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Abstract—To support the development of high-frequency ac mi-
crogrids in terms of compact design, high-voltage gain and low to-
tal harmonic distortion (THD), a buck–boost dual-leg-integrated
step-up inverter is proposed in this paper. The inverter is formed
by integrating a buck–boost converter into a conventional single-
phase full-bridge inverter by sharing the upper switch and the
body diode of the lower switch in both bridge-legs. Consequently,
the component count is significantly reduced over the step-up in-
verter counterparts. In addition, to address the drawbacks of hy-
brid modulation methods adopted by existing dual-leg-integrated
inverters, such as double-variable control, and high THD of output
voltage/current at high input voltage and heavy load conditions,
unipolar frequency doubling sinusoidal pulse width modulation
scheme is adopted in this inverter. As a result, the modulation
ratio M becomes the only control variable to regulate the output
voltage/current and the control is simplified. The THD of the pro-
posed inverter output can remain low throughout the entire input
voltage range and load power range. This paper presents the topol-
ogy derivation procedure, operation principle, and steady-state
characteristics of the proposed inverter. To validate the effective-
ness of theory, experimental results of a 400 W hardware prototype,
where the output voltage frequency is at 500 Hz, are reported.

Index Terms—High frequency, inverters, microgrid, step-up,
unipolar frequency doubling sinusoidal pulse width modulation
(SPWM).

I. INTRODUCTION

M ICROGRIDS operating in a higher than utility frequency
(i.e., 500 Hz–1 kHz) have several advantages. These
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include improved power quality due to easier filtering of high-
order harmonics by using smaller power transformers, filter
capacitors and inductors, higher power density and reliability,
lower cost and simpler transformation structure, more compat-
ible with operating high-frequency electric machines, higher
operation efficiency of induction motors and fluorescent lights,
and a better platform for using flywheels as an alternative dy-
namic storage unit [1]–[3]. Hence, recently high-frequency ac
(HFAC) microgrids have attracted an increasing interest [4], [5].

One critical component of HFAC microgrids is the dc/ac
inverters, which interface with dc-based renewable sources, en-
ergy storage elements and loads, and convert the dc power to
HFAC [6]. To realize the potential and merits of higher line
frequency operation, the inverters are expected to have fewer
components, simpler structure, and higher reliability. Further-
more, for situations where the output voltage of PV panels varies
widely with environmental conditions and temperature, or the
output voltage of small wind turbines under low wind speed
usually are very low, the inverters connected to these sources
should provide a voltage boost function.

A commonly used topology for the single-phase HFAC sys-
tem is a resonant inverter, which includes a high-frequency full-
bridge structure for dc to HFAC conversion, and followed by a
resonant tank for producing a near sinusoidal voltage/current to
feed the distribution bus [7]. The resonant inverter offers high
conversion efficiency at high frequency (usually higher than
20 kHz) and produces an output voltage/current with low to-
tal harmonic distortion (THD). However, an important feature
of the resonant inverter is that its switching frequency should
equal the ac frequency. Therefore, when it is used in HFAC mi-
crogrids, where the bus frequency is 1 kHz for instance, the size
of resonant element does not reduce much as compared with
its high-frequency pulse width modulation (PWM) counterpart.
Another challenge of this topology is that it requires an input
voltage much higher than the amplitude of ac voltage to operate
because of its voltage step-down property. The topology hence
is not suitable for the aforementioned low and varying input
voltage sources. A simple solution to stepping up the inverter
output voltage is to add a step-up line frequency transformer [8].
This solution can result in high power supply volume, weight,
and cost and reduced power density. Another option is to adopt a
two-stage structure, where the front-end circuit is a step-up con-
verter (e.g., boost, buck–boost, etc.) and the rear-end circuit is
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Fig. 1. Integrated inverter. (a) Single-leg-integrated inverter reported in [24].
(b) Dual-leg-integrated inverter reported in [27].

the conventional full-bridge inverter [9]. These two-stage step-
up inverters can operate with a wide range of input voltages.
For instance, in the PV generating application, the front dc/dc
converter performs a maximum power point tracking (MPPT)
control, and the latter H-bridge performs a grid-feeding control.
Hence, the complexity of control algorithms can be reduced as
they can be implemented separately [10]. Furthermore, if the
isolated dc/dc converter is used as the first-stage circuit, the
leakage current commonly existed in the conventional noniso-
lated PV inverter can be suppressed fundamentally. However,
the abovementioned merits are obtained at the expense of the
loss of integration, and smaller power density. On the other
hand, the efficiency of two-stage system is limited by the prod-
uct of efficiencies of the individual stages [11], [12]. In [13], Hu
et al. proposed an HFAC single-stage inverter integrated with a
coupled inductor bridge-leg to achieve high-voltage gain, soft
switching, and electric isolation. However, its THD is very high
due to the square output voltage waveform, which will seriously
deteriorate the power quality of HFAC microgrids [1].

