be derived from
Table XI. SComp is the capacity flow in the compensator which
can be expressed as

SComp = 3 · Vx · Icx (40)

where Vx is the load voltage and Icx is the phase compensating
current. The Vx is 110 V and Icx can be derived from Table V.

Table XI shows that the proposed SVC-HAPF has the lowest
total power loss and highest efficiency among the conventional
APF, HAPF, and SVC-HAPF.

The experimental setup is scaled down from the simulation
setup (voltage ratio 191 V:10 kV or 1:52). Unlike the exper-
imental results, the simulation results are carried out under a
relatively ideal situation, so the performance will be similar un-
der different voltages (191 V or 10 kV). Therefore, the effects
of the experimental setup scale down on the performance can
be considered experimental factors that can affect performance.

Many factors can affect the performance of compensators in
experiments. They can slightly affect the performances of the
compensators, including but not limited to the ESRs in com-
ponent parameters, the resolution of the transducers, the digital
computation error, the response time of drivers for IGBTs and
thyristors, and the noise in A/D signals and the controller.

However, the experimental results of the proposed SVC-
HAPF can still obtain satisfactory PF and THD results according
to the IEEE 519-2014 standard [33] when taking these factors
into consideration.

VI. CONCLUSION

In this study, a minimizing inverter capacity design, charac-
teristics, and performance analysis of the SVC-HAPF is pro-
posed for medium-voltage level application. The conventional
SVC-HAPFs, APF, HAPF, and the proposed SVC-HAPF are
compared in terms of dc-link voltage and system performance
through simulation and experimental results. The proposed
SVC-HAPF requires a lower dc-link voltage than the conven-
tional design of SVC-HAPFs and also of APF and HAPF. The
proposed SVC-HAPF demonstrates better performance than
APF and HAPF, and a wider compensation range than HAPF.

APPENDIX

SWITCHING MODELING (PWM TECHNIQUES) WITH

TRADEOFF DISCUSSIONS

After obtaining the reference current i∗cx , the PWM control is
used to generate the switching signals for the active inverter part
of APF, HAPF, and SVC-HAPF. The different PWM controls
can generate 1) a regular switching frequency (e.g., proportional

Fig. 19. Waveforms of source current, compensating current, average switch-
ing frequency, and number of triggers by using (a) proportional gain PWM
control and (b) hysteresis PWM control.

Fig. 20. Source current harmonic spectrum by using (a) proportional gain
PWM control and (b) hysteresis PWM control.

gain PWM control) or 2) an irregular frequency (e.g., hysteresis
PWM control). The tradeoff between proportional gain PWM
control with regular switching frequency [20], [34] and hystere-
sis PWM control with irregular switching frequency [21] are
provided below.

The proportional gain control is an indirect current control
(multiplying the reference current i∗cx by a gain) to calculate
the voltage reference. The voltage reference is then compared
with a triangular waveform to produce PWM gate signals for the
IGBTs. In contrast, the hysteresis band of the hysteresis PWM
control defines the allowable current error to control the turn-
ing on or off of the IGBTs accordingly. The average switching
frequency depends on the value of the hysteresis band. Dur-
ing the period when the compensating current stays within the
hysteresis band, unnecessary switching can be avoided. The hys-
teresis current PWM can spread the energy concentrated around
the harmonics of the switching frequency to a wider frequency
range, to reduce the EMI peak value.

The simulation comparisons of proportional gain PWM con-
trol and hysteresis PWM control are provided in Figs. 19–21.
Figs. 19 and 20 show a case study of the waveforms and source
current harmonic (THDisx ) spectrum by using the above two
PWM controls. Fig. 21 gives a more general THDisx compen-
sation comparison.

Figs. 19 and 20 show that proportional gain PWM control can
compensate the worst phase source current THDisx to 3.3%,
while the hysteresis PWM control can compensate THDisx to
1.3% performance under the same average switching frequency
fsw(ave) = 4 kHz.

Fig. 21 shows that the hysteresis PWM control method can
obtain better THDisx performance than the proportional gain
control for loads with different THDiLx .
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Fig. 21. Source current THDisx comparison between proportional gain PWM
control and hysteresis PWM control for different load current THDiL x com-
pensation.

The above analysis and Figs. 19–21 indicate that the hystere-
sis PWM control method (with irregular switching frequency)
can obtain better performance than proportional gain control
(with relative regular switching frequency) under the same aver-
age switching frequency. Therefore, the hysteresis PWM control
is selected in this study.
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