In the HFAC microgrid, since the ac bus can be generally
isolated from the utility grid by a transformer-isolated ac/ac
bidirectional interface converter, the common leakage current
problem in the inverter due to interfacing with PV panels can
be avoided. Hence, nonisolated single-stage step-up inverters
may be a better alternative for HFAC microgrids owing to their
highly integrated power-stage design, high-voltage gain, and
low THD. The reported single-stage step-up inverters can be
generally categorized into five types: current-fed inverter [14],
[15], Z-source inverter [16]–[18], combined inverter [19]–[22],
active buck–boost inverter [23], and integrated inverter [24]–
[27]. Compared with the first four types, the integrated inverters
significantly reduce the amount of components by sharing of the
power switches, and consequently they have simpler structure,
higher reliability, and are more suitable for HFAC microgrids.

The integrated inverters can be classified into single-leg-
integrated [24] and dual-leg-integrated [25]–[27] inverters, as
shown in Fig. 1. Compared with the single-leg-integrated

Fig. 2. Hybrid modulation method of the dual-leg-integrated inverter.

inverters, the dual-leg-integrated inverters have higher voltage
gain and lower voltage stress and therefore they are the focus of
this paper. From the perspective of superposition principle, the
dual-leg-integrated inverter operation has two processes: voltage
boosting and inversion. Although the existing dual-integrated in-
verters adopt different control strategies, including proportional
integration (PI) control, one-cycle control, and hysteresis con-
trol, the modulation methods used are similar, as shown in Fig. 2.
Under this modulation, the boosting control signal Sboost and
the inversion control signal Sinvert are superimposed by the logi-
cal operation to obtain all the driving signals. During half ac line
period of the output voltage, one bridge-leg operates in PWM
mode to boost the input voltage, while the other one works in si-
nusoidal pulse width modulation (SPWM) mode to regulate the
waveform of output current (grid-connected system) or output
voltage (standalone system). During the next half ac line period,
the two legs exchange their operation modes. Since this modu-
lation method combines PWM and SPWM together, it is called
hybrid modulation in this paper. Hybrid modulation is helpful to
significantly reduce the double-frequency current ripple through
the boosting inductor and easily increase the voltage gain. How-
ever, it needs two control variables (duty cycle D of Sboost and
modulation ratio M of Sinvert) and output voltage polarity sig-
nal Sp , the control circuit and algorithm are relatively complex
in comparison to the traditional unipolar SPWM scheme and
unipolar-frequency-doubling (UFD) SPWM scheme. Another
critical issue is that D may be less than M at high input volt-
age and heavy load. This is so-called overmodulation. At this
time, during some switching periods, the upper switch of the
SPWM leg will lose its duty cycle, which will increase THD
significantly.

Besides, the existing integrated inverters are mostly deduced
from the boost converter. There are only a few articles on the
buck–boost-integrated inverter. In [27], Hugo et al. have suc-
cessfully integrated a buck–boost converter into a full-bridge
inverter by sharing of the upper switches of the H-bridge in-
verter, but this new topology uses more diodes than its boost-
integrated inverter counterpart. This paper proposes an improved
buck–boost-integrated inverter, which further shares the lower
switches as the freewheeling diodes of buck–boost convert-
ers and thereby reducing the amount of diodes from five to
two. In addition, this paper adopts the traditional UFD-SPWM
to achieve boosting and inversion control. Under this modula-
tion, M becomes the only control variable to regulate the output
voltage/current and the output voltage polarity no longer needs
be measured. Moreover, voltage gain of the proposed inverter
under UFD-SPWM increases with M. Hence, as long as the
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Fig. 3. Proposed step-up inverter and its derivation steps.

input voltage meets the requirement of voltage gain, M will be
less than 1 and overmodulation will not occur. As a result, THD
can remain low for the entire allowable input voltage range and
load power range.

The paper is organized as follows: In Section II, the topology
and its derivation process are introduced. Its operation principles
in both continuous conduction mode (CCM) and discontinuous
conduction mode (DCM) are analyzed in detail, respectively. It
is then followed by analyses of the voltage gain and the input
inductance in Section III. Finally, in Section IV, the effective-
ness of the proposed improved inverter is verified by a 400 W
prototype, where the switching frequency is at 50 kHz and the
output voltage frequency is at 500 Hz.

II. NOVEL BUCK–BOOST-INTEGRATED STEP-UP INVERTER

A. Proposed Inverter and its Derivation Procedure

The proposed single-phase buck–boost-integrated step-up in-
verter and its derivation steps are shown in Fig. 3. As can be
seen, it is derived from the buck–boost converter and the con-
ventional full-bridge inverter by sharing the switches, where S1
and S3 correspond to the switch S in the buck–boost converter,
while S2 and S4 work as the diode D. The function of boost in-
ductor L1 is similar to that in the buck–boost converter. Diodes
D1 and D2 can prevent the energy stored in the capacitor Cd
from discharging by L1 and the switches S2 and S4 . Compared
with the traditional two-stage step-up inverters, the proposed in-
verter reduces switch count, voltage stress across the capacitor
Cd and the number of power conversion stages, and hence it has
a simpler structure, lower cost, and higher efficiency.

B. Operation Principle

In this paper, the proposed inverter is modulated by the con-
ventional UFD-SPWM method. Table I shows the switching

TABLE I
SWITCHING SEQUENCES OF THE PROPOSED INVERTER

Switching sequences Positive half-cycle Negative half-cycle

1 S1 S4 on, S2 S3 off S2 S3 on, S1 S4 off
2 S1 S3 on, S2 S4 off S1 S3 on, S2 S4 off
3 S1 S4 on, S2 S3 off S2 S3 on, S1 S4 off
4 S2 S4 on, S1 S3 off S2 S4 on, S1 S3 off

Fig. 4. Sketch of iL1 (t). (a) CCM. (b) DCM.

sequences during one switching period. According to the switch-
ing sequences, the operation principle of the circuit can be an-
alyzed. Since the operating processes during the positive- and
negative half-period of the sinusoidal modulation wave are sim-
ilar, here only the positive half-period is described.

In addition, due to the instantaneous power pulsation with
twice the line frequency, the boosting inductor current iL1(t)
will contain a second-order ripple, as shown in Fig. 4. IL1,avg
(the average of iL1(t)) rises with the increase of load power. So,
IL1,avg will be higher than IL1,max (the amplitude of second-
order ripple) under heavy load, as shown in Fig. 4(a). Instead,
IL1,avg may be lower than IL1,max under light load, as shown
in Fig. 4(b). Obviously, iL1(t) is always continuous in Fig. 4(a),
but becomes discontinuous in BC section in Fig. 4(b). Therefore,
the former operation mode is named as CCM, while the latter is
DCM. The operation principles in these two modes are different
and need to be analyzed separately.

For convenience of analysis, it is assumed that the inverter
is operating in steady state and the following assumptions are
made during one switching cycle:

1) the inductors and capacitors are all ideal elements;
2) the turn-on and turn-off of switches are fulfilled instantly,

so the shoot-through will not happen and the dead time of
drive signals can be zero;

3) the capacitor Cd is sufficiently large that it can be equiv-
alent to a constant voltage source UC ;



QIN et al.: BUCK–BOOST DUAL-LEG-INTEGRATED STEP-UP INVERTER WITH LOW THD AND SINGLE VARIABLE CONTROL 6281

Fig. 5. Equivalent modal diagrams of CCM. (a) Stage 1: [t0 − t1 ]. (b) Stage 2:
[t1 − t2 ]. (c) Stage 3: [t2 − t3 ]. (d) Stage 4: [t3 − t4 ].

4) the input voltage Uin is constant;
5) the voltage drop between n1 and n0 is called dc-link volt-

age Udc , where Udc = Un1 − Un0 = Uin + UC ;
6) the load R is a pure resistance and R << 1/ωCo , where

ω is the line angular frequency. Hence, the current iL2
through the output inductor L2 has the same phase with
the output voltage uo .
Based on these assumptions, the circuit operations in one
switching cycle can be divided into several stages, and
each dynamic equivalent circuit of the stages is shown in
Figs. 5 and 6.

1) CCM: The circuit operations in one switching cycle can
be divided into four stages in CCM. Fig. 7(a) shows the relevant
waveforms. The detailed analysis is given as follows.

Fig. 6. Equivalent modal diagrams of DCM. (a) Stage 1: [t0 − t1 ]. (b) Stage 2:
[t1 − t2 ]. (c) Stage 3: [t2 − t3 ]. (d) Stage 4: [t3 − t4 ]. (e) Stage 5: [t4 − t5 ].
(f) Stage 6: [t5 − t6 ].
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Fig. 7. Main waves of the proposed inverter. (a) CCM and DCM (in the AB
section). (b) DCM (in the BC section).

Stage 1 [t0 − t1; see Fig. 5(a)]: Before t = t0 , the switches
S2 and S4 and the diodes D1 and D2 maintain the turn-on
state, while the current iL1(t) and iL2(t) linearly decrease.
This stage starts when S2 turns off and S1 turns on at t = t0 .
At this moment, D2 is reverse biased and both iL1(t) and
iL2(t) begin linearly increasing. The relevant equation can

be described as

iL1(t) =
Uin

L1
(t − t0) + iL1(t0). (1)

Stage 2 [t1 − t2; see Fig. 5(b)]: At the instant t = t1 , S4
turns off and S3 turns on. Then, D2 is forward biased again.
During this stage, iL1(t) keeps increasing, while iL2(t) con-
tinues to freewheel via D2 , Uin , and S1 .
Stage 3 [t2 − t3; see Fig. 5(c)]: At the instant t = t2 , S3
turns off and S4 turns on. During this stage, the operating
process is the same as that during Stage 1.
Stage 4 [t3 − t4; see Fig. 5(d)]: At the instant t = t3 , S1
turns off and S2 turns on. iL1(t) starts to decrease and free-
wheel by D1 , D2 , S2 , and S4 . This stage will end at the
instant t = t4 , then the next switching cycle begins, re-
peating the above process. The relevant equation can be
described as

iL1(t) = −UC

L1
(t − t3) + iL1(t3). (2)

2) DCM: As shown in Fig. 4(b), iL1(t) is discontinuous only
in the BC section, which means the inverter’s working process
in the AB section is same as that in CCM and will not repeat
here. While the inverter’s operation in one switching cycle in the
BC section can be divided into six stages. Fig. 7(b) shows the
relevant waveforms. The detailed analysis is given as follows:

Stage 1 [t0 , t1; see Fig. 6(a)]: Before t = t0 , the switches
S2 and S4 remain in the turn-on state. At the instant t = t0 ,
S2 turns off and S1 turns on. During this stage, the operating
process is similar with Stage 1 in CCM except iL1(t0) equals
to zero.
Stage 2 [t1 , t2; see Fig. 6(b)]: At the instant t = t1 , S4
turns off and S3 turns on. iL2(t) has to freewheel via S3
and S1 . The potential of point b will be higher than that
of point a because of the inverse direction of voltage drop
across the on-state resistance of S1 and S3 . As a result, D1 is
reverse biased and D2 is forward biased. During this stage,
iL1(t) continues to linearly increase. At the instant t = t2 ,
iL1(t) = iL2(t), Stage 2 is end.
Stage 3 [t2 , t3; see Fig. 6(c)]: From the instant t = t2 ,
iL1(t) continues to increase and is higher than iL2(t). Hence,
the current iS3(t) changes its direction and starts to rise from
zero. Since iS3(t) is far smaller than iS1(t), the voltage
across S3 is smaller than that across S1 . In other words, the
potential of point b is still higher than that of point a. As a
result, D1 keeps blocking and D2 is in on state.
Stage 4 [t3 , t4; see Fig. 6(d)]: At the instant t = t3 , S1
turns on, S2 turns off, and Stage 4 starts. The operation
process during this stage is similar with Stage 1.
Stage 5 [t4 , t5; see Fig. 6(e)]: At the instant t = t4 , S1 turns
off and S2 turns on. Both iL1(t) and iL2(t) start to decrease
and iL2(t) has to freewheel via S2 and S4 . The potential
of point b will be higher than that of point a because of
the inverse direction of voltage drop across the on-state
resistance of S2 and S4 . Hence, D1 is reverse biased and
D2 is forward biased. The expression of iL1(t) is similar
to (2).
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Fig. 8. Detail waveforms during positive half-period of ur .

Stage 6 [t5 , t6; see Fig. 6(f)]: At the instant t = t5 , iL1(t)
decreases to zero, and D2 turns off. During this stage, iL1(t)
keeps zero and iL2(t) freewheels through S2 and S4 . This
stage will end at the instant t = t6 , then the next switching
cycle begins, repeating the above process.

III. STEADY CHARACTERISTIC ANALYSIS

A. Voltage Gain

1) CCM: It is assumed that carrier ratio equals N here. That
is, according to the triangular carrier period (i.e., switching
period Ts), each modulated wave period (i.e., output voltage
period T) can be equally divided into N sections. Fig. 8 shows
the partial detail waveforms of modulation signal ur(t), carrier
signal uc(t), uab(t) (voltage between point a and b), and boost-
ing inductor current iL1(t), where (k − 1)Ts and kTs are the
starting time and the terminal time of the kth triangular carrier,
respectively, while α′

k and α′′
k are the zero-crossing phase of

uc(t).
From Figs. 7 and 8, the increment and drop of iL1(t) during

the kth triangular carrier period can be obtained as

ΔIL1,r ccm =
UinTs [2 + M (sin α′

k + sin α′′
k )]

4L1
(3)

ΔIL1,f ccm =
UCTs [2 − M (sin α′′

k + sin α′
k+1)]

4L1
(4)

where M = Urm/Ucm = Uom/Udc is the modulation ratio,
Urm and Ucm are the amplitudes of ur(t) and uc(t), respec-
tively. Uom is the fundamental amplitude of uab(t) and also the
amplitude of output voltage uo(t). The detail deducing process
of (3) and (4) is given in the Appendix.

Then, the total increment and drop of iL1(t) during one pos-
itive half-period of ur(t) can be written as

ΔI+
L1,ccm =

TUin

4L1
+

UinTsM

4L1

N / 2∑

k=1

(sin α′
k + sinα′′

k ) (5)

ΔI−L1,ccm =
TUC

4L1
− UCTsM

4L1

N / 2∑

k=1

(sin α′′
k + sin α′

k+1).

(6)

Fig. 9. Relationship curve of Gccm versus M .

According to voltage-second balance of L1 , we can obtain

ΔI+
L1,ccm = ΔI−L1,ccm . (7)

Substituting (5) and (6) into (7), we obtain

UC =
M

N sin
(

π
N

) ×
{
Uin

[
sin

(
N − 1
2N

π

)
+ sin

(
N + 1
2N

π

)]

+ UC

[
sin

(
N + 1
2N

π

)
+ sin

(
N + 3
2N

π

)]}

+ Uin ≈ Uin +
2Uom

π
. (8)

The detail deducing process of (8) is given in the Appendix.
In addition, we have

Uom = MUdc = M(UC + Uin). (9)

Hence, the voltage gain of the proposed step-up inverter in
CCM is deduced as

Gccm =
Uom

Uin
≈ 2πM

π − 2M
. (10)

From (10), it is observed that the modulation ratio M is the
unique factor influencing the inverter’s voltage gain in CCM.
Fig. 9 depicts the relationship curve of Gccm versus M . Ap-
parently, Gccm increases with M and could reach 4.2 when
M = 0.9, which is much higher than the maximum voltage
gain (G = 1.3) in [24].

2) DCM: As shown in Fig. 7, whether inverter operates in
CCM or DCM, its operation process when iL1(t) is increasing
during every switching period is the same. Therefore, the total
increment of iL1(t) in DCM must be same as the one in CCM.
That is

ΔI+
L1,dcm = ΔI+

L1,ccm =
TUin

4L1

+
UinTsM

4L1

N / 2∑

k=1

(sin α′
k + sin α′′

k ). (11)

It can be further seen that the operation process when iL1(t)
is declining in the AB section in DCM is also same as that
in CCM. Thus, the drop of iL1(t) during this section can be
explained by (6). However, different from CCM, there are six
stages during one switching cycle in the BC section in DCM,
while iL1(t) descends during Stage 5 and equals to zero during
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Stage 6, as shown in Fig. 4(b). It is assumed that there are
m switching periods included in the AB section and (N/2–m)
switching periods included in the BC section. Then, the drop of
iL1(t) during a switching period in the BC section be deduced as

ΔIL1,fBC dcm =
UC

L1

{
Ts

2
− MTs

4
[
sin α′′

k

+ sinα′
k+1

] − Δt6,k

}
(12)

where Δt6,k is the duration of Stage 6 in the kth switching
period and k ∈ [m + 1, N/2], as shown in Fig. 4(b). From (4)
and (12), we can get the total drop of iL1(t) during the positive
half-period in DCM

ΔI−L1,dcm =
TUC

4L1
− UCTsM

4L1

N / 2∑

k=1

(sin α′′
k + sinα′

k+1)

− ΔTUC

L1
(13)

where ΔT is the total duration when iL1 = 0, as shown in
Fig. 4.

There is ΔI+
L1,dcm = ΔI−L1,dcm according to the voltage-

second balance of L1 , so we can obtain

UC ≈ Uin + 2Uo m
π

1 − 4ΔT
T

=
Uin + 2Uo m

π

1 − 4kΔT ′
T

(14)

where k = ΔT/ΔT ′ and ΔT ′ is the duration of the BC section.
The detailed deducing process of (13) and (14) is also given in
the Appendix.

According to (14), the voltage gain in DCM can be deduced:

Gdcm =
Uom

Uin
=

(2 − 4kfΔT ′)M(
1 − 4kfΔT ′ − 2M

π

) (15)

where f = 1/T is the frequency of the sinusoidal modulation
wave and the fundamental output voltage.

The approximate analytic expression of ΔT ′ can be obtained
with geometric method. From Fig. 4(b), we can see that point D
and point E are the adjacent positive amplitude point of iL1(t),
respectively. Connecting DB and EC to the point F and according
to the similar triangles theorem, we can obtain

ΔT ′ ≈ T (IL1,max − IL1,avg)
4IL1,max

. (16)

Since iL1(t) is fluctuating with 2f , its total increment during
a positive half-period of ur(t) will be ΔI+

L1,ccm = 4IL1,max ,
and then (11) can be simplified and transformed as

IL1,max ≈ UinT

4L1

(
1
4

+
M

2π

)
. (17)

Assuming that the inverter’s loss is very small, and then Po =
UinIin , where Iin is the input average current. Considering the
average current through the capacitor Cd is zero during one
period of ur(t), the average of iL1(t) will equal Iin , that is

IL1,avg = Iin =
Po

Uin
. (18)

Fig. 10. Relationships among G, Po and M .

Fig. 11. Variation of L1 with Uin and f when Po ,m ax = 400W .

Substituting (17) and (18) into (16), we have

ΔT ′ =
T

4
− 4πPoL1

U 2
in(π + 2M)

. (19)

According to (15) and (19), we have

Gdcm =
M

[
(2 − k) (π + 2M) πU 2

in + 16π2kfPoL1
]

(π − πk − 2M) U 2
in (π + 2M) + 16π2kfPoL1

.

(20)
In this case, the duration of stage 6 is about one-fifth of Ts .

Therefore, k is approximately equal to 0.2. Fig. 10 shows the
three-dimensional relationship among Gdcm , Po and M , when
Uin = 42 V, k = 0.2, f = 500 Hz and L1 = 2 mH. It can
be found that Gdcm increases with the increase of M or the
decrease of Po .

B. Boosting Inductance L1

According to (5), we can have

L1 =
UinT

4ΔI+
L1,ccm

+
UinTsM

4ΔI+
L1,ccm sin

(
π
N

)

×
[
sin

(
N − 1
2N

π

)
+ sin

(
N + 1
2N

π

)]

≈ Uin

2fIL1 ,pp

(
1
4

+
M

2π

)
(21)
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TABLE II
PERFORMANCE COMPARISON OF DIFFERENT SINGLE-STAGE STEP-UP INVERTERS. (A) PASSIVE COMPONENT. (B) ACTIVE COMPONENTS

where IL1,pp = 0.5ΔI+
ccm = 2IL1,max is the peak–peak value

of iL1(t). Obviously, iL1(t) will be discontinuous when
IL1,pp ≤ 2IL1,avg . In general, this case is designed to appear
under 40% of rated load power Po,max . Thus, based on (10),
(18), and (21), we can obtain the boosting inductance

L1 ≥ U 2
in(πUin + 2Uom)

6.4fPo,max(πUin + Uom)
. (22)

Fig. 11 shows the variation of L1 with Uin and f when
Po,max = 400 W. As can be seen, the lower limit of L1 is in-
versely proportional to f . Therefore, the size and weight of L1
will be significantly reduced when the proposed inverter is used
in HFAC microgrid over other traditional 50 Hz applications.

C. Decoupling Capacitance Cd

The decoupling capacitor Cd is to buffer the difference of in-
stantaneous power between the source and the load. Therefore,
the voltage across Cd contains a double-line frequency pulsa-
tion. Supposing the desired low ripple is ΔUC = 0.02UC , the

Fig. 12. Implemented power stage circuit of the prototype.

requirement of decoupling capacitance can be given as [28]

Cd ≥ Po,max

2πfΔUCUC
=

Po,max

0.04πfU 2
C

(23)

where Po,max is the maximum output power, Uc is the average
voltage across Cd . If UC = 160 V, Po,max = 400 W, and f =
500 Hz, we can obtain Cd ≥ 249 μF. Here, Cd = 470 μF is
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Fig. 13. Experimental results when the monopole frequency doubling SPWM modulation is adopted. (a) Po = 400 W. (b) Po = 80 W.

chosen. Furthermore, as can be seen from Fig. 11, L1≈ 2 mH
under such working conditions.

Other key features in terms of component count, the capac-
itance, inductance, and electric stress of the proposed inverter
and existing typical single-stage inverters have been compared
in Table II. The device current stress expressions of the inverters
are not given due to their complexity and difficulty to compare
intuitively. Hence, the voltage stress expressions and the simu-
lation values of electric stress under the same working condi-
tion (Uin = 42 V, Uo = 110 V, fs = 50 kHz, f = 500 Hz,
Po = 400 W) are provided in this table. Since the voltage gain
of the single-phase Z source inverter is low (usually less than
2), it is unsuitable for this application. Therefore, the parameters
of Z source inverter are not given here. From Table II, we can
see that, except the current-fed inverter, all these inverters show
their respective advantages in the fields, such as the inductance,
capacitance, the elements number, and electric stress. However,
it is obvious that the proposed dual-leg-integrated inverter has
less components and smaller current stress of power switches
when compared with other traditional single-stage boosting in-
verters, which results in a simpler structure and lower con-
duction losses. Furthermore, it can also be found that the pas-
sive component requirements of the decoupling capacitance Cd
and output LC filter are similar under both the hybrid modu-
lation and the UFD-SPWM. However, to obtain the same de-
sired current ripple, the inductance L1 under UFD-SPWM is
much larger than that under hybrid modulation, which is also
the main demerit of the dual-leg-integrated inverters under the
UFD-SPWM.

IV. EXPERIMENT RESULTS

A 400 W prototype of the proposed buck–boost dual-leg-
integrated step-up inverter was built and tested in lab to verify
its feasibility. The main objective of the paper is to investigate the
capability of the inverter to produce high voltage gain and high-
quality output voltage. Hence, we have designed the inverter for
islanded mode. The specifications are described as follows: input
voltage is Uin = 42 − 54V, the RMS and frequency of output
voltage are Uo = 110 V and f = 500 Hz, respectively. The
maximum output power is Po,max = 400 W, and the switching
frequency is fs = 50 kHz. The implemented power stage circuit
is shown in Fig. 12.

Fig. 13(a) and (b) depicts the experiment waveforms of ur(t),
uc(t), uab(t), uin(t), uo(t), and iL1(t) when the buck–boost-
integrated inverter is at 400 and 80 W, respectively. It can be
seen that this inverter adopts UFD-SPWM and its input volt-
age Uin equals to 42 V, while output voltage RMS is controlled
to 110 V both in CCM and DCM, which means the proposed
inverter under UFD-SPWM can boost the input voltage. More-
over, in both operation modes, the voltage gain G equals to 3.7,
but the modulation ration M is measured as 0.87 (CCM) and
0.81 (DCM), respectively. According to Figs. 9 and 10, the the-
oretical value of M is 0.85 (CCM) and 0.78 (DCM) under the
same operation condition, which approximately agree with the
experimental results.

Fig. 14 shows the transient waveforms when the inverter tran-
sitions between CCM and DCM at Uin = 42 V. In the exper-
iments, the set point of the load will be changed at the time
tswitch to initiate the operation mode switch. It can be seen that
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Fig. 14. Experimental results when Uin = 42 V under load variation.
(a) Overall results. (b) Partial enlargement.

Fig. 15. THD of output voltage with different modulation method.

the inverter works in CCM before the time tswitch , as shown in
Fig. 14(b). At this moment, uo is kept stable and its RMS is
110 V. After tswitch , the current iL1 becomes discontinuous and
uo quickly restore to stability after 4 ms (i.e., two line period),
which demonstrates that the proposed inverter can work well
under load variation with UFD-SPWM modulation.

The THD of the presented inverter under UFD-SPWM as
well as hybrid modulation is measured in Fig. 15. As can be

Fig. 16. Experimental waveform of uo when Po = 400 W and Uin = 54 V
with different modulation methods. (a) UFD-SPWM. (b) Hybrid modulation.

seen, the THD of the proposed inverter adopting UFD-SPWM
is less than 3% and is always below than that under the hybrid
modulation. The reason lies in that only one bridge-leg of the
inverter is under SPWM in hybrid modulation case. That is, the
hybrid modulation is in fact a unipolar SPWM method. It is
clear that the output voltage quality of unipolar SPWM is worse
than that of UFD-SPWM. Furthermore, it also can be found
that the THD under UFD-SPWM is barely affected by the input
voltage and load power. However, when the inverter adopts the
hybrid modulation method, the THD will become worse with
the increase of input voltage under heavy load and high input
voltage. This is because in this case (hybrid modulation), ur1
will be less than ur2 , as shown in Fig. 2, which leads to the
overmodulation of SPWM bridge-leg and then results in the
output voltage distortion. However, this situation will not occur
in UFD-SPWM.

Fig. 16 shows the output voltage waveforms when the inverter
at Uin = 54 V and Po = 400 W adopts UFD-SPWM and hy-
brid modulation, respectively. It can be seen that, although the
experimental condition is the same, the output voltage waveform
distorts in the latter case, which also proves the above analysis.

Moreover, to further show the performance of the proposed
inverter, Fig. 17 shows the simulation results under grid- con-
nected mode with UFD-SPWM. As can be seen, in both the
cases of cosϕ = 1(output current ig is in phase with the grid
voltage ug ) and cosϕ = 0.707 (ig is 45° lagging ug ), the
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Fig. 17. Simulation results under grid-connected mode. (a) Active current
injection (cosϕ = 1). (b) Reactive current injection (cosϕ = 0.707).

Fig. 18. Measured efficiency of the proposed inverter and the conventional
two-stage step-up inverter.

proposed inverter can boost the input voltage with high-quality
grid-connected current.

Fig. 18 shows the efficiency curves of the proposed inverter
and the two-stage single-phase step-up inverter. In this two-stage
inverter, the front-end circuit is a conventional buck–boost con-
verter, and the rear-end one is a voltage-fed full-bridge inverter.
It can be seen that the efficiency of the proposed inverter is
apparently higher than that of the two-stage inverter under the
same working conditions. One of the reasons is that the buck–
boost diode is integrated with the two lower switches working
under synchronous rectification mode, which decreases the con-
duction loss of the diode. Another important reason is that the
decoupling capacitor Cd in this proposed inverter is connected

in series with the input power source, which achieves higher
gain under the same duty cycle D (or modulation ratio M). This
structure is very similar to partial power converter [29]–[30].
Hence, its efficiency can be improved based on the same princi-
ple. Furthermore, it is found that the efficiency of the proposed
inverter increases with Uin and reaches its maximum 94% when
Uin = 54 V and Po = 320 W.

V. CONCLUSION

To satisfy the performance requirements (i.e., high integra-
tion and high voltage gain, and lower THD) of renewable energy
interface inverter in a single-phase HFAC microgrid, this paper
proposed and analyzed a buck–boost step-up inverter adopting
the UFD-SPWM method. The investigation shows that the pro-
posed inverter has advantages of fewer components over other
single-phase single-stage step-up inverters. In addition, when
UFD-SPWM is adopted, the inverter can attain high-voltage
gain, consequently allowing operation from low dc input volt-
age. More importantly, its control is relatively simple due to the
single control variable M and its THD will be lower and not
be deteriorated by the high input voltage and heavy load, unlike
the hybrid modulation counterpart. It should be noted that the
operation principle and characteristics are analyzed under the
assumption that the load is purely resistive. Hence, the above-
mentioned conclusions can also be suitable for the grid-feeding
applications with unity power factor.

APPENDIX

A. Deducing Process of (3) and (4)

As shown in Fig. 8, based on impulse equivalency, we can
have

UdcΔt1,k =
∫ (k− 1

2 )T s

(k−1)T s

uodt

=
∫ (k− 1

2 )T s

(k−1)T s

Uom sin(ωt)dt =
2Uom

ω
sin

(
1
4
ωTs

)
sin α′

k

(A-1)

where Δt1,k is the duration of Stage 1 in the kth switching
period, α′

k = ω(kTs − 3
4 Ts).

Since Ts/T << 1, we have

sin
(

1
4
ωTs

)
= sin

(
π

2
× Ts

T

)
≈ πTs

2T
. (A-2)

Substituting (A-2) into (A-1), we obtain

Δt1,k =
UomTs

2Udc
sin α′

k =
MTs

2
sin α′

k . (A-3)

In a similar way, the duration of Stage 3 in the kth switching
period can be obtained as

Δt3,k =
MTs

2
sinα′′

k (A-4)

where α′′
k = ω(kTs − 1

4 Ts).
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The duration of Stage 2 and Stage 4 in the kth switching
period can be expressed as

Δt2,k =
T s
2 − Δt1,k

2
+

T s
2 − Δt3,k

2

=
Ts

2
− MTs

4
(sin α′

k + sinα′′
k ) (A-5)

Δt4,k =
T s
2 − Δt3,k

2
+

T s
2 − M T s

2 sin α′
k+1

2

=
Ts

2
− MTs

4
(sin α′′

k + sin α′
k+1) . (A-6)

During every switching period in CCM, iL1(t) increases from
Stage 1 to Stage 3, and descends in Stage 4. The increment of
iL1 (t) in first three stages during the kth switching period can
be shown as

ΔIL1,r ccm1 = iL1(t1) − iL1(t0) =
UinMTs

2L1
sin α′

k (A-7)

ΔIL1,r ccm2 = iL1(t2) − iL1(t1)

=
Uin

L1

[
Ts

2
− MTs

4
(sin α′

k + sinα′′
k )

]
(A-8)

ΔIL1,r ccm3 = iL1(t3) − iL1(t2) =
UinMTs

2L1
sin α′′

k . (A-9)

The increment of iL1 (t) during the kth switching period is

ΔIL1,r ccm = ΔIL1,r ccm1 + ΔIL1,r ccm2 + ΔIL1,r ccm3

=
UinTs [2 + M (sin α′

k + sin α′′
k )]

4L1
. (A-10)

According to (A-6), the drop of iL1 (t) during the kth switch-
ing period can be obtained as

ΔIL1,f ccm =
UC

L1
Δt4,k

=
UCTs [2 − M (sin α′′

k + sin α′
k+1)]

4L1
. (A-11)

Obviously, here (A-10) is (3), while (A-11) is (4).

B. Deducing Process of (8)

Substituting (5) and (6) into (7), we obtain

TUin

4L1
+

UinTsM

4L1

N / 2∑

k=1

(sin α′
k + sin α′′

k )

=
TUC

4L1
− UCTsM

4L1

N / 2∑

k=1

(sin α′′
k + sin α′

k+1). (A-12)

By transforming and simplifying, we can obtain

UC = Uin + Uin
M

N

N / 2∑

k=1

(sin α′
k + sin α′′

k )

+ UC
M

N

N / 2∑

k=1

(sin α′′
k + sin α′

k+1). (A-13)

From (A-1) and (A-4), we can have

N / 2∑

k=1

(sin α′
k + sin α′′

k )

=
sin(π

2 )
sin π

N

sin
(

N − 1
2N

π

)
+

sin(π
2 )

sin π
N

sin
(

N + 1
2N

π

)
(A-14)

N / 2∑

k=1

(sin α′′
k + sinα′

k+1)

=
sin(π

2 )
sin π

N

sin
(

N + 1
2N

π

)
+

sin(π
2 )

sin π
N

sin
(

N + 3
2N

π

)
.

(A-15)

Substituting (A-14) and (A-15) into (A-13), and supposing
N is large enough, we have

UC =
M

N sin
(

π
N

) ×
{
Uin

[
sin

(
N − 1
2N

π

)
+ sin

(
N + 1
2N

π

)]

+ UC

[
sin

(
N + 1
2N

π

)
+ sin

(
N + 3
2N

π

)]}

+ Uin ≈ Uin +
2Uom

π
. (A-16)

Obviously, (A-16) is the same with (8).

C. Deducing Process of (12)–(14)

As shown in Fig. 4(b), it is assumed that there are m switching
periods included in the AB section and (N/2-m) switching peri-
ods included in the BC section. During every switching cycle in
the BC section, iL1(t) descends in Stage 5 and equals to zero in
Stage 6. The duration of Stages 5 and 6 are defined as Δt5,k and
Δt6,k , separately, where k ∈ [m + 1, N/2]. The drop of iL1(t)
during a switching period in the BC section can be expressed as

ΔIL1,fBC dcm ,k =
UCΔt5,k

L1

=
UC

L1

[
Ts

2
− MTs

4
(sin α′′

k + sin α′
k+1) − Δt6,k

]
.

(A-17)

The inverter’s operation process in the AB section is similar
with that in CCM. Therefore, according to (A-11) and (A-17),
the total drop of iL1(t) during the positive half-period in DCM
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UC =
Uin + U i n M

N

∑N / 2
k=1 (sin α′

k + sin α′′
k ) + UC M

N

∑N / 2
k=1 (sin α′′

k + sin α′
k+1)

1 − 4ΔT
T

(A-20)

can be expressed as

ΔI−L1,dcm =
m∑

k=1

ΔIL1,fAB dcm ,k +
N/2∑

k=m+1

ΔIL1,fBC dcm ,k

=
TUC

4L1
− UCTsM

4L1

N / 2∑

k=1

(sin α′′
k + sin α′

k+1) − UCΔT

L1

(A-18)

where ΔIL1,fAB dcm ,k is the drop of iL1(t) during a switching
period in the AB section, ΔT is the total duration when iL1 = 0.
Here, (A-18) is (13)

Since ΔI−L1,dcm = ΔI+
L1,dcm = ΔI+

L1,ccm , we can have

TUin

4L1
+

UinTsM

4L1

N / 2∑

k=1

(sin α′
k + sinα′′

k )

=
TUC

4L1
− UCTsM

4L1

N / 2∑

k=1

(sin α′′
k + sinα′

k+1) − UCΔT

L1

(A-19)

Substituting (A-14) and (A-15) into (A-20), as shown at the
top of this page, we obtain

UC =
M

1 − 4ΔT
T

{
Uin

N

[
sin(π

2 )
sin π

N

sin
(

N − 1
2N

π

)

+
sin(π

2 )
sin π

N

sin
(

N + 1
2N

π

) ]

+
UC

N

[
sin(π

2 )
sin π

N

sin
(

N + 1
2N

π

)

+
sin(π

2 )
sin π

N

sin
(

N + 3
2N

π

) ]
+

Uin

M

}

≈ Uin + 2Uo m
π

1 − 4ΔT
T

. (A-21)

Here, (A-21) is (14).
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